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¢'(z) = [f(g(z))] =0
T2 AL
XAERRYE: EAREOT AR FE, 5T T B0 E A S
£, AP aAZ R H AR = ) AL
Bl 2.13 & p(x) =297, 3K ¢/ (2).

fif: 48 o(x) BX u =sinz f f(u) = 2* WEEEE, TE o) = 250 =
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(z,y) = (@(t),¥(t), X T ¢ IEAXE [a,b] 5 (—oo, 00), —XEREH

=(t), y = (t) & EHE

{(e).v®)|t € [a.8]}

HRML O L, mHAHER
et L, FAE4HnE::

allE0E" e
T = acost, y =asint
XH ¢ FREOA.
B ) ZH0 R 2
x = acost, y=bsint (a>b>0)

ZH ¢ Bmim. (K 2.13)

ik C W AE T2 SEEFRE, TR R —&BE T DA IFZ A REE, B
WL y* = 2px PTDAFEIL ERRL (2, y) MIPIERRERIESE, BT 20y =
2p, FreAIIZR y* = 2px SHOTFERE

Hrp ' € (—00,0) U (0,00).
L yl,: cot 0 fEBAL, ML BEOTLR

x = =cot?6, y =pcoth

P
2
LT AT % =X A€ (—o0,00) fEBHL, TR UG SHE

x = 2pA?, y = 2pA



KL

F = MEE ey AR EN 95

VY
b P
> T
OF—a
Bl 2.13
Bl 2.38 HEHB O
x = sint, y =cos’t, te[0,2n]
firsE Xk C.
i DA sin® ¢+ cos?t = 1, FDANER C FEdii# 4k
o’ +y=1 (2.12)

FooRaEk, gk (2.12) RS C 8, RATEUIRHIEK T EX
HR={-1<z<1 0<y<1} NMIIPL (2.12) LrFBs2ls ¢ (K
2.14).

(0,1)

(—1,0) 0] Y1,0)

P 2.14



06 Fo% TEPMH
$§L,x_mm@mgmmﬂﬂiﬁﬁﬁﬁ,HEWZW[;?}L

1 B 1, PSRIERRB A B, TR 2 e [-1,1], 47
TEME—I)—A> t, fif5 sint = 2 J0SE, AIF5E]

y=1—2>=1—sin’t = cos’t € [0,1]

I T, A (1 —a?) (2 € [-1,1)) fEliZk C© 1, i H A X2 R il 2
C L, 52, 1 (2.12) EMBRERXL AR — A ATE#Z C L.
WSRO © = o(t), y = @) F, BT ¢ M2AF0, AT R
M7 GBI C M RE—MRIFEC a7, RIIR ¢ < to, HRAH ¢ B
SHRTE to WU SR RITE . BUANG 2.38 Ry Bish s P I ¢ 35
ﬁﬁﬁﬁ@ﬂiPﬁﬁtzoﬁ,Eﬁﬂm)%ﬁ%%ﬂﬁtzgﬂﬁﬁﬁm

A RSB AR R EE] £ =« WY (0,1) A, THARSRSEVEILE ¢ = O it
1 (~1,0) 4, HURSERIEIE ¢ = 2m 1 (0,1) &

WURBRH (), () §7E SRR ¢ B LRI [o, 8], T FLAEK IR
ORI O LRR A, TATATH C IR, 61 2.38 fiiy
Wk, TR, TH% o = by =, t € [,1] RERIN
— AT

WAL C LI P(p(a), 0(@) TEE Peb). ) HIE, 1
t=a il =Sk, 4 0,0 UL R AN LR A, T4l
4 C RIRMINE. © = acost, y = asint, ¢ € [, 7] WL

HHRIMER v = () FRM% O 5 O M—WRIrEm, Wi
MBI © = o0), y = 0l0) Gt TAFIARI 05 1o <1 < 1, B3
pl8), (1) FHAS— A, B & = o(t) REERRIRIEEERY , A4S HA R
R, AR = = olt) B EIZEE = o) (2), TR y = (1)
T,

y=v(¢'(t) = fz)

0y = Fla) iy = 0(0) A1t = o~ (a) 52 ATTRAISE AL
SR O (3, RIVRLTHET v 4 o« WEEER v = f(2), 15
ok, FURD R
7= ell) (2.13)
y=9(t)
25 S8 20, SR ERECR ST AL ().
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%= MR A AR 97

WIE, B (0 A OB, €= @) WRHHA, TR o - o
He ML A RO P, 193]
Fa) =S =20
TR, 4 E L0, B C R
jzzgg (2.14)
25 SV on, i
.-z

B, FUBE [9(1)]2 + [ (8)]% £ 0, VIRERAFEERY: 3R /(1) = 0, VILRRAK
P R (1) = 0, PIZGRIEE .
SRR (2.13) 24t IBAMIL A (20, y0) ALIITIZ T RN

dz dy
(y—yo)a_(x—xo)a =0 (2.16)

%&%ﬂ%%—;,ﬂ%%%ﬁﬁﬁ

d d
(2 —20) g + (4= w0) g, =0 (2.17)
xr = acost
Bil 2.39 SKAIE { , TER t P FEANE L TR
y = bsint

fir: WRIIAE R ¢ VIO AR, R (2.16) 155
(y — bsint)(—asint) — (z —acost)(bcost) =0
TS
y(—asint) — x(bcost) +ab=0

PIERVA —ab, 1 2807E 5 t BIVILTTE

gcost—i— gsint =1

a b

TEM, t WIRETTRE, 218 (2.17) 155

(x —acost)(—asint) + (y — bsint)(bcost) =0
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A
—axsint + bycost + (a® — b*)sint - cost = 0
19
2
rasint — ybcost — Esin2t =0

x = t?
Bil 2.40 Sk , TRt IR, HRII& Sl 7 —x

y=t
FUHYARFR.

fiit: TES ¢ PR
(y —t))(2t) — (z —t*)(3t*) = 0
ot # 0, Wi e
2y —3te +t3 =0
RIS MEAT (T°,7°) &, TR T #HE%EX
21° — 3tT° +t* =0

X T =00, BEFRRIASHAMZT =0, T sm ¢ EHEEr
THAMR, RIERMARN LR, 15

1
A+T=—(-3t) = T=-3t

ﬁmﬁﬁm%%%~ﬁﬁ%%ﬁ%<?a_éﬁ
WS (1), 0" (6) 4210, Wy i @ 19— ST AT & Ok
SRR
, dy dy’ dt

dr  dt dr
_d ) 1
-3 (58) 70
_ P 0P") — ()" ()
(o)}’




WA E Ay A AEN

%>

99

o

ot

—_

e

&

7.

0

o= JpA2, y = ph I A HBRATITR, KA A (94]
SRR AR
5 (o, o) TEMIBIZR v* = 2px WIPISYIER, VSIS ECH M
74"[] )\25 YIIE
{p()q + A2) =2y

D1 A1 A2 = 220

WL v = 2pe BIERH ¢ BRI MRTEYIZR, SREJLAE R
Pl

o e=t(1 -t .
2 {0t BT
y=1+1t
R g = o0 L PP YIRS o T A T R PT
ﬁEME%XyﬁﬁWVE,Xﬁ—ﬁ? N e

XH O &JF .

MR ay® = 2° L P(at?, at®) SMIEZHETH—5 Q, &

y HT R AT,

(a) 3K Q miAetr;

(b) WA P 5l AL LN N &, SKiE: OQ fil RN
PR A3 R ) 446 K (LR 25

(a) 3KPA a ASENI &R

+_35 a3 N 32
P (3
Y716%7 3 1a

TR P 5 A

aﬂmmﬂﬁ$%ﬁammw%ﬁu%%xy——gww%ﬁ
(3.-75). wmmse oy = . e (-2,-2a)
a a 3
WIEM 4 © = a(cost + tsint), y = a(sint — tcost) FEELIELAR
5B 2?4 y* = o® Y]




100 o REAHA

9. # x =sech fil y =2tané,

Lody o APy .
(a)*a%ﬂﬁu\ﬁﬁmz,

2

. d
w)*ﬁ:fag+ﬁ6:0

10. SKIUESIHIE = acos, y = bsing EF @1, @2 BIVILRIIAC A
p1+ P2 . P12
COS B Sin B)
ATAA o
AR AN | a @1_@2,6 N

COS D) COi B

N W5 (B)
(—) Porimte

MRy = f(2) FEZSR o 1EM 2o A2 — M RUMISRAE R Ar = 2—x0

BF, BREL y PERBIAE N S R, B

Ay = f(zo + Az) — f(z0) (2.18)
BRE U B Ay S BERPLBR B ARFE, TCiE R BURALRY R/, Bl e s ETE
He— R BRI B S, # e B R 2 Y.

MBS ARG, — LR — W ABIRZ A R ERAF S, BreAe
TIBATPAE Az B WAL R, XFE Ay e vo 1 Az XL &Y R AL
n
Bl 2.41 K y=23 A

Ay = (zg + Az)® — 23 = 327 Az + 320(Ax)* + (Ax)?

W 242 @ fr)=a? -, T2

1 1
Ay = Azx)? — —|z*-=
4 (z+ &) x—l—Ax] {x m}

Az
x(z + Ax)

M ETRBIFEH, @85 Ay = f(zo+ Az) — f(zo) B—MEERM KR,
BB AR KL f () TERL o FAAEAER [/ (20), FATATLAIE Ay 3R — YL
PERR A F—AN TG Ax 2B/ M HRE TR . F5E

Az—0 Ax

= 2rAx + (Az)? +

(2.19)
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I (0, &) Fos 32 5 ['(oo) 1025, W, RATTAT
Flao + Ag) — f(zo)
Ax
XHEEK (2.19), MmA Ali;rgo Ax - e(xg, Azx) = 0.
¥ (2.20) PIRATELA Az, FA1FHE]

f(zo+ Ax) — f(zo) = f'(x0)Ax + Az - £(z0, AT) (2.21)

XAEEAAARFE TS Av AR E, HILBIHELGE f(z) 128 zo B7E
AR (o), M I e(zo, Az) Az Fl Az FLREGENR, 2 [Az| RNK, [e(20, Az)-
Az| gH/N, MR ERF, H2

e(zo, Az) - Ax

AT A A an =0

XAV, e(zo, Az) - Az o Az A/MFER. HIL, 5 f'(20) # 0, (2.21)
TR ' (z0) A, 4 |A| fR/NEHUZ B R f(z0 + Az) — f(20)
HIREFRYIEMME, ERIIRZEST e(zo, Az) - Az, TS Az BEBIRH
& Ay FEZy, FAHE f/(20) Az MMEREL f(2) ¥ © = x0 KBS

= f'(z0) + e(zo, Ax) (2.20)

BeRREL y = f (@) AR, RATFR f/(2) Az Nk y = f(2) £ @ 4
5 HAZARWUCER Ar XM, 2fE dy, T2

dy = f'(z)Ax (2.22)

HUAEREL f(z) = z BSEEET 1, DA AT « Kk, o df(z) i
T de = (2))Az = Az, FHL, WL, ®PA de AU Az, T2 (2.22) gl
PAS B

dy = f'(z)dz (2.23)
N(] q
fe) =4

RIAR RS FI i, X FRE R (580 MM IARYE.
NHERATH BRG] 2.41 F1f) 2.42 FF dy A Ay BEE K.
¥l 2.43

y = z°, dy = 32? dx, Ay = 32*dx + (3z + dz)(dz)?

B =11, dy=3dz, Ay =3dx + (3+ dx)(dx)?.
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de 10 1 0.1 0.01
dy 30 3 03 0.03
Ay 1330 7 0.331 0.030301

FAREREER |dz| @b, dy 5 Ay WEESEE, WH Ay 5 dy MZEHL4XHE
P da AL XHEAS VPR

il 2.44
f(x):;r2—%, df(z) = f'(z)dx = <2LE—|—;2> dz
Ay:2xdx+(d$)2+x(l_ixdx)

1
N — m = 4. =4+ d d
A x=2, N dy =4.25dz, Ay + a:—|—2(2+ dx)} x

dx 1 0.5 0.1 0.01
dy 4.25 2.13 0.425 0.0425
Ay 517 235 0.434 0.0426

ARG T HRATERTRHE R E5IE Y AR R Ar UM, W]
AR dy SRAE RO s B Ay.
Bl 2.45 B8 r WEER A AR, KA r 2] r + Ar i, BT

S ARR/NHIEE IR TER S 5 Ar MR dS, Hal LT BRI
TGS

fig: CHRIRIEAR S = mr?, 8L AS ZPRM v ABF] r+ Ar W AR R, 1
PERATAR (P 2.15), U]

AS =n(r+ Ar)> — ar® = 7 [2rAr + (Ar)?]

- % 277 + 27(r + Ar)] Ar

M, dS =27rAr.

EERRTE, ERERE, Bt R — MR, BERmAIKH
KAa5E 2nr, 2n(r + Ar), =28 Ar (Bl 2.16) , Ho R s
dS = 2mr - Ar, BEFR/RBET S FEM r 2] v+ Ar BB R PR AR —
W AR (mr?) = 2mr AE2JERASE R PR AR . | 2.16 AN/ NE
fA=MIEHAFRR AS 5 dS iRz, |

AS — dS = 1(Ar)?
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Ar

27 (r + Ar)
Wy )
Ar
¥

2rr
K 2.15 K 2.16
B |Ar] BEHHAS /N, B
. AS—dS o .
Al}«rgo Ar N Ala{riloﬂ(AT) =0

(=) By LRE L

NIV R, AR RAARA R UZ AR ACHT, RIPATE R 20 ALH9Y)
%y = f(zo) f'(zo)(x —xo) KBILMZ y = f(z) WIRBL L, f'(z0)Az 1
JUAMTEESCATLAME 2.17 .

WY
P/
-
f'(zo) Az

PA

— Ax — IV

- T
0 M (z) M'(zo + Ax)

P 2.17

TFHMA=ME TPN f, PN = Az, tana = f'(xg),

NT = PN -tana = Ax - f'(xo) = f'(z0) Az
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WA VIR EEL y = f(20) + [ (20)(x — 20) WIAHN AL B 2T KA R
MR y = f(z) ABMYPRIRTEX — By As &, 7R 2.17 LB NP
FAF FrRA f(x) FHRT X B oo sk DAD e i D14 s s AR ek )
R IR 217 FTAE Y, 24 |Ax| UM, TP EREE/N, B TP I |Axl
B /MG TR

Bl EERHE, MmE G, M [Ax| 585/, K y = f(2) fEA
Zo EI’J@J%@

y = f(xo) + f'(x0)(x — 20)

s dy = f'(v0)Az = f'(zo)(z — o), WRMB T REMLE Ay =
flzo + Az) — f(xo) WIS, B RIPA IR R R A As 7, 22—
|Az| = |z — zo| Z2/ MR R, BIKASES]

Ay ~ dy B f(zo + Ax) — f(xo) = f'(x0) Az
B &)
f(@o + Az) = f(z0) + f'(z0) Az

UL f (%) A8 w0 + Az EHTREUE, W PAEILEAE zo BIBREUE f(20) IH_E—A>
5 Az JRIEBIRE f'(vo) Az SRk, HOIRBUE f1EA zo MRHT. &
T 2> 2 R A AT 55

B 2.46 i35 V101

it By =, 4 w0 =100, Az =1, 1)
A

e
2y 2v/100 20

dy

PRt -
V101 ~ V100 + dy = 10 4 0.05 = 10.05

Bl 2.47 —ASLOTRIPIRIE T, ERBOTRRKET 4(dm), HARFIREN
0.05(dm), K& AR AT B ZE.

fit: WETHHEKH 2 8CH «+ do, I2E& TR SRAE R

AV = (z+ dz)® — 2°

AV =~ dV = 3z%dx
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=4, dz = £0.05, T4

&
8

dV =3 x 16 x (£0.05) = +2.4
B, AR RERZEE PSS T £2.4(dm)*.
Bl 2.48 GERIY | R/NES, In(1+2) = 2.
fi: % f(z)=In(l+2), % 20=0, Az =z, N

Ar =z

Af(@) = (o) da = —

PRI :
fleo+Az)=In(l+z)~Inl+z==x

Bl: In(l1+2z)~z
Bl 2.49 Y4 |z| /MR, FHIEMIAK: tanz ~ .
fiig: X f(z) =tanx, & 20 =0, Az =z, N
df(z) =sec?zodr =sec’0-z=1-z =21
P
f(zo+ Az) =tanz =~ tan0+z ==z

Hi: tanz ~ x.

il 2.50 HnlEl 2.18, i LHEE LOFRE, ©HLOFPISk AR RN di, doy KEEN
0, B o RN, SRS

dy —ds

= 28.6°
(07 X 7

P 2.18
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dy —d
%=m@:mmw:1%2.%aﬁmﬁ,mﬁnmawa,ﬁﬁ:
o B da
Y
180\ °
N 15‘[&@: <7r> ~ 57.3°, ESli
o~ 57.3° x dl;gd"’ ~ 28.6° x & ;dz

() Bormissy
WISR R f () WIA, RIE S (2) A7AE, KRB R HZ0R T S AR
PAAAZ B & Ar AT T, SKE MERBAI R BOR SE I A s>
KD EAES « 2HAERN, dv = Az, FORMMrREX dy =
fl(x)Az FEPTPAME N dy = f'(x)dz, BIU0 (sinz) = coswdx. FrPAFATA]
DA R EO AN AR BT SR SRR AS 2 s R AL B SR Goma ], R
1. d(cu) = cdu
2. d(lutv)=du+x dv

3. d(uv) =vdu+udv

" d(g) _ vdu —udv

v V2
X HUHERR B e —ANEI, HAR s HE.
UIRE
U uw\’ uw'v —uv'
a(3)=(3) do="p—
v(u' dz) — u(v' dz)
vdu —udv
= w2

PAEFAPRIFTERE A s A R .

MRy = f(x), =), W4 y & t WEEEE y = flet)), XhF =
y MR AR SCEREEDA ¢ S AR Rk . FEXIEOL T, AR dr # Ax,
iy « = 2, W do = 2tdt, 1] Az = (t + At)? — 2 = 2tAt + (At)?, TR
do # Az, WHE AR y = f(et) Bk, FMAT i E 2 E .
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Wy =f(zx), =) BEMEE, « @2hmada, PBaAXRA dy =
f(x) da AT5REAT.

EW]:
dy = [f(())] dt
RIS G RECR SREE WA
[Fle@)] = F'((t) - ¢'(1)
)i

dy = f'(¢(1)) - ¢'(t) dt
B 2 = p(t), dv = ¢'(t)dt, fRJE15F

dy = f'(z)dz

BARILR PRI @ 2 A Rl PR, A f(e) MIBOMES RS,
DR, o B, de RREERE Ar, TR ¢ 0BG, dy R
B (@) A B dy # f'(0) A, AR AV A T B AR
Tl EAEBOME R, BRI RIS — A LB | TSk B s
SRR o ) Bk SHGE AT B FORSAL. BAb, SRATA O S
AR RS,

dy _dy do

dt dz dt
T T
B 251 KA Y = o + oy +o? EMEEEISE 1
e R R

3y’ dy = 2z dx + (zdy + ydx) + 2y dy

(3y* —x —2y)dy = (22 +y)dz

dy 20 +y

de 32—z —2
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#l 2.52 3k dsin[tan(z? — x +1)].

firg -

dsin [tan(z® — z + 1)] = cos [tan(2? — 2 +1)] dtan(z® — 2 + 1)
=cos [tan(z® =z +1)] -sec*(z* —z + 1) - d(z® —z + 1)
= cos [tan(z® — x4+ 1)]sec®(z® —z+1)- 2z — 1) dz

(B 2.52 BT, RS “d” BEIEL ARERIZ U sin B tan
B 2 — x4+ 1, AR, JoinsF. )

4>

LK dem WIETTEBREL , AN LRI 0.001em, SKILHTZ]
HARR AT AERZE AS, FIWREIRZMIEME ds, ST TR
MERZ D7

2. 42N 10cm UER, FEVRATH R 4% T 0.001cm, SKICH 2 ALK
oy AV RHARFRE UL

3.4 || R/, SIS

(a \/1+xz1—|—g (e) sinz =z
(b) e*~1+x

(f) arcsinz ~ x

1
(d "vl—f—:r%l—i—ﬁx (g) In(1+sinz) =~z

4. TR A& NE:

(a) v1.02 (d) tan0.01
(b) v/0.998 (e) sin0.1°
(c) e 01 (f) In1.0021

5. KA R B By
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(a) y = % (f) y = arctan(cos x)
(b) y=(VI+a?)" (g) y =sin(lnz)

(c) y = In(sin/x) (h) y = 2" In(na)
(d) y = sin’(v/z) (i) y=e"Inz

(e) y = arcsin 2z () v = (6% + e )2

6. MMM ETLRSET R Bk, S0 S
HERTTHBE ST p, % p IR @ TR R A%, K
TR BB A% T Z(R+p)(R - 3p)a.

7. EIAHERIRIEAES rem, 52 hem, #pAR r MIE b A A4

ﬁgmmﬁMmyiﬁﬂﬁwﬁ%ﬁiﬁM%%?<?+2)

28 2.1
L SRR A R 0 R A
(a) f(z) =22 —32® + 42 -5 2t —dx
(© f) =S
(b) f(z) =25 —62% + 13 (d) f(z) = cosmzsinnz

(e) f(z)=[sinz + cosz + (z2 +z + 1))
(f) f(z) =tan[sinz + cosz + (z? + z + 1)]

(8) f'(z) = cot (2? +1) k) f(z) = (VT +1) (;E - 1>
(h) f(z) = Va®+b%a? 1) fo

(
(i) flz)=vVat+a22+1 (m) f(z
(

(0) f(x) = e cos <e‘””2) (r) f(z) = zarccosz — 1 — 22

(p) f(x) = arctan/z2 — 2z (s) f(z) = (sinxz)oos®

r—29
©) f(z) = * s

(@) f(z) = wei=eor
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[\]

w

o

10.

3

oF RERMH
(W) f(z) =z —1In (2 + 1+ e +4e* +1)
) (@) = z\/2va (w) f(x) = log, e +!
(x) f(z)=In tang —cotx - In(1+sinz) — x
. ISIFEREL f(2) = e®sina R TR
f'(@) —2f(x) +2f(z) =0

ARSI [ (2) = T W
2[f'(@)]* = [f(=) — 1] f"(z)
P SAERS LiES, TN 1 P S B O MR

s?=a?+ V3 il Hh o MV @ER, W s FR P SERZ ¢ 1)
R EFA I

CFE xy P L, SRS P(-3,6) A5 v = 2® — 527 + 2 + 5 #iY],
I H UL R ARG 2« > 0 I L.

CSRIES R 162 — 242 + 160 — 3 = 0 £ (0,1) WA—P=FM, XA

PBREL y = 2% — 3az?® + bz +c¢ (HA a,b,c BHEN).

‘J/_(
(a) HHHZ 5L y = 20 — 1 ¥JF4 (2,3), R @ X TR b, ¢;
(b) A4h, HMZES v =22+ 3 K, WHIE a,b,c KA.
R AR DA 6 A HL /NI HR  AAT, ZARTE R L 16
SHL A8 AHL /NI ER N BT, FE R SO R &
B FET T R B 2 R R 4 /7
B O, K | MBS A ¢ HPITA A, —Ek P AV A
%E%emaﬁaw,m%ﬁbmﬁﬁgAPp@£P05a%AO§
T M 219), LHS AP = 2T i, AP R o, Rixnt M
R
VAW 1 T 18cm, TR E 42 120m B9 IE FHEIR IR R A — E K 10cm 1[5
FETS R, FRUAINR S 77K, B A4 IS R 12em 1, 2
AP RN Lom /s, B BB 65 FhOKk P b T ol 4 /007

W=
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A P
P 2.19

11. 3Rk v = arctanlnz 5 = BHAIACA.

12, W P AER Z) ¢ ORS JT A2

58
T = EO—I—ACOS(\ﬁgt—I—a)

Hir Ao BTHERE, g~98m/s, HFM t =0, r =0, — =0,
KA o

P 2.20

13. & 2.20 FoRiimPLMSE EAY AR, EET MK 1K ¢ = 125cm, [Hit
OK [ r = 25cm, HEF-SIELIH OM W o M, #ASE—HK
.

(0) KT o WX THRIEIE M IOBLES o f9245L:
() s S0 = o (w RRAER), RiRZE M
14, TEIL y = ax® + bz + ¢ (a #0) FPEMEYIZ, ENITEMALFEAL?

15. SKIWLL y* = dax TExL (aN?, 20)) YILTTRE, FHOREMMIA HATEE
URZIES 4 DR FN i UE 7 BT g

16. (a) SKRHHZ 4y = 2722 FERL (27, 3%) WIPILT T
(b) KHEAHTE B P AR IR R L 5 7.
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2.037* — 1

17 75 2.0372+1

OBl (IUIEN
18. 315 cos 151° HIIT{LUE.
19. & f(x) = 21070 X f(1.05) HULME.

20%wwﬂmmwﬁﬁf¥¥4mLﬁﬁ%@¥@mww%§%§%%%
&7

BN BRETIR PR R ——eR B 0k B

— S A e P

AL T PG UL ATERA X [a, 0] R EESEA B B0 A B RAE AT/ MA.
PR f AEHIIXIA] M = [a,b] _ERYERMERR N RBIA R, BERBT f,
WHAT M.

mE 2.21, & N = [e,d] € M = [a, b], W

max f < max
ax f < max f

FHR HE,

min f > min
N f= M f

TEIX PR TE HLARS AT BE B R A A (HIANA 48 5 1A 262X,

y = f(x) /

A y

P 2.21

BAEFARF B I —Fh e T f AP SRt R Sl N AR
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BRREL f e« BIHEAS 6 > 0 fYLRER, B (v — 6,2 +0) WHEX, U
WXTF 7/ Y |Ax| < 8, BBl v 4+ Az € (z — 6,2 + ), 1 HXTF—Y]
¥=x+Av e (x—0x+9), A

fla+Az) < f(z) B flz+Az) > f(z)
HRAREL [ TER o BRI (BURHRIME).

R R EL f AEXTA] (a,b) EATES, H HAXAXE A — 5 ¢ BURES
WA (BR/IME) . S f 7 ¢ s8R, B4

f(e)=0

HEWT: TR B £(2) £E48 ¢ € (a,b) BUBKAL TRAFT—HI 2 € (a,D),
i
f@) < f(e)
A X
o F@) = ()

lim =——"—= = f(¢)

FHMIR f/(c) WIFHAES o BIARERNZED#ER ¢ Tok.

L I v e AC) R A C I TA

xr —cC
o F@ 5@
z—ct Tr—cC

2 Wz < e, Felirts 291D S o pim

Tr —cC
SR (O
T—cT Tr—cC

Wi f A8 ¢ mnlfl, WX RER A, HV ST f/(c), XFR
fr(e) = 0 A f'(c) <0, lBtFF: f'(c) =0.
fAE ¢ R R IMER Y B 4583 HIE.
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WEREEL f AEHIXA] [a,b] FIEZE, FEFFIXE (a,b) WATRL, HAEP i
SR RBUEASE, B f(a) = f(b), IAZEPHFHE /S ¢, ¢ € (a,b), fli
F'(¢) = 0.

VEW]: AR fFE [a, 0] EAENHEE TCBES AT ¢ € (a,0) A f'(c) = 0. HIt,
B fAE [a,b] FANFE, B f AE [a,b] ERYERKAE M Mg ME m 20
A—MAET fla) = f(b), MERIL, A M # f(a) = f(b). & fHE
[a,b] ERYERRME M ASAE a g8 b fSORE], X AR P X )b 22 R A
B, 8 (a,0) WEDH—xi e, B f(c) = M, T2, st e, B f/(c) =0.

ATE PR LT SN 2.22, #hek y = f(x) 1E a, b AR L, W2RAE
MeAb . AR, HAERAAE, A, MAAERLERILS o T
fr. [FRE, FEMZRRIAAAMYILES « P4

(0,1)

/R """ /s /\@

ol a c \/b (-1,0) O (1,0)

Kl 2.22 2.23

R AR D /REH ARG, 2 ARGE. BN g(2) = 1|z
e [-1,1] BigE, H g(-1)=g(1) =0, H{E 2 =0 4, ¢'(z) AFFE, XT X
A g, 18 (—1,1) HEEA c BEfE ¢'(c) = 0. BERYEIGANIA 2.23 iR,

PkE 1 v e B

R ek B f AEPIIXIA] [a, b] _EIESE, FETFIXE] (a,b) WA, IBALE (a,b)
WEDH— 5 o, {15

_ 1)~ f(a)

7l =0

%R SR AIAR ) H E BRRRIAT I, AV BY T B 7R i BRAIE A X 1
FE B
UEW]: FRAIME— AR AL @ (e BA AL | Bt BIETE [o,b] BIESEH
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16 (a,b) PHATHL, IR ©(a) = ®(b). ik, i @(2) = f(z) + k(z — a), IF
A& ®(a) = D(b) KPESHL k.
WY 2 = a if, 4 B(x) = fa); 4 @ = b, A B(b) = F(b)+k(b—a),

A
RNIOE 0
b—a
O b
o(@) = f@) - LU=, )
BRI S A A O, DR, BT c € (a,) (73

o'(c) =0, {2

w(r) = () - LU
FirbA
w(e) = (o) - TO=ID g
R
o= 101

RHTETNA, hikgi He g, dEsma rE:
FO) = f(a) = f()(b—a), a<c<b (2.24)
L, &b=a+h, c=a+0h, 0<0<1, HEPEEHYS—EA:
fla+h)— fla)=hf(a+0h), 0<O<1 (2.25)

HA L BEA) LA 58 SCANTA] 2.24 J7R. FEHIIXIA] [a, b] A —ZRIESEATHIZR
Hidhk y = f(z) bAF—s (ulrsh), #aTbAMER—4004k, ABAfEiiZ
EEBPH R M(c, f(c), ¢ € (a,b), flifFEd R M HYILSZ AB 147

B 2:53 K f(@) = 1+ 2 (1,4) PRERHESL £() — () = () (b—a)
AL ¢ H91H.

s AR S A (L4 RIS, S J@) = — g, HS A (1,4) TR, AR
EEH, F77E c e (1,4), flifg

f@) = f)=(@-1f ()
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f4)=2, f(1)=5,
2—5:3< 4>,Eﬂ: =4, {8 c=+2.

c2

N 2€(1,4), —-2¢(1,4),

fA) = (1) =@ -1)f2)

Bl 2.54 & f(z) = ao + a1z + asx® + - - + a,a™, SKIEAE f/(z) = 0 AP —
Wz, 224 f(r) =0 K—MR.

UEW s PR 2 IR S A TE LRI W] B, IrAEHE /(@) = 0 MIPAHARSEAR
z1, 72 ZIAA f(z) =0 WIZSEMR o, 8 (a < B), IB2MIED /REH, 201
(@) =0 — "R ¢, i o < c < BAHEZ (o, ) C (21,22), THE 21 < ¢ < 2,
ML, FIATE f/(x) = 0 BIMIABIIARZ 8], 2LH f(z) = 0 B—4
.

h

Bl 2.55 SKIEAZE T

<In(l+h) <h, T h e (—1,0)U(0,+oo) JE.

UMD B f(2) = Iz, TR (Ina) = % T Ina ZEIKH] (a8, (0<a <b) I
BLEHAE (a,0) WAL, MRAEHEER (a,b) WIFLE ¢, fif5:

1
Inb—Ina=-(b—a), a<c<b (2.26)
c
Eh>0,%a=1b=1+h, T4 c=1+0h, Xkt (2.26) 5K

h
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FH LA 0 FEEH 0 R L B4 (k) = 1 = L
=y

h

e h \
Hi b JECE] s BTUA

h
h>In(l4+h)>——, h
>n(+)>1+h, >0

F-1<h<0,%a=1+4h, b=1, F&c=1+0h, Xk (2.26) 7DL

—h
Inl—In(l+4h)= s on
545
In(1+h)= T on
[ A LIk

h
i, 24 h>—1H h#08, A~%K
h
BT

L gk y = 2 LRSI AT TIERRBUMAR N o, b PIRIITZ,
R

2 Wk y = - AR ST TR a,b (0 < o <)
B, R

3. 4 o) = (x—a)™(x = b)", BUED /KEHMAL.

4. B IREBUER, Teit m ATfE, ZIREL fo(2) = 2° =32 +m
1E [0, 1] Z [ B2 H— MR

5. UEM R AIAGER:

(a) [sinz —siny| < [z —y|

a—2>b b a—2>b
(b)

<ln-< , 0<b<a
a b
(c)

m<arctanh<h, h>0




118 %% TEPMH
—1
M)%0<m<1hﬁx>menﬁim)<mm—l<m@—D
(BR: PR PEEHEEX 1, Blb=2, a=1)
1
(e) #%Fh>—-1, h#0, n>1, N: (1+h)£<1+%

o1 h
f) %#h>—-1, h£0, M: 1-=< <1-
1) % 70, 2 S Vith NEDE

6. YL RE 32° — 2523 + 602 — 20 = 0 4 =ASZHUR, 24 BARFTE
B TE], (AR DX E] A — AR,

L PRBOR R S B —— P R B Y
(—) FRBIR R

FATE eyt 0 ek RS R O, B 2 B 3 0 1 975 B ) 6

BEHOAMEFRRNSBETE, WESGIRMN: WRRE f fEAE X
ERSHUKIEEE, AR RBAEE A K] g — I RT mfs i HE
MR E E A ]

R EL f AETFIRE (a,0) EREE— R SEETE, B f'(2) =0, 7
LHREL S AE (a,b) @A

UEW]: FATAIXIA] (a,b) HFEER— K 2o, HBULEMLM 4 2 € (a,b). XF
TXIA] [z, 2] B [, mo], BREL f W RHASH HEHRAE, Wik, JATATLAG I

f(@) = fwo) = f'(e)(x —m0), ¢ € (w0, ) Bz, m0)

WHLZ ¢ € (a,b), BTN f/(c) = 0, HIMHEM—x{ z € (a,b), f(z) =
flzo) = WAL

= .2 -
Bl 2.56 KiE: W% x> 1, B4 2arctanz + arcsin 1 —|—xx2 =7 AT

. . .2 .
WEW: % f(x) = Qéaurctaunaﬂ+8u1rcsmim H-AY x> 1/,

<1
1+.’I}2’ )

2z
1+ x2
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WO ErEE R o (R, f(z) AES, XHN:

2z 1\
() = 2(arct ! i
1 (x) (arctanx) + (arcsm T a:2>

2 1 2z 1\’
= + .
1+ 22 2 2 1+ 22
1—
<1+x2>
2 N 1 (1+ 2?) -2 — 2z(2z)
14 a2 /9 \? (14 22)2
-(5%)
1+ 22
2 2(1 — 2?)

1+22  (22-1)(1+2?)

a 1422 1422)

JITPA:
2
2 arctan x + arcsin : +xx2 =c (%)
H—I7rH, B
2
f (\/?:) = Qzaulrctan\/§+arcsim\ég = % + g =7
PRIt -
2arctan z + arcsin 1 _:;2 =m (x>1)

# f(x) 75 [a,b] BEE, 7E (a,0) W f'(2) 0 (2 f'(z) <0), A2 f(x) 1E
[a, 0] b/ (S A% i)

WEW: % a < o0 <o < b, BIFAEMIXE] (21, 2] B35 EDAEII H EBEAY 21T,
P, FEIFXME (21, 20) ERPAFREI A ¢, (645

f@2) = f(z1) = (22 —21) f'(c) (21 <c<ag)

WAEALE, WERAE (a,0) W, f'(z) > 0 (F f(x) < 0), A f(c) >0 (K
f'(e) < 0), Mifi
f@2) = f(z1) >0 (2 <0)
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XS FALER ©1 fll 2o (i a <2y <2y <b), FHEAFEAMSL, A f(o)
TE [a,b] g (S0 A8

SER 2 FUUTESCRMER, f(z) BB FA o AP R
tan 6, iIXH 0 < 0 < 7. PP S48 H U122 m_Eulm Ry, g
B bl e ) T Ek e R

W f/(x) AR o HETE, HMSARL, WE 2 73R mor, X
—ARA GRS, R XE [a, 0] FE f/(z) = 0 WSR3 BT/ K],
FAEREAS /N ] FAx BN E S 2. [ 2.25 Fil 2.26 Fom &R 2 LM X

“y AN

/ ) 0 0
/ol 7 "t 7o \ N
Kl 2.25 E 2.26

Bl 2.57 ERH tanz > =z, O<x<g

UEWT: FRATHAGIER tanx — 2 > 0, 0<:r<§ A, W f(x) =tanz—zx, x €

(75)7 HH f(x) 18 [ ,5) S, HAE ( ,5) W f(z) =sec’zr —1 =

tan®z > 0, KEH 2, f(z) 7€ |0, ) L, FRAH

F(@)> f(0) =tan0—0=0, z€ (o, g)
Bi: tanz — 2z >0, tHiLE tanz > z, O<x<g.
Bl 2.58 KiFY4 2> 0 B, 4 e > 1+In(l +2).
WEW: % f(z) = e® —1—In(1+2) (x> 0),

f@=¢- g P@= o
B, M >0m, f(x) >0, X f(x) 7E [0,00) bH#ESE, M@ 2, f'(z) £
[0,00) b3, FrPA
0 1

fll@)> f(0)=¢"———=0 (z>0)
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3 f(x) #E 0,00) 2k, FBE f(z) £ [0,00) LB, FrbAZ o> 00, A

f@)> f0)=e"—-1-In(1+0)=0

e —1—-In(1+x)>0 3 e >1+In(l+x)

Bl 2.59 HE f(v) = 22° — 92° + 122 + 5 [ X RIFIEE X ], IF i)t 5
AR R G .

fire
f(x) =62* — 18z + 12 = 6(x — 1)(x — 2)

Mo <l a>20, f(z) >0, ik f(z) KA (oo, 1) Fil (2,+00)
SR

B l<z <28, fi(x) <0, BILA f(z) FEXIA (1,2) MBI

BIRH) y B f(0) =5, M€ ERE « I, MRIEHI 2.54 MIESREL
RIRMEE IR, A4

f(=1)=-18, f(1)=10, f(2)=9, f(+o00)>0

A f(2) £E (1,2) F1 (2, +00) WA ZR, HERE 2> 1 KEFNS = #

AR BT f(2) 7 @ < 1IN, FFH f(=1)- £(0) <0, i f(z) K

FIRAE = <1 LG o §iVE — 0, BERRTEIREXT (—1,0) K.
18 f(x) MBI B OLA R 3, AR e A .

z | (o0, 1) 1 (L2) 2 (2+0)
f'(z) + 0 — 0 +
f(x) /" 0 N 9 /!
KRIZ s E G 2.27.
4:>]

L5 @) — )l < @—p)" n> 1, KiE f 235
2. # ['(@) = g'(2), @ € (o0, +00), K. f(z) = g(x) +c.

3. UEPFEATRATIXE Y, eR%K = — sina 23 REk, X o RHE, KA
ax —sinz EWERE, ax —sinz HIREKE?




122 F TR

T ™

4] = (0,7

sinx 2

5. # x>0, KiE

1 2
(a) cosx—1+§x2>0 (c)x—%<ln(1+x)<x

1
(b) sinx—x+6x3 >0

6E%Tﬂ$%ﬁ%0<x<gﬁmj:

z3 sinz _ 2
T b z
(a) tana >z + (b) >

7. Bl z+e®=y+eY |A] sine =siny &5 NE?
8. # a> b, KiF a® — 3a® + 3a > b3 — 3b + 3b.

0. B J(0) = 0, B f € [0, +00) P, W g(a) = T g5
(0, 4+00) Pidt.

10. (a) B a,b NEE, HH e <a<b, Hi e ZHRMEWIT,
AFE: ab > be.
(b) THSRIESEH a,b WL a® =6, H.oa < 1, ] a =b.
11. JEBH: SRR o € (0, g}, HARZEX (sinz) 2 <z272+1- % I

Y
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(=2) PR S B M

MG 2.59 FATEE] « =1 2 =9 53 BLZEEL f(2) = 22° —92° + 122+ 5
IR (1) = 10 FAR/ME f(2) = 9 B, AR 2 = 1 WIRRAR, 2 =9
PN PAE, SRORME S IMEGEFR B, AR A SR NS GE R B AP

R TETFRATI R ATV AT 1 — > PR AR

L wo & fx) PRAEAL, H f(o) e 2o WAL, A BAFE o B—1

R, f (o) LEA o POLRIEP 2 SR L S, TR [/ (20) = 0. fl

i 2.59, f/(1) = f(2) = 0.

2. 47 f(z) 16 mo AW, W) zo ATRERAES, BN, f(2) = |=], EXE

ro =0 X—FURATf, HAE 2.28 BRIVAEH 20 = 0 2B/,
Y
8 L
6 L
4 L
2 L
Y
y = |z| "
0 2
> T
O
P 2.28 P 2.29

RO IR AT EELE B U R B E B R f' () IZ SR f(2)
AR PR, 12, f(2) MEAHN f(z) ARG f(o) PIRER
BIMAER L, FFA—E R, Bl f(z) = 2%, 2 =02 f'(v) = 32* WE
S ARMAEREAN K] (o0, +00) L, f'(z) 2 0, M HIAFE « =0 i, f'(2) =0,
HIpR L f(2) = 2 7E (—o0, +oo) L™ HEEhd, Wil = = 0 ARMMEA, ERE
ZLNE 2.29, 18 y B9 ZEM, WRATIZL y =0 BHJ5 WHE y SesH,
IR T & y = 0 B EJ7, BAHETRE f/(x) = 0 BIIRFR N eREL f(2) HISE
g
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AR AL
Laon, v e[1,2]
ga) =4 Sa-2)+ g2 1), e (23]
(-8 452D +2(3-2), vel3q

PRI, WiE 2.30, HH
g (x)>0, z€(1,2)U(2,3)U(3,4)

B ¢'(2) 1 g'(3) AFHE, WMT g(z) 7E [1,4] L™k, Prbhz=2,2=3
A SRR AL

2.30

Zi bbb, FAVGEIRE f PRSI 2%

R 1 (Bt 22550 )
5 f(x) 78 [a,b] BIESE, oo 2 f(2) MIRMER, A zo HATfER f/(2)
R f(2) A AT

N4 AR A A T PR RA.

WIER R f TE zo BB IELE , I BAE (200, z0) Fl (20, 20+0) (0 > 0)
A

. /—(f (.7}0—5,{130) Ijil, f’(x) <0(> 0),

o fE (wo,20+0) N, f'(x)>0(<0);
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W2, xo 52 f BRI (R AR

UEWT = 45 HE T — T E B 2, f AE (w0 —0, o) W™ AR I (3 ), THTE (0, 20+0)
WA GEIK) , # f (zo) oIR/IME (BOR(E).

R XNEHFAZOREE f AR vo AFTESEL, WERSFBAFAE, M
BRDER, EHTE.

Bl 2.60 ity = /(z —1)(z + 2)? WHME, HebESMER.
fig: Ky = (e—1)(x+2)2 WL, 15

v = (x —1)(z +2)?
3y° Y =(x+2)? +(z—-1)-2-(z+2)
=(x+2)x+2+2(x—1)]

= 3x(z + 2)
, w(r+2) z(z+2)
YT T ey
y/: - (:r;«él,:c#—Q)

S (x—1)2(x+2)
o Y =0H#, ¥ =0, BEERAES © =0 AR

-%x=—2ﬁ1ﬁ,yﬁﬁﬁ,@%%Eﬂyz+wﬂlE&Mz—m,
i lim y' = +oo FHIRBESIES « =1 fl @ = =2 WH AT v 4y

T——2"

DIk, PrABRBI A REIIR(E A2 2 = —2,0, 1 X =4 k.

M E MR y B, 4 o =0,1%y = Va4~ —1.59; NHEEH « 8
B, ©y=012=-2Ma=1 BFRNEEHHEIESRENT

x | (—o0,—2) -2 (—2,0) 0 (0,1) 1 (1,400)
y + N 0 + AEE +
S WRE N\ WME / 0 /
0 —/4~ —1.59

Ay = o/ (z—1)(z +2)* MEZRWNE 2.31.



. FoF R E R

2.31

WAL f(x) ZEXE (a,0) A _BriEL)FEE, X c € (a,b), #i15
f'(e) =0,

LR f7(e) <0, W e 32 f(z) B— PR
2. 4R f7(c) >0, W 52 f(x) B—PR/NA.

UEWI: B f7(c) < O, T f"(x) WIESME, BUATFERL ¢ B9—1 0 > 0 4RIk
(c—6,c+6) C (a,b), flifF ()0, x € (c—6,c+0). HEWEM 2, f'(x) 7E
(c—0,c+0) HUgfy, XmT f(c) =0, B, f'(z) TEA ¢ A EAA G,
AT ERE 2, ¢ f2 f(2) PR

% f7(c) > 0 mf, FBEAE ¢ & f(x) MR

D BE R 3 BRI, ARG 2.60 1 T %L

y//_ y2(21‘—|—2) —x(x—|—2) '2y'y/
- 4

2[(z + 1y — z(x + 2)y]
e
MBI 2.60 1, 24 2 =0HF, 3 =0. X fla) = —V4 HfE =0 4k
" _2[(0+1) (_\3/1)_0] \3/1

0= 1 70

R 3, 2 =0 B E y = /(z — 1)(z +2)? BIHR/DA.
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Bl 2.61 L y = 2° + ax® + bx + ¢ BIHH.

fiR:
y =23+ az® + bz + ¢, y =32% +2ax +b

A = a? - 3b R FEREHHAGI. FATTAT A >0, A=0F A <0
SREIEHE v B G TE.

1. Z A >0 0

y =3z +2ax +b=3(x — 1) (z — 7)

(—a— Va2 —=3b) Ml 22 = = (—a+ Va2 —3b) BFERE Y

—_

XH 2 = %
) AN AR,
(a) % 2 € (—o0,2) U (22, +00) I, y' > 0;
(b) 24 z € (x1,22) B}, ¥ <0

FPA, a1 & y B—PRKA, 22 2 y BN

3

2. # A =0,
, a’ a2

Y :3q:2+2a17+§=3<1:+§)
ﬁi,y%%ﬁ—gﬁ%TowﬁyE—%%E\E%%%mﬁﬁ,%

y:ﬁ+mﬁ+m+c%~¢ﬁﬁ&ﬁ.ﬁw,—gm%ymm@ﬁ

3.4 A <0, WX TR z e R, 1B

2 3p_ g2
y’:3x2—|—2ax+b:3<x+g) +3 Sa

B, y =2+ a2? + bo + c Z—PIERE, WREAMIEA.

>0

%>
|

L Jeskils f'(x), R0/ f/(2) WIERETHE f(o) MREE-SMIE, I
I 1 R 5 5 1 e -

(a) f(x)=22>+922—-242+5 (d) f(x)=(x—1)3
(b) f(z)=2*—622—-8x+15 (e) f(x)=|z*—1]
(c) f(z)=—a°—ba’ (f) fl@)= (2" -1 +1
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.ﬁmf@psi;%{fm%@ﬁWﬁ,#@@ﬁ@%m%@
K F(6) = sin®— J sin20 1 (~m, m) HIBK BRI M.

10.

11.

3

FoF RERHRE

2

(0) SKPIMIL y = “T T2y = oo e b
(b) Ky = ““ 2 bl UEAERAR A, &

M

FHEHREL Y = 2%e MBS .

K f(x) = o (x> 0) MBI, I BB BRI R M
SR B,

e B axr +b

WA AT
WO o) = (o= o) (4= 30%) QAR

TEJI:L:_[; (27 71) ﬁ—_‘*&{av ;‘R a, b #iIEE)q

3
i, B § (ot ) ORI ML

7

B f(2) = x(z — 1) (2 — a) HHXMEME, FFoHRBRES
WIME, EE L o BE.

RMZ y = e"sine ERRAEA, FUEMIRAE A LA AR TR
R, Oz B A2 /b7

() BRI/ ME

FESEEHA 3 IR RN R IR, BUANAE PR R,
WHEAE—EART, T MERRE K, REE. SCAHE—RIEA
P S BIIRTRN,, ERREBUE R AR M TE A REMERTR B K XK “iy
RSN SRR SFIEL, R BRI R/ IMEL AL

FATEAEEE TRl “AEMIXE] [a,b] LIELLRREL f(2) B2 R A R
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(b) f(z) =sinz £ [0, 7] P21 M




B EF Y B R —— R385 A 153

R
I
=%

(c) log, 1 ;‘332 > log, =1 ‘;10&1 T2

1+ X2 S sin x1 + sin xy
2 - 2
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XA ,
_ (z—-3) 1 1
v 4(x —1) Z(x —5)+ x—1
: —3)7 1 T _
L s TR (Ll - W
EHRUMAD y = g2 — | HHEL
SR ETERATE T 4T
T -1 0 1 3
y o+ 0 - - - x - 0 +
Y’ e T
y OBKIE N N N x N BuME
-2 29 —00 +o00 0




. FoF R E R

Y \

| _ (z—3)?
3 _4(1’—1)
l ‘ /

O i 2 3 v
l 1 5

-1 - —p_Z

Yy x 1

K 2.48
i BRI A 2.46.
22

Lo e RA R BAIIRAE . AN AR, T R A 2.

_6(5!7—1) (d)y:1—|—4x3_3x4
(@) y=-5—3
(b) y=(z—1)3—3(x—1) (e) y=+/(z+2)2(16 — 2?)
' " (f) y=2a* (z>0.1)
(C) yZE_mQ (8) y=ze™"

(@y:w+£ M)%:ﬂﬁ4
_ a? z—5)(x+3
)y =177 @)yZLT;%E;J
2
(c) y




Ktk

FET MAEFA YRR R IGRE RE 159

>3t 2.3

1.

10.

SKEEEL f(x) = 2° 4 ax?® — 3bx + ¢ WEG KT FAOFRES, f(x) TEX
—2<2<2 kiE/ME, Hfb>0.

- B f(7) = 32% — a2® FEX[H] 0 <2 <2 BRYRUMER —4, K
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(a) 3Ky = fz) MSRENR/ME;
(b) BAELTTE f(z) = 0 =R LIRS, o {ETER.

3
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M ETE R, EAER TS (B =4 B, PR EM1T, H=
LRI AR, RISt e i) MM AREIE. AR M TR A
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SR TRT AL T (R AR R A, PR AN R4 R B, 0 Bt AN B FLG
FRGE T PR BCTE R — AR R il E—Beiihies RATFLEM R A “M o 3
b WIAN” & T, BATE “BRECRM o 2 b AT X AT 2 W iE
IR AP R B A R R XA E — A e T R EUI AN @ B b A
FICRRET— B BB o B b YR T

IRAELEFRATTEE FH ) LA 7 By SL R 1l

Bl 3.3 ERIMALAMIEE u, MEE o > 0 FEEZ Bizgl, TRYAEAEAT
Zt WESER v = f(t) = utat, KYEM ¢t =0 3] t =T W rEdiieg, 0
SRHBERR L f () AEITE] R [0, T) _ERGAL

BT — A ERIEE BB SR AL g.(t) A1 G (t) B ESRER%L (1) =
u+ at JIELEFE], H
gn(t) < f(t) < Ga(t)

SFFARMT 0 < ¢ < T #MaL, ABAHER 1, g.(t) A O F] ¢ fA1 < f(t) A O
BT B < Gu(t) 0B T AL

WERBESE g, (1) MO B T IFIS Gu(t) 0 B T F1, 4 n — oo WK
WFRAHE, W BRI X R AT AE 1 f(2) A O B T [ FIL 0 45 TixX A3k
[ A B

SR AR S B B AR —
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W=f(t)=u+at, (0<t<T)

37
o T
A I R R
t A
u I I I I I I U
T T S S SN S S N N
0 t1 12 t3 4 t5 to trC
< T >
K 3.9

fi:
L%Nﬁ@@n%ﬁ,ﬁ%ﬁm=%ﬂi=QLzuwu?%Eﬁ¢%ﬁ
LT A

fto) = f(0) =wu, f(t1) =utaty, f(t3) = u+tats,..., f(t,) = f(T) = ut+aT

b= —
n

2. HBRREGE R v = f(t) = u + at.

15&%1ZI§T£H¢]‘E—'JE/‘J/I\/J‘IX]EJ [t’M tiJrlL 1= 07 ]-7 27 ceey (’fl - 1) Ij:‘[a [/\J\/J\
DR L A A R AR 2T Iz By, FAMTTAT R — 438 B B ek R 4

gn(t):f(ti):u+atia by <t <ty i:0)172a"'7(n_1)
PR f(t) = u+ at 2/ KGR, A g.(t) A AT PE:

M, ST 0 <t < T, A ga(t) < f(1).

B e AN (8, +1], 0= 0,1,2,...,(n = 1) P, DA/B
DIEJ A AL s BEVE 2T ia gy, AR 8175 — M EE R BBk e 5L

Gn<t):f(ti+1):u+a/ti+1, ti<t§ti+1, ’i:(),l,2,...,(n—1)
BT f(t) =u+at ZIEIGH), FrPA G(t) A AR

Gn(t) :f(tz—i-l) Zf(t), tz <t§tz+1, 220,1,2,,(71,*1)
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KB A E| B thFe b iy

¥
I
ke
7\_
B

MIMRFAET 0 <t < T,

Gn(t) = f(1)

KA, FATHARE] T v = f(t) BB R e

gn(t) < f(t) < Gu(t), 0<t<T

(T 3.8 t1, T f(t) = u+ at WERFIMY n =7 B EEL g7 (1)
M Go(t) HES.)

- R R R

I EEAER 2, FATFFE] g,.() MO 2 T HIA

f(to)(tr —to) + f(t1)(ta —t1) + -+ f(tn—1)(tn — tn_1)

T
ty —to=to—ty ==t —tp_1 = —
n

PR -

gn(t) O B T BRI = [f(to) + f(t1) + - + f(tno1)] -

SN

T
n
=[u+ (u+aty) + (u+aty) + -+ (u+ aty,—1)] -
T
n

=[nu+alty+ta+ - +tn_ 1)]

[ (T 2T T>] T
=|lnu+tal—+—+"-- -
non n

T 4a 1424+ (n—1)] (:)2

n(n—1) T?
2 n?

1 1
=ul + -aT? <1 - )
2 n

=ul+a-




%'A—:l—:’- “ﬁn” 5 Lt@ﬁxﬂ 167

Gn(t) MO B T B9A1 = f(t1)(t1 —to) + f(t2)(t2 — t1)
= [f(t1) + f(ta) + -+ f(tn)]-

= [(u+at) + (u+aty) + -+ (u+at,)] -
- [nu+a<z+2:+...+”T)] =

T\ 2
—UT+a.(1+2+...+n).<n>

1 1
=uT + —aT? (1 + )
2 n

Cify LRV SRR AE T 1, BIRS: ga(t) A O B T BYH < f(t) MO 5]
T W < Gu(t) KO 2 T (A, BP

+ o ) — ta)
T
n

1J+1ﬂﬂ@—1><f@&oﬂ1ﬁﬁwqm+lﬂ00+l>
2 n 2 n
4. KB R EAN KA R

5]

1 1 1 1
lim {uT +-aT?*(1-= } = lim {uT +-aT?(1+ = }
n—o0 2 n n— 00 2 n

1
= UT + iaTQ

JIPA, XA 3 ] AR R AR T + aT2 WEWIRTEARE v = f(t) =u+at
ZE N, Nt=0%Ft=T F)fﬁlﬁ’]ﬁﬁ% Wt E v = f(t) =u+at
M t=0F|t="T fFIl.

u+ (u+al)T

Mnmiﬁ,iﬁmmﬁuT+;ﬁa: .

keI OABC yTaEiFLL

B .5
B34 BREC S(2) = 2% 0 =0,b> 0, 5 f(a) h 0 5 b (A1, HRC, K
H2k y = o* FEEREE [0, LATRAIMIA =G OBC MR (1 3.9)
b

LABSEL 0.0] n 55, SRR v = Li (=0,12,...,n)
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g

-z
O B
B 3.10
2. VEBTHERR AL gn(2) T Go().
WA f(z) = 22 7E 2 > 0 W, & X
b 2
gn(z) = flz;) = 2} = (n> P*, @ <@ < T

b 2
Gue) = flon) =ty = (1) (417 <o <o

Hir, i=0,1,2,...,(n = 1). T9&, ga(@) < f(2) S Gn(z), 0<z <D

3. KB R KA

Sn = gn(x)M 0 E| b A1
b b
=f(xo)-ﬁ+f(x1)~;+---+f(xn_1)-

= (F (o) + (@) 4o )}

:{02—|—12+22+---—|—(n—1)2}-<b)3

n

:%n(n—l)@n—l)' (2)3—%3(1_;) <2_71L>

S|
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Sp=Gp(z) MO E b BRI = {f (z1) + [ (z2) +-

+
b
n

ik
b3< 1)( 1)—3 < | PR () =2 O B b IR,
"7 MR =T OBC W

<8, - bg<1+1><2+i>

4 4 n s oo, REBBEHCRIXIBIL 1Y

TR
JEEI N

BOA L6° SRHERE 500 Si 2. FICBIOWESIHE, TIPRAY “f(x) = 2°

MO b HORI” DAR A=A OBC HTIL. " S Mg it
o BT S, RIS, BENAET b

(n — o0)

f@%ﬂﬁMaﬂb%ﬁzéwf%ﬁ (b>a>0).

Bl 3.5 By = f(x) B—AEXLE [a,b] LREHIESRL, HBEEM o 5]
b A1 AT AR E 1.

fire:
L B [a,b] ZIEH) n 28530, RFEDIN n BE, R

To=a<x1 <oy <--<x,=>0

b—a

n

BRS¢ BE (o, @], Ha—aiq =
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2. EX f(x) Wb, TRICEBTER R AT

n\T) = Ti—1), Ti— S X S Z;
90(@) = f(mi0) ' (i=1,2,3,...,n)
Gn(z) = f(x3), rig << a

o f(z) B, XEFAER—A 2 € [a,b],

g1(x) < ga(r) <--- < galz) <o < fla) <o S Gulz) < -0 < Galr) < Gi(2)

{615
gn(w) Sf(f) SGn(ﬂf), a<x<b

3. KA A BIBR R EN a 2] b 1A
s = gn ()M 0 3 0 HIR = T [ (w0) + fr) + o+ [ )

"o (3.1)
= bn Zf(xi—l)
S = Cale)Bh a 216 1A = 22 [(0a) + () + o+ Flan)]
S (3.2)
= Zf(xi)

MR 1, A
51 <8< <SSy << fle)MNaBlbWFI < - <8, <--<8 <85

a5 1,
sn < f(2)M a B b B < S, (3.3)
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TEB 3.3, 71 3.4 v, f(x) FEABIGARNT, FRATAT DA SRR A EHK s, F
Sy WRIAA, AT ASHR BT SL FAR PR, 7ExXH, FRATHAEE f(z) 1
IR, MARTCVERIFI s, BN S, BE— 20T, (HZ2FRATT AR, 24 n — oo
i, S, —s, — 0.

F5

n

s, —Sn:b_aZf b_aZf(JUi—l)

=1

_b—a
on

Z [f (i) = fl@ia)]
b—a - b—a

= ) — o)) =
I, 24 n— oo B, S, —s, —0.
N f(x) M a B b FIRNT s, A1 S, HEIME—CEL, Bt

lim s, = hm Sp = f(z) M a B b KHI

PA_ESRTERBI 9 34T, BERI T A EL AT G R A 5

L Y4pR%L f(z) #E a <o < b LidEnt, WEM a B b pgRmT AR ik m 4
IR LB a B b IR I IRIE LT

2. HTF hrn Sn 5 hm S. e, H hm Sy = hm Sy, FRATR DA f( )
. FIEBEREUT A, B g1(2) < 92(1) < - < gala) < - <
flo) < < Gi(x) <0 < Ga(z) < Gh(w), (agxgb) HIM a 2] b )
FR R 7}1_{1;0 Sp = T}LHC}O Sp VR EIR f(2) M oa B b BRI L.

# f(x) 2 [a,0] BRI ESEEL, B [a,b] FIN n B, 4r AR
2 =a+ %(b —a), i=0,1,2,...,n, WFFTERIHHEER AL

[£(b) — f(a)]

gn(2) = f(zic1), i <z <y

Al
Gn(z) = f(xi), w1 <z<zy (i=1,2,...,n)

e W]k e 9
L XTFALAT @ € [a,b], gn(z) < f(2) < Gul2)
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2. MIRZHI BT RN a ] b HYA
Sn:b_az.f(xi—l)) Sn:b_alZf(l‘z)
=1

n n :
i=1

Mn— oo bf, S,—s,—0, A f(z) M aFbiFlE s, 5 S,
FLRIBRR, B

b—a . -~
wm ) fio)

b—a =
= 1' i
S

e, AR f(2) &2 [a,b] ERYIEBEESLREL. ABRANT [a,b] n 500, 7

BABHE 0 = a+ —(b— a), SIRA PR

n

f@)M a £ b A =

gn(x) = f(5), @i <xz<m;

Gl

Gu(z) = f(ri1), @ia<z<wz, (i=1,2,...,n)
T IS T )P
L XTALAT 2 € [a,b], gn(z) < f(z) < Gul2)
2. HIMAEERER AR 9n(2) 5 Grlz) HRHIH

5 = gaMh @ 510 A = 03" f()

n

Su= Gl a sl b iR = "3 (i)

Y n — oo B, Sn—sn:b_a

[f(b) = f(a)] = 0, HP:

lim s, = lim S,
n—oo n—oo
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EINIELEREN @ 2] b BRI _EiRICBH R L g0 (x) I Grlz) M a
2 b A SLREIAER, R

f(@)M a B b ByFI = hrn —Zf x;)
=1

= lim boa Zf(%‘—l)

J

AT AT T 38 3 328 D) BRI B Rk B R, DL R S () %K%éa\ﬁx
HURESER), (L0, = sina A EOUR R, IR ELE [~ 7 + 2hm, 2 + 2kr | (k€

Z) LK f BRI e [—+zkw,3 +2/m] (k € 7) X EK ]

W —Boadd ). L, X —BHE (o, 0] EEESRREL WERAFAEA TR
SRS f(x) TEREA B EACZ RIARY, FATATLAZEH L RIS R AL,
FERAENE XA [a, 0] LRYBREL f(2) HIBTERRREL, T215H

gn(z) < f(z) < Gu(x), x € [a,b)
N A BRANE B LT 0 iR+ 0, FrPA
“Gp(z) M a B b WFI” —“gn(z) M a B b A" —0
BZEDAEITE, FRAIAUA AL B E AR :
Wy = fz) B—EXFE [a,b] EABRJHREL, WIFEAER 2 T 5%
PR 2RS4 PR 4K :
gn(7) < f(z) < Gn(z), 7€ |a,b]

MHAY n— 00, “Gu(x) M a B bR 5 “g.(x) M a B b A
T LA AR BR.

\

B f(x) 2 [a,b] LAESREL, WERAAEA R0

a=aqp < < - <a,<---<a=2b
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(A5 f(z) DB [an—1, ar] HZ BN, FRRENEE (ak-1, ai]
#on S, WY n—oolf, A

n 2n
F@)M a5 b 951 = lim D207 fla) 4+ lim E YT fla)+
i=1 i=n+1

In
N

i=l(n—1)+1

H T U Bk SCR A B, ATHRIEN_Eid f(z) A a 2] b BIRIE R
BRIBTERRE {G(2)} A {gn ()} BBERTL, HAERHAIT
UEWT: % {Go(2)} R {Gm(2)} RTIHM—L0E R AFFEE RN b R ISGERED,
W phy R AR A A
gn(x) < f(2) < Gu(@),  Gm(z) < f(2) <Gm(z), a<z<b

HIEE]
gn(2) < Gm(z),  Gm(z) < Gu(z)
Pt A AL 1, A
Sn = gn(2) M a B b 1T < G () a B b (9F1 = S,
Sm = Gm ()M a ] b {H < G (2) M\ a 2] b KT = S,
Pt A

lim s, = lim S,,, lim 5, < lim S,
n— o0 m—00 m— 00 n— 00

fH2

lim s, < lim S,, = lim §,, < lim S, = lim s,
n—oo m— 00 m—0o0 n—oo n—oo

JIT AR AR BR A ATA 4, BRI :
1i_>m Sy = li_r>n S, = li_r>n 5y = li_}rn S,
Bl 3.6 K f(x) =2z —2* M\ 0 F] 2 (AL

fig: W Of(x) =22z, f"(2) =2 f(1)=2-1=1E f(z) WWKMHE, If
Hy=2z—2 76 (0,1] ki, 75 [1,2] b, T, RABLXE [0,1] A
[172] %IS n %/\7 ﬁﬁ)ﬁé&bﬁ Ty = %a 1= Oa ]-727 .. .,271, El]ﬁ

O:x0<x1<x2<~--<xn:1<xn+1<xn+2<--~<x2n:2
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1 A A
HAz, =2, —2,01 = ot i X 3 153

1 & i i\ 2
lim — o( L) - (L
st > (2)-(2)]

f(z) =2z —2*M 0 3] 2 YA

1 <& i i\’
—lim =S |2 (L) - (L
TN HONE
1

I
=
gE
3|
B
3
[\
VR
ﬁ‘s.
N————
|
=g
g B
b
3
VRN
S|
N————
[\

I (2n4+1)2n 1 2n(2n+1)(4n+1)
— lim — -

n—)oonz 2 n—oo N3 6
1 1 1 1
=2 lim (2+)— lim <2+> (4+)
n—00 n n—oo 3 n n
_ 8_4
3 3

4:>]
L BRI S E sl v = ¢ + 4, SRS AERT 10 B4 Prk i B AR
2. 3R fz) =2 £ 1 <z <2 LA

B e B SCHIEACTE R

L EBUES
RBEC F(o) 7 [a,b] LHESE, WRAEEAIRAD A

a=agp< a1 <ay<---<a_1<a,=>

(A% f(z) FTERADBL [an-1,ai] (k= 1,2,....0) FHGRZHPFR, AL f(2)
Moa E b AT f(z) A a 2] b By, FFCHE

/bf(x)dm

B BUMFS BRI K S TERGRAIS 0T TS X K Az, =
”kj“lfﬁﬁwm,mkk%td%%ﬁ.
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AL o 5 b TR (o T TR, b FRh BB, IX[E] [a, 0] FRH
B IXIA], BREL f(2) PO EEL, A f (o) do FROMERER R, EROFF
SR FEEE o B b

iR L E RS Rt

[frome-$ [ o

oo / " () de B F@) HETIE kA [ ap] FROSCER B

ap—1

0 () T Gol) M\ a1 51 ax MORIROIERIRBR,
/ fl)de = Jim BB )
= i "0 s
BN L TR BB [(2) 4 o < ¢ < b 1AM

sk, MSEAER R L. FICEB BRI {gn(2)}, {Gul)}, B
gn(l’) Sf(x) SGn(x)a a<z<b
L gale) W a 510 B0 5015 (o) M a 51 b 671 S, SURRIBORERE, i
AR f(2) M a 5] b HIERY / f(z) da.

2 FTR, ERAEEE T, RATEXT a < b, RIS R ER/NTAA BRIV S
AR TENL, # a>b, TlIEXL

/af(x)dx:—/bf(:r)dx

BEAh,  d T E R A AR BRI A, B AT DAE

/a flx)dx =

ETHEMMEZ G, AL a<b a>bH a=0b ERMRAREXT.
%>

2
1. klE/kxdx—kbka (a <)



kS

B RS A A KR 1

0
2. jz/ (x2—4:6) dx
8

2
3. j{/ (:c3—3x) dx
~1

Tl AT R i Ze A v B

SR B ETE (8 3.11) 7T A PIAL EAHE H i B
GRSy, B A HARE (K 3.12) |, FEX B AHER N ik
T (B 3.13) « PIATATIR A — A4 T — i, DRI BB T A B T
W=, SRR, FRATH PSR T 5K o R T AR 170 AL

Kl 3.12 Bl 3.13 Kl 3.14

g
Wy = flz) BEXIE a <z <bHBRHELSEE, MA f(z) >0,
MK R={a<z<b, 0<y< f(z)} WHHET

/abf(x)dx

EW: / Flo) da B AR, FEAEWT RSB REL {90 (2)} 1 {Gn (@)},
W R T

gn(2) < f(z) < Gn()



178

>

NN
N Y
Y
NNNNNNNNNNNNNNNNAS

Y
NNNNNNNNNNNANY
NNNNNNNNNNNNAY]
R
NNNANNNNNNNNAY
NNNNNNNNNNNNNY]
Y
RN
NNNNNNNNNNNNAY]
NNNNNNNNNNNNNY]

AN RN

N Y

Y

N Y

N Y

SNNNNNNNNNNNNNNNNNY

A Y
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b
L Gu(e) Mo 10 TS g(0) M o 316 ITESTSFIONR [ f(2)da.

/?\

<b, 0<y <gn(x)}

:{agx
={a<z<b 0<y<Gn(z)}

Ry
R

/
n

FERTL R D, (/& 3.14),

AR PR T

=

=mn=1
==

EATHR R H

/
n

FEXIHR C R

R, C ks

7 H.

R, T = Gu(z) M\ a ] b BJF1S,

R TR = g, (z) A a 2 b B sy,

HIEE)

sn < HEABE KL R FYTA < S,

o0 XA

i3

b

f(z)dz

im S, =

1

n—oo

lim s,

n—oo

TE s, FI S, FRIEAYSEEL, FrPA

18

Sl e

b

f(x)dx

A_ (f7 [avb]) -
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4>

1
1. ?J{/ e* dz.
—2

eAr — 1

P

Azx =1

2. KAE x =015 o= [IEZHL y =sinz 5 Oz BT ELigHR.

= EBUREATE R

Sy BRI, FRATLYRE LA BB R BB IX 8] B8 Honl DAy B il
Bl f(2) 2AE [a,b] EIESTF HIAA A RAE AR/ IME ) R 2L

Fa<b<e, A,
b c c
d dz = d
/af(x) “/b f(z) da /af(w) .
b

W Y / o) da F71E, MOWETE [0, b] 100 f(o), FE 41 . FoE

BB {ga(2)} A {Ga(2)}, 45

gn(x) < f(2) < Gn(x),  x€[a,b]
HARRZ Bk R EAE [a, b] EROAL s, 5 S, &
b
Sn < / f(z)dz < Sy, Sp— 8, =0 (3.4)
XFTAE [b,c] ERY f(z), FIFEASE
gn(2) < f(2) < Gulx),  z€ b

H

5, < / flx)dz < S, S, —5,—0 (3.5)
b

(3.4) + (3.5) 135

b c
%+%</ﬂmm+/ﬂ@m<&+$ (3.6)
a b
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F—J7MH, T RE f(2) (a <o <o) A1 R iH— 4B 20 :

gn (), a<z<b
gn(x) = { max (gn(b),gn(b)), = =0>
In(z), b<z<c
Gn(z), a<z<b
G(@) = { max (Gn(b), Gu(b)), o=b
Gn(z), b<z<ec

LR 2, BIHEHO §a() 5 Gal) I a 5] ¢ BRI 50+ 50 A
S+ S BN ga(2) 55 G(x) WAL
L. gu(z) < f(z) <G(x), a<z<c
2.
lim [(S, +S,) = (50 + 8,)] = lm [(S, — s5) + (S, — 5,)]

n— o0 n—00

= lim (S, — s,) + lim (S, —3,) =0

R DR A B i 7]
Jim (S +5.) = Jim (50 +50) = [ f(@)do

c b c _
Bl / F@)dz 5 / @) dx+/ F(@)dz ERRBE sn+ 50 5 Su + S
a a b
e 18 i ME— S8, FIrbA

/:f(x)dm:/abf(m)da:—i—/bcf(:r)dm

#r f(x) = fi(x) + fo(x), M:
/f(m)dx—/fl(a;)dx—i—/ fo(x)dz

WE: &% {gn(2)} 5 {Gn(2)} 2 fi(x) £E [a,0] BRI EL NIEFHEES], X

{gn(2)} 5 {Gn(2)} 2 fa(2) 1E [a,b] LY b T IGEBHEEED. s, S, 50, Sn
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b b
SRRSO a 5] b 1. / fi(x) dz F / fol) da BORFTE

H .
~F -

N

—_

gn(2) < fi(z) <Gu(z), a<z<b (3.7)
gn(z) < foz) < Gu(z), a<az<b (3.8)
7 H.
b
o < / A@)dz < S, LS, —sp— 0 (3.9)
b
5, < / fo(z)dx < S,, HS,—35,—0 (3.10)
i (3.9) + (3.10), 7551
b b
Sn + 5y </ fl(ac)dx—i—/ fo(z)de < S, + S, (3.11)

AT, B (3.7) +(3.8), 53
gn(2) + gn(z) < fi(2) + fo(z) < Go(x) + G (), a<z<b

MH., gn(2) + Gu(z) 5 Gu(x) + Gulz) HRLE [a,b] LIIHEEERE, FATZBE
HENTZ fi(2) + f2(2) 1E [a,b] LEG—HIS @R R 2.

A -
9n () + G ()M a B b 1IFT = [ga(2) A a 3] b fOFI + [g.(z) M a B b fF]
=5, + 5,
G () + Gu(z) a B b 19 = [Gu(x) A a B b A + [Gr(z) N a 5] b 1H]
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_/ d(tanx)
tan?z + (V/3) ? \/_ <tanx> 1
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.
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D7 ¥E ] AR B S A XA E R HITCI) — K Oy R

Bl 4.40 R /e'“” sin bx dx
figt :

I-/e”sinbxdx-/sinbxd(e)
a

:sinba:~e—/e d(sin bz)
a

a
eaa: e(l{L’
=sinbr - — — bcosbx dx
a a
. ea;v b eaa:
=sgsinbr - — — — [ cosbzd | —
a a a
axr axr axr
. e b e e
=sinbr - — — — |cosbr - — — [ — d(cosbx)
a a a a
eaw b b2
=sinbr - — — —QCObe - e — — e sinbx dz
a a a
eam 2
= sinbx ———2cosbx e‘”——2[
a a

PIrbA:

a

b? 1 b
I(l—i—) = —sinbz - e* — — cosbx - e
a
I

_ e*(asinbr — bcos bx)
B a? 4 b2 +C
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Bl 4.41 3K /\/a2+x2 dz.

fiR:
I:/\/a2+x2dm:m\/a2+m2—/xd(\/a2+x2)
2 2 a?
=zva*+2?2— | ——dx
/\/a2+x2
—m\/m_/“‘”a? dx+/“2 de
«’a2—|—:c2 ,/a2+x2

:x\/a2+x2fI+a21n(x+\/a2+x2)

Jir A

= fx\/a2 +z2 + a 21n (az—i— va? +x2>

B3R 85K (4.18) B RE T —2ER AR IBIA 5. Frig sk 1Y
B/\—t/‘i'fEXEi_J_*/Vﬁﬁ%H@f&/\ﬁIEM@Z n BV SR R U A TR
Bon—180n -2 PR RRNX BIREOKR n =k B, BRI XA
KANBREMEY n = 0,1,2 WEGEEBY, TRITPRENEREM n BEIR(E
n=0,1,2 PRy PRI IR, Xt .

Bl 4.42 >k /sin"mdx.
fift: 24 n=0H, Ioz/(sinx)odmz/dxzzr—i-c
X
I, = /Sin"acdx = /sin”_lxd(—cosx)
= —coszsin" 'z + /cosxd (sin"i1 )
= —coszsin” tx + (n—1) /cosxsin”zx -cosxdz
= —cosxsin" 'z + (n—1) /sin"2 z(1—sin’z) dz

JIrPA
I, =—coszsin" 'z + (n—1)I, o — (n—1)I,

R
nl, = —cosxsin” ‘x4 (n —1)I,_, (4.19)
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SUERAVIRIIAR (119) kK [sin'ode. 1= [sintods, F12
41, = —cosxsin® z + 31, (4.20)
2], = —cosxsinz + I (4.21)
B (4.21) fLA (4.20) 15

i 1
41, = —coszsin®z + 3 (_Slnxcosx )

-1

2 ok
.3 3 . 3

= — COS I SIn m—ﬁcos:rsmx—i—ix—kC

FIrA

1 3 3
I, = /sin4xdx = —zcosxsin?’x — gcosa:sinx—l— gx—l-C

%>

LSRRI ERY

arcsin 1‘

(a) / xsinzx dx
(b) / x cos 3z dx
(c) /xsin2 gdx

e

0=

w [

(d) / ve da /
e) /(:c—l)ewdx /smx In(tan ) dz

w [

o [

w i

arctan x

x2e3® dx

€% sin? bx dx

(f) / (2 +z)e " da z” arctan x dz
(2) /xseczxdx

(h) / xarcsin x dx

xedx

2. KB ERS
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(a) /arctan Vrdz (d) /(arcsin r)*dz
(b) /ln2xdx (e) /sin(ln x)dx
(c) /ln<x+\/1+x2) dz (f) /\/4+m2dx

BT EBETEEE S B
e SEBUYIRIEEE

B A B, ) / F(x) dar HHEAZE N B / f(z) dz
HIFEL, HURE RS f(2) E’JE‘@%& F(z), W)

[ﬂmm—

TRITFAAERN AT A ] B ok E B

= F(b) — F(a)

(—) ERriicHsik
%~ﬁﬁ&«&/ﬂmmndwmu=wmﬂﬁ,%z

/ fle(z))¢'(x)de = /<P(:) f(u)du

2
B 4.43 jﬁ/ sin® z cos x dz.
0
fit: M
1
/sin?’xcos:rdx = /sin3xd(sinx) = zsind‘x—i—C

Pt PA

s
5 1 2
sin® z cosx dz = = sin* x‘
0 4 0

1
= - |:bln4 T 0}

1
T R 1
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Bl 1 (55 Rl R ARIRTE)

W f(x) T8 [a,0] FIEZE, fERIR 2 = o(t), Hd o(t) FEH—H X[
[O‘aﬁ] iﬁLﬁ—?j—’fﬁg@(), J:‘[agtgﬁﬁj‘, aS@(t)él%ﬂ@(O‘):a?

@(B) = b, A2
/f dx—/ Flo®)]e (t) dt

EW: 3% f(z) — A0 Go), Bl
1, C@ = f(@)

TR MR EA E PG

/ f(z)dx = G(z) Z =G(b) — G(a) (4.22)
WL ErRRACR S,
L 6lplt)] = - G(a) Tl

— f(a) - ¢/ (0) = Sl )
BRI Glio0)] 2 Flo(t)le'(6) iR, AT
B
| fietneat = Gow] o)

= Glp(P)] = Glp(a)] = G(b) — G(a)
R (4.22)(4.23) PIABUMIEE, FTPA

/f dx_/f o (t)dt

EAAXGAERHIBICARMRERL, IIAFEKR, FE R
FIAJE, B R AUER ) IRAVEAH Y Y .

¥ 4.44 j{/ va? —x2dx
0

%=¢ﬁﬁm=mmu%xMO%ﬂaﬁywmﬂtaoﬁﬂ%,T%

3 71 2t
/\/ —x2d:r—a/ cos tdt—a/ +cos dt
0 0

(Y nar :
=— — sin
2 2
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4
. 1
¥l 4.45 jz/o 71+\/5d1:

fig: War=u TR
11
1+vz 1+
GERR: M o =0 1, WA Vo =u FH u=0; Y z=4nf, i u=2
T

| 21 2 1
/ dx = -2udu—2/ (1—>du
o 1+ o 1+u 0 1+u

2 u—In(1 + u)] E —2(2—3)

dr = 2udu

Bl 4.46 KilE: /af(x)dx:/af(a—:c)dm
0 0

W: #x=a—t, M de=—dt, HY42=0/}, t=a; KJx=alf, t=0.
T

.
/f d:r—/fat —dt) /fat
:/Ofa—tdt:/oaf(:v)dx

RATES =8I, BN A R, BRI R, 7
WEIT IR, KK
‘k/ T R s e =,

/1 de /1 dt
P IR N

tod ‘ 1

FR | o = 0 R, R, i x = 2 21,1 BIER
—1

RS,

() BV 5 B 53
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Wou=u(z), v=10)1E [a,b] EHESENTEY o (2), v'(z), WA ZHR

A /NN
b b b
/udv:u-v —/vdu
a a a

WEWI: iR e % A, B

u(z)v(z)

G2E

—_\
o

b b
/ u() djo(x)] = u(®)o(b) — u(a)u(a) — / o(z) dfu(z)]
B A R B A R AL, (R, X AR

IBR.

y
Bl 4.47 jE/ i | arctan z| dx

V3
W B | arctan| SBRE%, HiDL

V3 V3 V3
I= / |arctan x| dx = 2/ |arctan z|dzx = 2/ arctan x dx
-V3 0 0

B u(z) = arctan, v'(2) = 1, W v(w) = =, FIFAMBANAR, 153):

V3 V3 V3
I1=2 / arctan z dz = 2 |z arctan x‘ — / x d(arctan )
0 0 0
=2 [V3arctan V3 — / dz
14+ x2

0. _/fd (1+22)

1+ 22
2V/3 2v/3

o
—w—l (1+x2)‘03 —w—1n4

Bl 4.48 K / ® sin™ 0 do.
0
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m;ﬁLfi[%MWM,ﬂﬂ%LQ%% | 83

0

s
20

nl, = [—cos@sin" 6] | "+ (n—1)I,_,

PEAT SRR b, FIRESTE, Bl Emss Ukl

-1
In = z In—2
n

T R n e BRI AT PR O

L 45 n 2 8%, A

n—1 n—1 n-—3

In: In_Q: In—4
n n n—2
_ _n—l n—3 n—>5 1]
- T on n—2 n-—4 270
3 ™
st fo= [ "1 a0 =7 ik
0

~_(n=1)(n—-3)---3-1
2

™
I, = .z
nn—2)---4- 2

2. % n2WE, BT

3

us

I :/2 sinfdf = (— cos ) =1
0 0
JIr A

n—-1)(n-3)---4-2

I, =
nn—2)---5-3
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L SRS ER Y



234

(a) /4(1+sm9)2d9 (h) /2 V(d—a)(z—2)dx

5
T 1
4 cosfdd i da
[ T ARG
1 2 Lz41
v j x
(C)/o oy D V=
n s
o [P g (X) /ﬂ * cotfdo
V1— a2 6
0,2
x
V1 — 22 1 d
7 1—22dx ()/1 T
T 2 z .
) / i C(z)s xdsc. (m) / 2 sm;: da
o a?cos?zx + b?sinx o cos?x

2n 2a
(2) / [sin wt—sin(wt + ¢)]*dt  (n) 22V2ax — 22 dz

0

maﬂ/ dxz/zwdx
0

cosx + sinx CoST + sSinx

(Ferm: A Eﬁ%ﬁ%w—**y)

14 222 B C D
(1—-2)(1+2) =4 —z (1+m)2+1+x
WMo, A X
/2 14 223 e
) A—a)(1+o?
T—a
()k%ﬁa%ﬁ/wuzh+mm:o

4 SRR hm < +1+n—|—2+'“+n+n>

5. R—Z=WEZWK f(x) = az® + ba® + cx + d, fFEW R FIIHM:
-1)=f1)=0

(a) f(
w/Qﬂmmz
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6.@yﬁﬁ~4%ﬁ%m,¢y=mn@mﬂyz/ﬂtlm
0
2) dt 9P %

aﬂﬁ@ﬁﬁ?n&ﬁ—ma@mz@mmiﬁ%kﬁﬂ%m

)

(c) SRTEMZ: y = (2 — 1)(2 — 2), = BIRIHALST © = 0, 2 = 3 2]
I TR,

7-@)%f@a—@——ﬂ@»ﬁﬁlafwmw—m
() # §(2a—2) = fa). K [ fa)as =2 [ )

(c) W5 [y sin®z cos® xda Al / sin® z cos? z d.
0
/32
8. 3k / cos™ 0 do
0
[T
9. 3R / 23 cos 2z dx
0

37
2
10. 3R / sin® 6 cos® 6 d6
0

BN )08 2SR

MBI y = f(2) 5 o §h, 2 = q, 2 = b Z[ERHEABHE

WA HRET
b b
/ydx:/ f(z)dx

XFTAERERFHEE. FALE T ABCE M B AR, (BRI AP
it £k

y=f(£)7 y:g(x)v US [avb]

P, BAEFAPRIGIRA XIS R f9mfe (14 4.4).
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|
# f M g BFEXE] [a,b] ERIEZRE, TH f(x) > g(x), ABATEML
y=f(zx), y=yg(x) Ml z =a, x =b ZAHXIE R WEHHET

A= / f(z) - g(a)] da

VEWT s LEFRATERE Ak EH/NT %L g 7EX ] [a, 0] _ERYE/IME, TXF
Th—14 2 € [a,b], g(z) —k > 0.

M f(x) > g(x), HHTE—A = € [a,b], ®H f(z) -k > 0.
W& z,y AT y SV EIR AR R oy, TR s e Sk AR 2 g AL A
1 (0,k) (K 4.5), BXAARAR R 7 f A

z=u1
y=vy +k
SEHL, TRIEOR Y s B RAE B AR AR T R
fi(@) = flx) =k, gi(x) =g(x) -k

PREL f1 F1 9o FEIXI] [a, 0] EATES HBCRAME, BATEREL fL M g1 Z K
Rik R ={a <2<, gi(z) <y < file)} MRFERHRIER R = {a <2 <
b, g(z) <y < f(x)}, B, R MR HBISET

A= /abfl(x)dx/abgl(x)dx
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A E B po T it — 215 )
b
=/ [fi(x) — g1(x)] dz
ab
2/ {[f(:r) — k;] — [g(:r) — kz]}dx
b
— [ 1#(@) - g(a))az

Bl 4.49 KEZL y = -2 MWL y = 20 — 2® FrE ETER IR A.

fit: HASMWPLLT (2,0), (-1, -3) P, MEHERERE (B 4.6) . A5
SEHL, 133

A:/lz[(2x—x2)—(x—?)]da::/lz(—xQ—i—x—i-Q)dx

1 1
= {—31;3 + §x2 + Qx]

Y

Kl 4.6 el 4.7

Bl 4.50 SKIMPYIL y° = —4(z — 1), y* = —2(z — 2) PrEEHIETER T
fi: EAFDEMNER (& 4.7) , H# T{E’Jﬂﬁ/\x'ﬁ (0,2) 1 (0,-2). T

[ 30) () o

1 1 ’
= |4y — =4
il 34

-2
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Bl 4.51 REBET v L% T o) (0<a < T) BRI

Y

P(rcosa,rsina)

4.8

fi: WE 4.8, ¥ OBP X&)k AOCP BRI S5 =z CBP 1)
XA, I
A(OBP) = A(OCP) + A(CBP)

B4 P AR (rcosa,rsina), B0k
1 _ r?
A(OCP) = 5(7" cosa) - (rsina) = - sin 2
R T R 22 4+ y? =2, FrPA

A(CBP) = / Vr2 —x?dx

AT 2 )
A(OBP)ZCLSiHQQ-l-/ Vr?—az?dx
A p— i T
& xr=rsinf, 0 € [ 2,2}, il
LT
0 = arcsin —, dz =rcos6dd

r

H24 x =rcosa A,

. [T
6 = arcsin(cos ) = arcsin [Sln (5 — a)] = - -«

U
2

Yo =7 I, G:arcsinlzg
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FIrA

2 jus

A(OBP) = TZ sin 2a + (r cos @) (r cos6) do

m\

%
*—sm2a+r cos? 6do

Q
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oD wﬂ
+

w2

@,

5

B

S
| I

&z
=
DO
Q
+
=
[\v]
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S

=
N

I
v
Q

Moo =2r W, W EEAARE R E R .

Bl 4.52 P g@fi iz y =2 EshR, MR O s AL L) B3,
w0, P 5lHZ, BEMll4k y =2" REZK v =1 FTREEIEAIBINE 4.9 4
Fﬂwiﬁﬁﬁﬁm, SREUX T AR N P AL A,

Y 2

(A1)

Pl 4.9

fit: B P SHARRRE (6,17), (0<t<1). H& OP Wi y =to, WH¥
TR S,

t 1
S:/(tx—mz)dx—k/ (2% — tz)dx
0 ¢
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S’:tQ—%: <t+\f> <t—\é§>

H S FFSmfe, 4t = \f i, S /MBSO R AR 2

V21
22

2 2
Bl 4.53 kA %+z—2:1(a>b>0) TR A (& 4.10) .

Y

TN
N

P 4.10

fiid: mFEDEAXERRE, BRI RS —RERAR A, LA 4 pl2 %
B HRL, A

A a
e d
1 /0 yer
. . T = acost
X BRI R S 807 1 T, %o =altf, t =arccosl =0;
y = bsint

Mo =0 /Y, t:arCCOSO:g,ﬂ:%

A 0 0
7 :/ bsintd(acost) :/ (bsint)(—asint)dt
2 2

3

2 1
= ab/ sin?tdt = —abrw
o 4

BrPA: A = mab.
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CORTEMIZR y = sin2x, y = 0, x € [0, 27] Z AT F.
SRR A £ P DR R T AR -

1
(a) Z/:8—§x27l<ﬂy:3.2
) y=a2> -5z +7 M y=—22>+10z -5

2
(c) y=sinz fly=—z, >0
T

SKUARIZ y = sinz (ngsg); y = cosz (gsmg) il

Y = 0 g ISk .

(a) IS 2 = -1, y =t(t* — 1) ZEMK y* = 2*(2 + 1) L

=1
w)%tmt=—2§%ﬂt=2ﬁ,¢m%%{$
x=t({t*—1)

RIGEY

(c) sk 22 PR 7 FEL X S T

TEliZk y = 22 — 20 + 2 53 (2,3) WELFTHEMEE T, K

T TR NS 2% )y .

SR y = o2 B AZ LR (2,4) fUEI4H o BT TG

T

Bk C 2 y=a? — 7o+ 10 (z > 0) 541 A(0,1), [FIFF 5

i

(a) Kb A BB ML O M8 Bl 1s T HALHE

(b) B S RE% o= 1 SMA C Wi, Bk C sl P
NS SEENE] T A, KB AP e Dk 8 2 i
S, Fak A Rk A

SKIE (0,0), (1,2) P HHIAILE , B0k By DA KR -

(a) EREFRETART » B, FL L

(b) B15 T FE Ik AL .

XIFRAFAT y B S 22 + y? = 4 91T A(0,2) sidfdlid
B(=2,0) i, THRIPILS 10T X I T AR
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= AT R o S A BTk

SFF AT — ALk, FATE— KB A brih, BUE L b — e
A(E411), BEXSIRERTIE 2 =a 5 « = b Wi FHEN « fifyEE T
T (8], XCANRTE R R o AR Al — e B TR, I HAR e B akisar
PREEI A HAE © IEZEREL A(z), a < o < b, IRASLARRYARFRR] i E -
G S

L 43 [a,b] Ry n fry, HAr s
a=Tg<T1<Tr < <xp,=0b

12 | Pl = max(z; —2;-1) i=1,2,...,n

PAEI @ = @i, 0= 0,1,2,...,n BRI n AN/NRIE, FREAAR
BEBEAEX n AN/ NERITHI AL

2. KRBV R RFIAE A B SR SL AR AR BT ATL. 2 REX A — N HIT, BT
TN ¢ =201, =x; 28], TR (&, —xim1) HE, PAA(zioq)
VE MR T ALY B (R FR 2

A(mifl)(mi - l'ifl)

T, BAVERFORIAR VAR5
ZA(J%A)(% - 3%‘71)
i=1
3. XPMIBURER - MW JCRRE I, ([Pl — 0 1, A
n b
V= nh_}nolo Z Alxiq)(x; —xim1) = / A(x)dx
i=1 a

PUAERF BT B 45 T T B
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AR CHI—AN 25 5 W SR 2 BT 7 [n) ir A O RE T i T A, G
SR T T Y BT VRS o BT ), ST AR AR R A2

V:/abA(a:)dx

ik Hop A(z) 2R @ AREIBTIIEY TR, a. b Sk S7 MR i Y i
W e A .

Bl 4.54 SRIKAKN a, H24 b 1 IEPUREERT AR

=

w:y:%w—xy
A

FIrPA
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WERSLAR R etk RISeshth— P2 y = f(@), 58 o SHERL i
TRHAYSLA, NIRRT R A y AR AeRg [, B AL AR R R B4 T

b
V:W/ y*dx

WR c<y<d, =gy Gy e, W

d
V=7r/ 2% dy

Bl 4.55 FHEKIEARRE a, BRELITRZ b, SRERBUGABL

\__/

/
< h >

[

P 4.13

firt: B2 2 +y? = o® 58 o SR TSRS R, HLERC ) Bk i FH 2
K oa— h, WEROENERE IR o, W R A(x) = my? = n(a® — 2?).
(F 4.13)

JIrPA
V:w/ (a*> —2*)dx =7 [agx 1953}
a—h 3
a—h
2
= %(3& —h)

Bl 4.56 TFRUREEAE G v MR, F b EGHEBL V.

fir: BEIRAIGAIEAE oy P EAYE B

_R-—r
h

Yy x+r, (0<x<h), z=0, z=h, y=0
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h 2
V=7T/O (thx—i—?“) dz

kv 223-%—27“ Ror 22+T2"E
h 3 h 2

_7Th

= ?(R2 + Rr +1?)

T

B 4.57 S iy = o (0 A D).y =1y =0F o= 1 B
MBS 2 = = 1 HEs%, SRIPA A ERE R UR (1 4.14).

fiR: y BhaEECT R RRORLINTIA, SRR EIREIR RS y, WA IH Y
[iigi2

Ay) = (1 —2)*
T

Ry = T R, BORSREAEE, EAR
_ Y g !
e A e
T2
Aly) = T
W=
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%>

LR o BEIEEE, R — A BRI SR E A 60° £
(T 2, SRR 4.15 Ak, SRHARR.

2. ML y? = dax FIHZ © = h JrHEIXIESE © i —)H
SR A U (AR TR

3. SRIKIEAE v, Wk h B AR

4. B 5 + % = 1 BRI KIS o BERE, SRILHER: B
KA AL
Inz

5. HHIZR y = ——, ar BRI Aok o A 5 O G\ AL BT Y DXl
58 o RBERE, SRRBERE IR IAEL.

6. WA A 2 SERYTIURURN 22 SLAO SRRl (EALTF P AR B Y
PRI, —zsiEIEE, A OER &R A E, B/
PR AR, BRSO T AL L, RAEE A A3t
BTt Bah—BUieg b, SR e o 5 B A sl (AR

TRy =4—225 o W2 AMRKELEEL v = —1 — LRI
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8. K 2%+ (y —b)* = a® (0 < a < b) 58 = RlEHs i A L e (A h)
(L3728

SO T AR I8 —— AN B 1Rl S 1

AT 2797, JATEYL, — R 5524, ENatz
BIAHZE AR B2, 2, BOVESSBRIAEEF AR IS 24
R A th CRERY ), MR MREE MR eR AL, FELATE, i — A0
SEMBUFINER. AT RGXFBINE, BAHEEREEN— 5, Wit
Ui, BBV AR, (e M, SRR —E WA A PR I B R0 B2 R
ZHY, TS — L B S,

Bl 4.58 TR m AERASINEE o FELIZE), BCEMPTEERN u, K
JRRAE ¢ FbJ B Zead i .

s = a, Bk
v=at+C (4.24)

R, Mt=0H/, v=u, LA (4.24) 1%: C=u, FPA
v=at+u (4.25)
B S = ua, SRR, BEER

ds = (u+at)dt

/ds:/(u+at)dt

s =ut + %at2 + (4.26)
Hilia el M t=0m, s=0, fLA (426), f5: C"=0, FrPA

PILSRAERY, 15

s:1ﬁ—k%a9 (4.27)
HFTR. (4.25) A (4.27) LR FATHE IRz sh 2.

Bl 4.59 EAEJE S AL B — S m, BRIRHEE vo 5K « B o 1, X
YERAER S m B A FRE Sy, KIS m i3l 2.
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fitt: BT m AR (2, y), ERIBUEY M 3, TRivE » By B
I
LAy
MU Yo dt
WA = By Bl B 523 ile
dv, _ Pz dv, _ dy
e de2’ ¢ de?
AL IER e, 195
dvz _0
4.2
(%:_Mg (4.28)
Hp:
dv, =0
dv, = —gdt
JITPA
Vg = Cl
(4.29)
v, = —gt + Cy
AL CL M Co RIS e, ITRA
dx
Vp = — = UgCOS
t (4.30)
v, = v —gt + vpsin
Yoode
HIE
dx = vgcosadt
dy = (—gt + vg sin ) dt
PR ER MG
x = (vgcosa)t + Cs
gt?
y=-—" + (vgsina)t + Cy

HF, Ht=0m, z=y=0, Hit:
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TG EI R m PAIRTE] ¢ S S8R0 7 72
x = (vocosa)t
e (4.31)
y=-"75+ (vosin )t
HZEt, 15
_ 9 .
v= 20¢ cos? a Frtana
ek, 15
( vg sin 2a> _ 2ugcos®a ( v2 sin® a)
y—
g 29
02
swrte (D20 ) e (e 1.6), HAAS
2 a2
RIS y MRG0T, SRR ENESIIERYE O I, AT
2
B LRI D el o R T
vicosa  visina v}
29 29 2
IR LR B O B AR TR B R R DS, T S 45 AR B R/ N TG 2%
Y
_ %
Y= 2
Vg
. . 7g.%'2 t
J= 203 cos? « Trtana
0 A
B 4.16

TFEFRATRTIE N RIS S R T 2R AR 1) )

TEARZ B Ay 5 ARG b, — 1 il o5 ek [) 77 22 QMEM)ﬁﬁwzﬁﬁﬂ
y(t) MIHPAERGE L E], s, BIEE— 2B E Ak (5
t LK), s

y'(t) = ky(t)
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%

—é%y(t):: ky(t) (4.32)

N AR S TSR TG 3R P M A Al AR PR 4 811

A A FEER) SRR kK, BURRRALZE 47, MR
2%, W k = 2%. BN DEERAIZZAL R LR y(t), Ak y(t) RBEG Hil T
BRK, FATAILACEHREA-THEE, o) WL TRy &0

y(t + At) — y(t) = ky(t) - At

BoE 2, NI 5 B ) TFA 0 L 8, DA KX By [ 18] B 8 L],
ap
y(t + At) —y(t)
At

= ky(t)
A At — 0, B X5

d

ay(t) = ky(1)

WYL, AN TERNZ] ¢ ABEIAE AR5 I E y(z) MU SR sk
y(t), FAPRMBEARILE R TR

{ %y(t) = ky(t) (4.33)
y(0) = A (4.34)
£ (4.33) WEMW

W) _ g

y(t)

Bi: In[y(t)] =kt + C, MBIGRSEFEREE C WE, 15:
ImnA=C

Bibh: Inly(t)] = kt +In A, B0,

In % =kt
H A5
JIFPA: y(t) = Ae™ K.
Sgh e, SR A
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Wy (t) = ky(t), y(0)=A, N:

y(t) = AeM
Bl 4.60 FHIKTTHA AL 10 J7, B4 3% MR, FJLFER AN

AN 2 £i5?

fik: Bt AERATINGE, TRIKEES
10e3% =2 x 10

AP €003 = 2, WILICE FATEL, 15

0.03t; lge =1g2
~1001g2 @ 0.3010
"7 3lge 3 0.4343

R~ % -0.6931 =~ 23.

H N2, A

1
MR, A TGOS R AR %, B 0 = o, Pl
—H 2
W Z K 0.05 0.04 0.03 0.02 0.01

DI b | 29 144F 25 1T 4F 2423 4F 29345 4F 2 39 4F
PR AT Y ) T A 7 22 05 .
Bl 4.61 HORHETCE AR BEIN ) ¢ ASLEY AR N(1), A = N(0) A
BRI, b RIS, EAOMETTR 2T At ERTIOBAE, R sk
B AN() = N(t+ At) — N(t) STERZ] ¢ (50 N (1) FosBOASITE At 1§
HA, B

AN(t) = —kN(t) - At

PR HTHTEZ KBRS , 0L AN O, W25t % A E 2R T T
—2j?

fir: WS, A o
= _EkN(¢
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MRAEA A, 55
N(t) = Ae™™

wa b AF, WONTECERBA T, EEAR G TR R

TR
. _In2 06931
YT Tk

N BT R R IR A

JLHR m Ar®? e CH S B
P 269 4 5730 4£ 12.3 4

JLHR flL 129 i U238 fih U230
Ly | 16 x 106 4F 4.5 x 102 4 0.71 x 10° 4

BN TATLAE T BT A 0 4 BRI MO TE 2, 4R AR AR
(0, WA R P TC R RO O TT LAV 4, T DATRATT T DA e
PREAMORINE, R A A T BT R, S TR BT RHE
HIERI) “4EI.

%]
L SRR AIR A £k
y =2z Yy = i
(a) { (c) 3x
y|m:m0 =% y|z:0 =4
=2
m>{y v
ylw:O =0

2. E 20.2°C, HIEZH) 5% [IPFERIONT , 4N RE ) R
Jy 1%, BHTFIAITA 1000 A0, TRATE 24 /NG ER R %

7

3. ARV E v AR ¢ BN A PR A K R T
Bt =0, v=30; 24 t=0990 i, v=060 KINFELYH
t =20 B}, v [HE.

4 BRIy = Jo) W% 1 ST R,
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Lx=0H1, y=/,(0)=2 Y z=1H1, y=F(1) =4, K%
y = [f(z).

28 4.1

L BRI ER

d
(2) /1—;;952 (d) /:vsec2xdx
(b) /1—sin_3xdx (e) /xe2m+1 da
1 —cos?x
d 2?42
__°r ¢ d
© /sinxcosx () /x(xl) z
2. SKTBER
3 ) ,
da 2—z+z
-« ¢ 2-ata’
(®) /1x2+7x+10 <)/1 (1+2)(1—x)? x
b) /0 &2 )
32+« (g) rzlnzdz
L 1
© [ a/e—aa :
Oln 3 d (h) / sin mx sin nz dz (I 4k
T —7
(d)/o e* +5+6e® m,n BRI m £ n #£0)
7 31 . .
5 1 1 ) T
@%/thflm 0)[12wm
1 x4 — x4 4 g4 ﬁ(a —|—.73)

3. K HIARBR :

o H{(+2) (0 2) e (02

(b) Jim, =5
I A s . nm
(¢) lim — (sin—+sin—+---+sin —
n—oo M n n n

m)mn< LN S +1> 1
n—oo \/n—l—l \/n+2 \/m \/ﬁ
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4. %UJ%HUJ:; M E R4y, UkRH
1 1 1
In(n+1)<l+-+-+---+—-<1l+Inn
2 3 n

5. 0<a<1, Kik:

/“ dz </a dz
0 x3+1 o xt+1

, FIAAES 0 <sinz <z jEH:

»Jk\ﬂ

T dz
~< " <2 4-
1 /O VI—snz "

7. m,n RIEREL, SKAlE:
1 n 1
/ 2™(1—x)"dx = / ™1 —z)"tde
0 0

m+1
8. KiE: /fo(sinx)dac:;r/wf(sinx)dx
0

San" 040 (n>2). Wk L B Lo_s MEER.

/ x2—|—a2 n? /\ﬁE:

2na’l, 1 =

ﬁf#
I

ﬁﬁ

11. % S, = — +
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12.

13.

14.

15.

16.

17. %

18.

19.

20.

A
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B’ f(z) = (az +b)e™/?, 3K a,b WOfE, MFFEE

flz)=e"? -1+ ;/0 f(t)de
ST @ HOfH T
Kk y = 5,y =~ 1, = | FHEKHITRL
SKAEHLE o2+ 42 = 9 il y = %(—xz 1) Z AT e AR T
i)
KB 1(a / & — ale” dz 75 |a] < 1 WHHIRAL.
wo<t<m, %% x BERE f(x) =2sinzsin(t — x)

(a) Hi flo) EXE 0 <z <7 FWMEZR, FHX

~ [ 1@

RYEPAER G UL] F(t) Frm it A?
(b) HRT t MXTHH F(t), HRME F(¢) B/ MER ¢ 1.
Ty Bl v =422 fIHEL v =a, =1, y = 0 FTEENIXE, Tb
B y =422 1l HL v =a, y =0 BRI, HEO0<a<1,
oK
a) Ty %% x REs m s i AR Vi
b) Ty %8 y e M L e AR Va;
(c) B Vi + Vo iR KHT o 19E.
m0<t<— Mgk y=sine 5=&HZL v =t, 0 =2t y =0 FEIFY

% & BIBEREPTRIER AR KB V(0. % ¢ = o B V() Bk, B
cosa [H1H.

Bk y = f(2) WA P(3,4), %ﬁ&%ﬁ“ﬁlﬁz\ﬁ& N T
.

(
(

4 d o
# <L = cosw+y), FREBYY (BoR: ®z=0+y)
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