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(8 L) XA IEZ A, B

cos(a+ f3) = cosacos f —sinasin 3 (1.1)

cos(a — ) = cosacos  + sin asin 3 (1.2)

HEW]: FATERIE AR (1.2).
W o, B ARG ER A ORMER/NRIER) , SEENRGEAHITE «
B4, LS AR S R A P, Po(18] 1.1).

/ ‘y
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P1 .’E/
a 2
B
> T
Kl 1.1

1 Oz Blifigs s B LA AIEITN O B, Oy Rl FFERI M Oy’
B, BATHMF AR P, P
T:E xloy/ ﬁé*’ﬁ?\qja P17 P2 E/‘Jgéi:/j—:\‘%

Py (cos(a — ), sin(a — B)), P, (1,0)
AP REEEE A, 15:
|PLPyJ? = [cos(a — B) — 1% + [sin(e — B) — 0]
= cos*(a — B) — 2cos(a — f) + 1 +sin?(a — ) (1.3)
=2 —2cos(a— f3)

1E 2Oy HARFRp, Py, Py AR

Py (cosa, sin ), P, (cos 3, sin 3)



F—h MmAALEZ0=A &% 3

AP R E A, 15
| P, Py|? = (cosa — cos B)% + (sina — sin 3)?
= cos?a — 2cosacos 3 + cos? B+ sin® a — 2sinasin B +sin? 3 (1.4)

=2 —2(cosacos f + sinasin j3)
FEMAMABAR RS, SZ KR AR, A (1.3) URT (1.4) 5, BIfS
cos(a — B) = cos wcos 3 + sin asin

Rl AT T 2SI Y.
BEAR A (1.2) ML o, B ARG, WA -8 U B, Babiiar

cosla — (—f3)] = cos accos(—f3) + sin a sin(—f)
PR = MR B0 A e, sEs
cos(a + ) = cosarcos 8 — sin asin 3
Xt R rEIER R AL (1.1).
Bl 1.1 REES, 3K cos15°, cos T5° (IfH.

fi: T 15° = 45° — 30°, 75° = 45° + 30°

cos45° = sin45° = Q, cos 30° = ﬁ, sin 30° = E
2 2 2
JIrPA:
cos 15° = cos(45° — 30°) = cos 45° cos 30° + sin 45° sin 30°
_ V2 V3 V2L
22 2 2
2
_ \/6;: V2 0.9659
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Bl12 Csina =2 cosf =5, IHIL o RAGBIM, 5 RAZLH
s, K costa — B) B9 (eS| 0.01).

fi: PR o 5 R IRafH, FTPA
2
cosa=—vV1—sina=—/1— <§> :—ﬁ
KR B 2=, FrbA

2
sinf = /T o f = —|1— @ :_f

cos(a — B) = cosacos 3 + sin asin 3

() (D)

P -

C3VE—2VT
B 12
~ 3 x 2.236 — 2 x 2.646 ~0.12
12
Bl 1.3 RIS TR o, DA 23URGE
cos (g — a) =sina, sin (g — a) = cos

WEWY: R AR (1.2), Wi

T s .o
CcOos 5—@ :cosg-cosoz—ﬁ—smgﬂma

fHZ2

coszzo, sinzzl
2 2

JItPA cos (g—a) =sino
X LR o SERAR, 0L, AR (5) Sl o, BT

Lo
cos o = sin 5—04

Fi: sin (g - a) = cos
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1. 258 cos(a + B) = cosa + cos B WArG? A7 256510
2. AR, KPEARME:

o 4 4
(a) cos135 (d) cos il cos T sin il sin il
_61W) 9 99 My

(mc%(]Q (e) cos? 15° — sin® 15°
(¢) cos1950°

3. EE/'J{%E[I cosf = —1—53, 0 R 11 2FRA, 5K cos (g — 9), cos (0—{— %)

4. UEWT: o SAfEEMI, FEUGE.

3T .
cos | o —a ) =—sina, cos(m + o) = —cos

—. BRI 2R IEE

PIAMER A o F1 B HYR (22) BIIERRSE T3 — N ABIIER AR — M
MR SZIIABI L OB2) 55— MR ARIZFLAE DM ARYIEZRRM. Al

sin(a + ) = sinacos 8 + cos asin (1.5)

sin(a — B) = sinacos f — cos asin (1.6)

WEW]: [RoAE 2205E
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N
sin(a+ 8) = —cos [ 2+ (a+ 5)]
— _cos [(g—l—a) +5|
S [cos (g + a) cos 3 — sin (g + a) sinﬂ}
= — (—sinacos§ — cosasinf)
= sina cos 8 + cos asin 8
PA (=B) Bk (1.5) iy 8, 152
sin(a — ) = sina cos(—f) + cos asin(—B)

= sinacos f — cos asin 5

Bl 1.4 Sk sin15° fl sin75°. (REE32)

sin 15° = sin(45° — 30°)

= sin45° cos 30° — cos 45° sin 30°

VI VB V21
~ 23 32
VB- V3

(X cos 75° [HH).
sin75° = sin(45° + 30°)
= sin 45° cos 30° + cos 45° sin 30°

V2 VB V21
—2 2 T3 s
_VE+v2

4

(AR cos15° HY1H).
BI15 B coso= 0, HL o RAMGRSA, WK sin (6 ) M
s P 6 AR, Bk

2
4
o i (2) -
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TR
sin ((b— %) = sin¢cos% —cos¢sin%
_ 4 v3 31
5 2 5 2
 4v3+3
10
Bl 1.6 KiE: sm(a.—l—QB)S%nga—ﬁ) = cot? B — cot? v
sin“ « - sin” 8
IRV

sin avcos 8 + cos asin ) (sin a cos B — cos asin 3)

et Aty —

sin® o - sin? 3
2

sin? v - cos? f — cos? a - sin? 3

sin” o - sin? 3

= cot? B — cot’a = X Aih

il 1.7 SKIE sin€ + cos @ = v/2sin (9 + Z)

VEWT: AR D5 IRIEZ

[IR7 I E
Eiﬁ—ﬂ(fsin@—l—?ms&)
. T .om
f\@(sm%cosz—i—cos&smz)
: ™ .
= 25111(9—1—1)*Eﬂ_1
ek 2:

oy — 10 - cos & cain X
Eﬂ—ﬂ(sme cos4—|—COSH sm4)
2 2
=\f2<\2fsin9+\2[6059)

=sinf + cos = fEH
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%]
L RBERE Y o, B BUA(ER, 4530 sin(a + 8) = sin o+ sin B AEES L
SEE?
2. AR, RTMHE
(a) sin105°

3 CHisina =, cosf=—1, H o8 HRA_SHA
R sin(a + B) 5 cos(a — B) WI{HE.
4. SRIIE:
. 5% . % _
(a) sin (F - ¢> + sin (F + d)) = cos ¢

(b) 2cos(60° — a) — v/3sina = cosa

U, Wi 22 EY)

WA o 5 6 R (8022) MIEY), ST, Ko hxXwifsiE
PIAn (s8e), Hoash 1 5XWAAMIERBIm 2 (80f). AP

_ tana+tanf
tan(a + 8) = T tanatan g (1.7)
tan(a — 8) = tano — tan 8 (1.8)

1+ tanatan g

RS EXTIAAT  BFHE tan o, tan 8 K tan(a+ 8) A E X, KT,
U EALY o, B, + B, HR%ET g +kr (k€ Z) B, ARAREROL.

Sin(a 4 5) g pE g

WEWT: AT (17) AR tan(a+ 5) =
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ALK A E R, 15

tan(a + 8) = sin acos B + cos asin 8

cosacos B — sinasin 3
Fi cos acos B AT TRISMEE, 13

sinacos 8 cosasinf

tan(a + ) = cosacos B cosacosf

cosacosf  sinasinf

cos a cos 3  cosacos I}
sina  sinf

cosa  cosf3
 sinasinf
~ cosacosf3
tan « + tan g8

1 — tanatan 8
XA (1.8),

tan(a — ) = tan[a + (—f3)]
_ tana + tan(—p3)
1 —tanatan(—f)

tan o — tan g3

" 1+ tanatang

B 1.8 3k tan15° Fl tan 75° HI{H.
firé
tan 15° = tan(60° — 45°)

_ tan60° — tan 45°
"~ 1+ tan 60° tan 45°

Vi1 (B
143 2
4—2
:7\/3:2_\/3
2
tan 75° = tan(45° + 30°)
1y L
VB V31
1_L V3 -1
V3
_AENE L
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Bl 1.9 SKEFFIRZER R DI~

fii: PR AU IEDIR R, A tan o F1 tan 8 IR cot(a+ B) Hl cot(a— B)
s, ATDAM (1.7) # (1.8) WA — A0 TR B L BT A5, FAT A5

1—tana - tan

cot(a+ ) =

tana + tan g8
GBI T A EEEIFRPA tan o - tan 8 # 0 153
cot(a+ f) = Czs;i;fftiﬁjb} (1.9)
PA (—B) B EmisErbiy 8, 153
_ cotacot(—fB) —1 cotacotB 41
cot(ar = ) = cota+cot(—B)  cot 3 — cota
Pk cotacot S+ 1
cotla —f) = ——— (1.10)

cot B — cot «

A o, B, £ 8 HARET kr. (b AAEMTEE)
fil 1.10 241 tana = é, cot B = —%, ek
1. cot(a — ) HIH.

2 a+BMfE, Hl0<a<g, S<B<m
firt :
\ 1 1
1. Af tana= -, tanB = —— = -2, AKX
3 cot 3
B 1 _l+tana-tanp
cot(e = ) = tan(a —3)  tana — tanf
JIT LA
2
-2
cot(a—ﬁ)zizs:?
-4+ 2
3+
_ tana+tanfB Tom
2. ;I tan(a+ B) = | tano tanf 1, MHO< a< 37 3 <pB<m,

. 3
ﬁ'ﬁﬁh%'ag<a+ﬁ<§

3T . 3
E%Lﬁgzwﬂ, Rﬁtan{:—l, FbA

a+5:%



B WAdeL £y = ARk 11

.- 1 +tan75° B
B L1 RIE e = V3
SYHE: WAL tan45° = MR, SIS/l ATE
tan 45° + tan 75°
1 — tan45° - tan 75°
XFE, I AR ETI AR ZSEE, EF&— MRk A 120° BIEY), B
(ECIPRER
UEW): R 1 = tan45°, frPA
.. tan45° + tan75°
il = 1 — tan45° - tan 75°

=tan120° = —/3 = i

i 1.12 24 tan (g —l—a) =m, K tano HH.
pi
5 + kfﬂ',

fig: Rk 12 HOA, o # %Jrkm (k € Z). AERWIE, a+% =
tan (7 + o) BEHELT.

. ™ 71+tana7

EfMtan(Z—Fa)— =

1 —tana mn
BT 1—tana #0, FrPAly FxUrTG

l+tana=m—mtana

-1

i (m+1)tana=m — 1 FrPA: tana:%, (m # —1)
Ny . Al — z _E \
Wik 20 By o= (S +a) =T, B
tan o = tan [(% —|—a> — %}
tan (% —I—a) —tan%
_1+tan(z+a>~tanz
4 4
m—1
=yl m7FY

#l 1.13 %X cot o, cot B 2—IC KR ax® +br+c=0 (a#c+#0) K
AR, 5K tan(a + B8) MMH.

fire: sk E B

b c
cota+cotf=——, cota-cot B = —
a a
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HIE

tanathanB__é 1 _c
tana-tanf  a’ tana-tanf  a
H I = AT ASKAS:
b a
tana +tan f = ——, tana -tan 8 = —
c c
FIrLA: ,
tan o + tan 8 I b
t = p— pr—
an(a + f) l—tana-tanf (_% a-—c
c
2]
L AER, RIE:

(a) tan435° (0) tan 17° + tan 28°
1+ tan17° - tan 152°
1+ tan 15°

(b) cot 105° (d) tanlse — 1

2. BEHltana =2, Hac <7T, 3;), iAok tan (a—%) HAAE.

3. % 0.8 EEHA. H tana =2, cotﬁz%. SKAE: o+ B = 135°.

31 1.1
L Esina = 12, cosf =~ 1, Fla, § RS SHH, K cos(at ),
cos(a — fB) 11H.
2. £ ANABC H1, cos A = %, cos B = %, 2K cos C HY{H.
3. SKilE:
(a) cos(a+ 60°) + cos(a — 60°) = cos «
(b) cos(a+ ) - cos B+ sinf - sin(a + ) = cosa
(c) cos(a+ fB) - cos(a — B) = cos? v + cos? B — 1

4. ALt R HI4



$—F MAdeh Ea= AR 13

10.

11.

12.

1 11
.%cosa:?, cos(a+ﬁ)=—ﬁ,ﬁo<a<

(a) cos <% + a) — Cos (% — a)

(b) cosa - cos B — cos(a + )
cos(a — fB) —sina - sin 8
(© cos(a + ) + cos(a — B)
cos(a + ) — cos(ax — )
(d) cos25° - cos29° — sin 24° - sin 29°

(e) cos(36° + x) - cos(54° — x) sin(36° + x) - sin(54° — z)

. B cosa = cos B =m, sina = sin 8 = n, {K cos(a+ B) K cos(a— )

MM, Hkih m 5 n lRRA

RIS BRBIE (RAEK)

sin 150°, sin 195°, — tan 195°

. BHl cosa = fi, cos B = %, H o 2% " %MWA, 0 280NEMRA, i

17
3R sin(a + B)

. _ 3 .8 3 TN ppe o
. Arcosa=——,sinff = 17,Ha€ <7r, 5 >,B€ (O,Q),ﬁtiksm(a B).

5 kA B A
CAMIIES

(a) sin13° - cos 17° + cos 13° - sin 163°

(b) sin70° - sin 65° — cos70° - sin 25°

(c) sin (a + g) + sin (a - g)

(@) sin(8 — ) + sin(B + )

sin(f + ) —sin(8 —7)

(©) sin(8 — =) N sin(y — «) N sin(a — )

cosf-cosy cosy-cosa  cosc-cosf

3 .
E%ﬂsinazz,ﬁg<a<ﬂ', ﬁ{tan(g—l—a)

(a) &4 tanx = %, tany = —3, 3K tan(z + y) MWI{HE:
(b) B4l tana = 2k + 1, tan 8 = 2k — 1, 3K cot(a — B) HY{H.

13. RiE:



o H—F WMAFeL 28 = AR

tan® z — tan®
(a) tan(z +y) - tan(z — y) aproany

T 1 _tan’z - tan’y
1—tané 7
14 tand = cot (9+Z>
tanx 4 tany  sin(z +y)

(b)

()

tanxz —tany  sin(z —y)
14. B4 6,0 #2Bifa, H tanf = %, tan ¢ = %, SKAE: 6+ ¢ = 45°.
15. qniEl 1.2, % ABCD s =A@ IE R, SKik:

(a) £0 = 2Ly

(b) a+ B +7 = 90°

D C
9 \
) \
A E F B
B 1.2
10 1 s\
16. % sina = ‘g tanf = — 2. 90° < a < 180°, 90° < § < 180°, KIE:

(a) tan(a+ 3) = —1

(b) a+ 8 = 315°

17, B coba = °, cot § = ; H o, 8 #REB,

KiE: 1+ 5 = 135°.
18. B4l tana 5 tan 8 2 HHE 22 + 62 + 7 = 0 PR,
SKAE: sin(a + B) = cos(a + B)

19. & a - sin(0 + z) = bsin(0 + y), Kik:

bsiny —asinx
tanf = ———
acosx — bcosy
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N CARMRIESR . i AnEY)

—. CAEMRIESE . ASERNEY)
EPIAMPIEZ . RIZAIEGMAX T, & 8 =a, WG
sin(a + o) = sin «cos & + cos asin a
il
sin 2 = 2sin v cos a (1.11)
cos(a + o) = cosacos a — sinasin «v
Al
cos 2a = cos® a — sin® a (1.12)
FAHEA (1.12) , 1 — sina Rk cos? a, B 1 — cos® a ¥ sin? a, N
XFF cos 200 MAFE A2 2

cos2a = 1 — 2sin’ a (1.13)
cos 2 = 2cos’ o — 1 (1.14)
tan(a + a) tan o + tan «
nfa+o) = ————
1—-tanatano
HE ot
tan 2o = Lo; (1.15)
1 —tan* o
P

L AR A = A R B A O EAE R A 0 = A R S /2RI A I = A R
B sk, ENTRAE SRR ARy Bl

sinda = sin 2 - (2a)) = 2sin 2« cos 2«

. . (6% .« «
sin o = sin 2 (—) = 2sin — cos —
2 2 2

Cos & = cos® @ sin? ol
2 4 4
2 tan S—Q
tan 3a = 2
1 — tan? 3704
2

zﬁ:%%ﬁ@&ﬁﬁ@@*,%Ta:g+wnﬁa=%+%lwem

W2 AN, X o BWHE—UEHE L, B2 s e R o fH, tana
H1 tan 20 FHEAAFLE.
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3. EEH A5 = ek A A AR E S AT, A 4 M 253U 2 i
T A e B A s 3T, T AR B R B e AN S5 A A i g oK1 A
e B 7y 1

Bl 1.14 Afefi Ay T

1. 4sin 15° cos 15° 4 cos? 150 — &
' 2
1
2. §sin 15° sin 255°
2T o tan 75°
3. cos g —sin" g 1 tan2 750
i
1. 4sin15°cos15° = 2sin30° =1
1 1 1 1
2. 3 sin 15° sin 255° = 3 sin 15° cos 15° = 1 sin 30° = 3
2T e T V2
3. cos 3 sin 8fcos4f 5
4 cos?1me L 2008°15° =1 cos30° _ V3
2 2 2 4
tan 75° 1 2tan75° 1 1 V3
. = = = —tan150° = ——tan30° = ——
1—tan?75° 21— tan275° 2 0 g vl 6
1 1
1.15 B 0° <a<90° 0° < B <90° tanax = -, sinff = ——.
i 5 8 2 sinf =
FiE: a+28 =45°
v/ 10
1
\
3
B 1.3

%=E%B%%%,%MUmﬂzéEﬁmﬁ<1ﬂW°<ﬂ<%%ﬁﬁ
0° < av < 45°.

3
N tan2p = =-<1
1—

1\> 4
i)

N R
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FRDA 0° < 28 < 45°, FH-H.

1 3
tana+tan28 77 4

= =1
1 —tanatan2(

tan(a + 26) = 3 =
4

+
11
7
FrPA a+28 =45°+k-180° (k € Z), HEH K 0° < a < 45°, 0° < 283 < 45°,
FITPA 0° < a+2B < 90°, Ik, & HAEEL O, PHm:

a+ 28 =45°

Bl 1.16 Fl o A=A EKEFER sin 3a, cos 3a 1 tan 3a.

fi -

sin 3a = sin(a + 2a) = sin a cos 2a + cos v sin 2
= sina(l — 2sin® @) + 2sin a(1 — sin® @)
=sina — 2sin® a + 2sina — 2sin® o

= 3sina — 4sin® «

cos 3o = cos(a + 2a) = cos acos 2c — sin asin 2«
=cosa(2cos’ a — 1) — 2cosa(l — cos® a)
=2cos® a — cosa — 2cos a + 2 cos® a

=4cos®a — 3cosa

t tan 2
tan 3o = tan(a + 2a) = 1 intj;a ‘?;n 26;

; + 2tan «
ano + ————
B 1 —tan?
B 2tan o
l—tana: ————
1 —tan®«a

_ tana — tan® o 4 2 tan o

1 —tan?a — 2tan? «
B 3tan a — tan® «
T 1-—3tana
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Bl 1.17 SKiE:

1. [sina(l —sina) + cos a(1 — cos )] X [sin a(1 + sin &) + cos (1 + cos )] =

sin 2«

2. sin50° (14 v/3tan10°) =1

UEW]

il = (sina — sin® a + cos @ — cos? @) x (sina + sin® & + cos a + cos? )
= (sina + cosa — 1)(sina + cos v + 1)
= (sina +cosa)? — 1

= 2sinacosa

=sin2a = il

cos 10°

1 3

2| =cos10° + £ sin 10°
2 2

= sin 50°

.
JEH1 = sin 50° (1 + \/§,smo>

cos 10°
(e} . 1 o : (e} . : 1 (e}
— 9sin50° - cos 60° - cos 10° 4 sin 60° - sin 10
cos 10°

_ 2sin 50° - cos 50°
N cos 10°
_sin100°
"~ cos 10°

cos 10°
P— P— 1 p— ‘jj

cos 10° il

4:>]

L AfER, SKFIISAmE:



Ktk

$ —EANIEE. AZf iy

(a) 2sin12°30 - cos 12°30/
(b) cos? 112 — sin® 112

(c) 2cos?67°30" — 1

(d) 2sin?75° — 1

2. A

(a) (sinz — cosy)?

(b) sin 2 cos 2
2 2

12 §
3. Bl cosa = ——, ac <g,7r>, 3K sin2c, cos2a, tan 2o FI{H.

13’

() 2tan 22.5°
o) —— 9o
1 — tan?22.5°
(f) sin15° - cos 15°
(g) 1—2sin*750°
2tan 150°
h) —— 2o
() 1 — tan? 150°

(c) cos?@ — sin* 0

1 1
(d) 1—tanf 14+ tanf

4. RS H tan3a AR (] tana FR).

5. UEMIPATR %455

(a) sin®f = %(1 — cos 20)

~—~
]
—
= +
V]
(@)
o}
w0
[ V)
Q
Il
V]
+
Q
o}
n
o
Q

cos 2a

sin o sin av

2 cot «
tan20 = ———
(g) cot?a — 1

(i) cotx — cot 2z =

sin 2x
sin B - cos 3
sin? B — cos? 3 2

3

= 2sina

1
= ——tan2g

19




20 F—F WAt Eoy= /B Sk
—. JiteAR—H tang A IFTARR A o 1= F B

|

Fra#k+1)r (keZ), W sina, cosa Fl tan o W] PAFRR, tan%
AR, B
2tang
sinqg = ——2_ (1.16)
1+ tan? —
2
1 tan? >
cosa = 72 (1.17)
1+ tan? —
2
2 tan —
tana = 7204 (1.18)
1 — tan® )

UEW): IRGEE A A0

. e «
sino = 2sin — cos —

2 2

, X

cosa = cos? — — sin® —

2 2

BH

L« o a L,
QSIHECOSE COSZE —Sln2§
sina = —7*—=5, csa=—3zF ——F
cos? — + sin? — cos? — + sin® —
2 2 2 2

EERA SRS T L HH o # 7+ 2km, W S A 2+ ke (k € D),
1] cos% # 0.
EPIRATAI T SRR cos® S £ 0, 13

2 tan = 1—tan? <
sina:72a, cosazig
1+tan2§ 1—|—tan2§
XA BRI 2
a
2tan —
tana = 2

1—tan? 2
2
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H o CAEAMIEE. AEAED

21

EIR=ARABEFMEOTRER I, MHE, ST AR o ABUE—F =%

B tan o A R FRBRC, ST R AT 250
B 1.18 Bl sina = 0.8, H 90° < o < 180°, 3K sin2q, cos2«a

%1%ﬁ%ﬁ&ﬁ*%%,ﬁﬂ&ﬁﬁ%&ﬁ%ﬁ%@zﬁ%%ﬂ?i
KA sina = 0.8, 90° < o < 180°, FrPA tana = -3

8
2 Y 24
sin 2a = tan(;z = 3 ___ =2
1+ tan® « 1 16 25
_i_i
9
1\ 2
2 I—(—3
082 1 —tan® « 3 7
o = = —_
1+ tan? o 4\ 2 25
1+(3)

B 1.19 B cota = —2, 90° < a < 180°,

>k sin 2a;, cos 2o

1
fit: A cota = —2, 90° < o < 180°, FFPA tana:—i

1
2( -2
2tana ( 2) é

sin 2a = 5— = 5 =
1+ tan® o < 1) 5
1+ (-2
2
1
cos205*1_tan205*1_1 §
_1+tan2a_1 1 5
_i_f
4
s A 1 .
Bl 1.20 RKiF: %zismA
cot;—tang
UEW:
A
tan — - cos A
il = —2——
1 —tan® =

2
1
= itanA-cosA

1
= §SIHA:E:U_1
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%>

(SR

A
1. BV cos A = ,ng<A<%,ﬁ%ﬁ%®ﬁimm5

Zm%ﬁ%QﬁKEng:¢$4

3. SKiE:
1 2
(a) ZSiHQQZ%
cot — — tan —
2 2
sin 2z Ccos & T
b . =t -
(b) 1+cos2x 1+ cosz an2

= CPAMIEE. AEANEY)

M o R = R Bk R % FRF Y = R RO A RO = S R
R e

cos2a =1 —2sin? a, cos2a = 2cos® o — 1

B % R o, BAEF

cosa:1—2sin2g, cosa:2cos2g—1
2 2
JIrPA
.o l—cosa cos2 & 1+ cosa
sin® — = ——— — =
2 2 ’ 2 2

Hﬂ?OﬁsiHQ%Sl, OSCOSQ%SL e

0 < 1:|:;osa <

/11— /1
sing:j: cosoa’ cosg::t + cos
2 2 2 2

W 4 (2k 4+ 1) B, cos% #0 H cosa # —1; LS WD, 1%

Bl
o 1 —cosa
tan — = £/ ———
8LHQ 1+ cosa
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R A AR = R

« 1 —cosa
in— ==+ 1.19
sm2 \/ 5 ( )
« 1+ cosa
— =4/ — 1.20
cos 5 1/ 5 (1.20)
« 1 —cosa
tan — = £/ — 1.21
) 1+ cosa ( )

Sfs o 2K+ D EFRSHESH S BIUECE 0SB R 4
SRR E .
B 1.21 B, cosa = 0.6, 270° < o < 360°
R sing, cos & Al tan <.
2 2 2
%:ﬁﬁaﬂﬂw<a<%mJﬁ%BW<%<BW§NW%§%%%%
S IRIOA, FTOA sin S BOEURIER, cos S A tan S HOGUESUY, LT

#
Sing:\/l—COSO&_\/l—06 V5

« 1+cosa 1+06
Ccos — = —1/
2
« l—cosa .
tan—:— = — = — —
2 1+ cosa 1+0.6

Bl 1.22 EHl cosa = —%, 3K sin%.

fi: A cosa = —2 < 0, FTPA o 5 B =R IR, B

5 + 2kt < a<m+2km (1.22)

o 3
7r+2k7r<o¢<§+2k7r (keZ) (1.23)
MM AEES (1.22) HE

Z+k7r<§< Ly (keZ)

Uk TE BRSSO Yk OTE. AR, S AR
BRI, F, SRR o RH T RBIOM, WA 5 2L

»



N $—% WAt E =A%k

b=

BAOf, TITRERS M, BRSSO, T sin S MO
P S B SR,
FITE, R (1.23) S

T o 3

Uk AT SREN, RS IR A  k TE AR, SRS R,
B, o REBZRBOAR, S TR SR AN RRN, i)
sin 5 BT R REE.

HAR 1T e

1
1+
1—
sin® =gy flocose (715 Vo
2 2 2 3

METRAEI T, TTDARIRE, WRAERIE o fOEmb— N R,
ATLARSER S BRI, AT (119), (1.20), (1.21) s
SERUEER “47 Bal <=7 sy MRSV o PRI, TR T/
—AEEIRI, BARERE A S W EEKIE, XA (1.19),
(1.20). (1.21) th, WWRE <+ 5.

B 1.23 FAHAA AR cos ¢ MO (HERE] 0.001)
i O T RS, HREIER T R, i
V2

T
1+ cos — 14+ — 1
cos & — 4 _ 2 — V24 V2~0924
8 2 2 2
- i 1—
Bl 1.24 SR tang _ _sina 'cosoz
2 1+ cosa sin o
WEWI: K sin®a =1 —cos?a = (1 +cosa)(l —cosa) , JIFPA:
sina 1 —cosa
l+cosa  sina
L« L« o
Rtamg251n§ :sm§~20055 _ sin o _—
2 cos% cos%~2cos% L+ cosa
tang— sin o _1—cosa (1.24)

2  1l4cosa sin «
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FATRUHT, 4 o BHAR, XDAXBJLAES, WK 1.4 Fs.

LY

(N]}e]

1.4

fE I, K4 [0A| = [OP| = [0B| = 1, ZPOA = o (31E).
FR2, MP =sina, OM = cosa, ZPBA = %

¢ o MP MP sin o
al — = —— = —— i
2 BM BO+OM 1+4cosa

Bl 1.25 K tan 15° [H1H.

1 V3
1 — cos30° -5
s fAVE 10 tanl5® = — 0 = 2 _9 3
sin 30° 1
2
fifvE 2:
1 — cos 30°
tan 15° = —
an s 1 + cos 30°
2—-3
= = /(2 —V/3)2
243 ( )
—2-V3

HXPIFAREEE t, WHEREA sina, cosa [, Ak tan% E,
A (1.24) BHAR (123) Jr—-22, JEfLph tan 5 = - grypf
#il 1.26 KiE:

sin av



26 A LI UEVET
o cos o 2 4 1
1.t (450_7):7 Ccos — T
an 2 1+sina 3. A= 4sm2A
cot — — tan —
2. ﬂ = cot (45o — g) 2 2
1 —sinw 2
UK
1.
90° —
tan (45° - %) = tan 5 @
~ sin(90° — )
~ 1+cos(90° — a)
_ cosa
" 1+sina
2.
cosa  sin(90° — «)
I—sina 1—cos(90° — )
1 90°—a
T 90 —a T
tan
2
o
= cot (45° - —)
co 5
3.
cos? A B cos? A
coté tané ~ 14+cosA 1—cosA
2 2 sin A sin A
_ sinAcos® A
2cos A

1
= §sinA-cosA

1
= Z sin 2A

2. Bl sine = —

Ut >~

37
7E7

2 §
1. B4 cosa = 3 Eksin%

«Q «
, COS bR tan 3

. . &
<z <2m, Sksmg, cos o,

&EﬁMwAzgwﬁA%%m%W%,ﬁimné

¢ T
an —.
2
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% SREAMER. REfEY

4. SKAIE:
x
Y 1_COS§ (c) 1—sinf = 2cos? E—ké
(a) sin 1 4 2
4sin a1 — tan? a)
ina = 2 (T d) sinda =
(b) 1+sina = 2cos (4 2) (d) sinda seca(l + tan® o)
2] 1.2
L REFITE TIIE
(a) sin 15°sin 75° (@) 1 — tan?15°
(b) sin T sin gl L+ tan®15°
8 8 T -
tan ~ (e) cot i tan 3
(c) 7877
1 — tan? —

(f) sin® 105° + cos* 75°
2. ALt mRyT

(a) 2 — 2sin® a + cos 2a (c) 1 —4sin® acos®

b) cos4da + 2sin? 2« d cosza—i—2simacosa—simzoz2
(b)

3. UERH:

(a) & 0 < a <, N sin2a < 2sina

(b) #HF0<a< %, N tan 2a < 2tan o

7 L
4. B4 sina = 25 g < a <, 3K sin2a, cos2a il tan 2a.

2n

5. BV cos% = 1Tan 3K sina Al tan a.
n

6. E%ﬂsinazO.&cosBz—%, %Eg<a<ﬂ,g<ﬁ<w, R
(a) sin(a + 20)
(b) cos(2ac — )

(c) tan2(e — B)]
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10.

11.

12.

13.

14.

15.

16.

17.

% tand, tan ¢ SRR T2 +3x +1 =0 AR, K tan

F—F MAfLZ0 =R 5%

R 22 — (tanf 4 cot O)z + 1 = 0 f—PFRAE 2+ /3, 3K sin 26.

0+ ¢

5 MIfE.

. #rtan’a—atana+1=0, (a>0), 3K cos2a.

(a) 24 0° < v < 45°
(b) 24 45° < a < 90°

WA 1.5, 4 R BEARE, ZEAEEIA K IR AL, HIEREE
B, A m] AR T AR T B A K

0]
Kl 1.5

HAZAERIA 12, —8ifh 8, KEMIMERIR, X4 8 EZP
JEF? S [ T B f5e ).

gt 1 .. . .

% sina + cos o = 5 3 sin 2a, sin a, cos a, cos%, sin -
119 .

(a) B4 cosa = 169" 3R sm%, cos% 0 tan%.

(b) EL4 cos ¢ = é, H. ¢ € (270°,360°), >k Sing, cos% PN tang.

4 3 .
e cosa =, H ?ﬂ <a<2m, Sktan%.

B, SEEAIAREST -, RIRMIES. RLAEY

4
(a) B tana = 5 180° < ar < 270°. 3K tan%, sin 2a, cos 2a, tan2a.
(b) B4 2sinz + 3cosx = 2, 3K sinx Fll cosx 1.
KA
2
a sinE fcosg =1—sinx
(a)

2 2
(b) tan« — cot @ = —2 cot 2ax
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(c) tan (a+ %) + tan (a— %) = 2tana

1+ sin 26
sin 6 + cos 6
(e) sina(l 4 cos2a) = sin2a - cos

(f) 2sin (% + a:) sin (Z - x) = cos 2z

(d) sinf + cosf =

1+ tana 1 + sin 2«

(2) =

1—tana  cos?2a —sin®

1 in 260 — 20
(h) + s%n cos ey _ tan 6
1 + sin 260 + cos 26
2sinx — sin 2z T
. —t 2%
(1) 2sinx + sin 2z an 2

tan < tan 2

an — an —

(i) 204"‘ 2a:tana
1+tan§ 1—tan§

18. FIH 45°, 30° I =FMEREUE, K cos22°30’; sin 22°30'; cos 15°, sin 15° [{]
{H.
19. (a) 3K sin18° H{H;
1
(b) 3KiIE cos 36° — cos 72° = 3

20. >RiIE:

N | —

(a) sin% = 2 -2
(b) tan67.5° = 2 + 1

(c) tan7°30' = V6 — /3 + /2 — 2
21. JEHFHE A

0
(a 25in6+sin29:4sin9-0052§
(b) tan15° + cot 15° = 4

)
)

(c) cos?a — 2 = cos2a - csc?
)

1
(d) sin(nm + z) cos(nm — ) = B sin2x, (ne€Z)

(e) cosa(cosa — cos ) + sin a(sina — sin ) = 2sin® #
cos o 1 o o
) ———FH == (cos— — sin—)
sec a + csc x 2 2 2

2 2



" $—% WAt E =A%k

1 1 1
10 ==+ -cos20 + ~cos?2
(g) cos* @ 1 2(:05 0 4cos 0

3 1 1
(h) sin* 0 = 3 §c0520—|— §c0540

22. SRUE A 54

b
(a) # tanz = —, N acos2x + bsin2z = a

a
(b) %tanagzm, Ul sina—i—mcosoz:l

2 n n
(c) # 14 2tan?2 = tan?y, N sin® 2z + cos2y = 0
1 1
(d) & x+y=3—cosda, x —y =4sin2a, N 22 +y2 =2
. T

() # 2a+f5=5, W

. 1—sing 1+sing
sma:\/T, cosa:\/T

=1 =ARBR R B B

—. IR REIRIZZ AR
AR T 4 11 22 14 T 520 R 50 R LA

sin(z + y) = sinz cosy + cos zsiny

sin(z — y) = sinxz cosy — cosrsiny
X A SRS L A s AR AR A

sin(xz + y) + sin(z — y) = 2sinx cosy (1.25)
sin(x 4+ y) —sin(x — y) = 2cosxsiny (1.26)

'&m+y:aax7y:67£|g/4\

T (1.27)

P, EmpiaEa (1.25) A (1.26) BEA2N
ﬁmwmmﬂ:%magﬁamagﬁ (1)
sma—am%:%ma;ﬁmnagﬁ (11)



S Z AR R E RS BRI £
AR T 7 R 2 119 A TR R R S B

cos(z + y) = cosx cosy — sinzsiny

cos(x — y) = coszcosy + sinx siny
HX PSSR A TR S AR MR 5

cos(x + y) + cos(x — y) = 2cosx cosy

cos(x 4+ y) — cos(z — y) = —2sinxsiny

PARES (1.27) ARA BTG

cosoz—i—cosB:Qcosa;Bcosa;ﬂ
cosa—cosﬁ:—Qsina Bsina;ﬂ

A _ BRI A2 R/

31

MR A X

sina—i—sinB:?sina;/Bcosa;ﬁ (I)
Sina—sinB:2cosa;— sin ; (IT)
cosa—i—cosﬁz?cosazﬁcosa;ﬂ (I1I)
cosa—cosﬁz—Zsina+ sina;/j (IV)
AT PASERELE = A R R M B 22 A BB FE 2K
Bl 1.27 BT HIE AR
L. 1+sina 3. sing—l—cosg
2. 1—-2sina 4. cos22° — sin 66°

fiR:
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1. H¥E 1

Tk 2

F—% BAfhENZA DR

1+ sina = sin 90° + sin «

o 90° 4+ o 90° — «
= 2sin Ccos

2 2
= 2sin (45° + %) cos (45° - %)
= 2sin? (45° + %) = 2 cos? (450 — %)

1+sina =1+ cos(90° — «)

(6
= 2cos” (45° - —)
COS B

1
1—2sina=2 <2 —sina)

= 2(sin30° — sin «)
30°+a . 30° -«

=2x2
cos 5 sin 2

= 4 cos (15° + %) sin (15° — %)

.o n s (71' 77) n T
in— - = - — = —
S 3 cos 3 CcoS 5 5 CcoS 5

= COS 3—7T + cos il

10 5

3 " 21 3t 27

10 10 COS 10 10
2 2

—9 s s
= COS4COS20

™
=2 —
COS20

= 2cos

cos 22° — sin 66° = cos 22° — cos(90° — 66°)

= cos 22° — cos 24°

. 46° 2°
= —2sin sin | ——
2 2

= 2sin23°sin 1°
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B 1.28 4F sin® a — sin® B LN FFEFER.
fi: k1L

sin® a — sin® 8 = (sin & + sin 8) (sin a — sin )

= 2sina+ﬂcosa_ﬁ 2cosa+5sina—ﬂ
N 2 2 2 2

< . a+p a+ﬁ)< . a—p3 a—ﬁ)
= ( 2sin cos 2sin Ccos
2 2 2

= sin(a + §) sin(a — )

1 — cos2a

Tk 20 AR AR sin® o = 5 PEATEA, 153

1—cos2a 1-—-cos28
2 2
(cos 23 — cos 2ar)

sin?a —sin? 8 =

X (=2)sin(f + a) sin(f — )

in(a + B) sin(a — 38)

@, l\D\»—lL\D\»—t

Bil 1.29 51T TS A H A R ) TE5Z R 4R
1. 3<:osa+\/§sina
2. 3cosoz—\/§sinoz

3. cos2x — 4sin2x

3cosa+V3sina = \/3(\/§cosa+sina)
1
= 2\f (fcosoH— 2sma>

= 2v/3 (sin 60° cos o + cos 60° sin av)
= 2/3sin(60° + o) = 2v/3sin(a + 60°)



. $—% WAt E =A%k

B

N =

Kl 1.6

3 1
3cosa —V3sina = 2V3 ({ cosqo — 2simoz)

= 2v/3 (sin 120° cos av + cos 120° sin av)
= 2v/35in(120° + a) = 2v/3sin(a + 120°)
3. Bl IERE K, (A5
. 1 4 .
cos2x —4sin2z =k ECOSQJL’ - Esm2x

HHFIA— MBI 0, WL R AN

1 4
sinez%, COSH:_E

S i 2 1+ (—4)2 .
k (AT Hh 45X sin 94—00529:T:15ﬁﬂz7 FEA
k=+v1+16 =17
2 si —L —fi H Al — ol o
leg sm@-\/ﬁ,cosé— Vit 025 2RA, BHEH tand =
1 = —0.25 ki, 53|

6 = 180° — 14°2" = 165°58'

Pt :

cos 2z — 4sin 2z = V17 (sin 165°58’ cos 2z + cos 165°58' sin 2z)
= V17sin(2z + 165°58)
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I

1 1.30 4k asinx + beosx HFHTER.

srpt: 5 ERG) 1.29 ATRAS I A—ANETBIAE 6, IFEC L — N EREL k, FATERA-Hrn
e k, 0
% a =k-cos@, b=k-sin0, JFXGZH

asinz + bcosx = k(sinz - cosf + cos z - sin h)

=k -sin(z + 0)

) 2
T sin?6 + cos? 0 = 1, AT (%) + <b> =1

k
k=+va?+ b2
TREiEH
COS@*L sinH*L
VET R N
MM
b
tanf = —
a

XKE, i oa, b AT LARRAE k0 BIMH T

fig:
a b
asinx +bcosz = Va2 + b2 ( sinz + cosa:)
va? +b? va? + b2
2 cosl = L, sinf = L, il
a? + b2 Vaz + b2

JER = Va2 + b2(cos 0 - sinx + sinf - cos x)
= Va2 + B sin(z + 0)

St 0 FBTAEN G o,b BORFIE, 0 T tn 0 = © diE

Bl 1.31 # A+B+C = 180°, 3KiiF sin 24 +sin 2B +sin 2C = 4sin Asin Bsin C
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[IRUE
sin 2A + sin 2B + sin 2C
= 2sin(A + B) cos(A — B) + 2sin C cos C
= 2sin C cos(A — B) +2sinC cos C (sin(A+ B) =sin(C)
= 2sin Clcos(A — B) + cos C]
= 2sin C[cos(A — B) — cos(A + B)] (cosC' = —cos(A + B))
= 2sin C[—2sin Asin(—B)]
= 4sin Asin Bsin C

R fEIFWE RS A+ B+ C =180° =41 A. B. C W= EEE
i, BRI R AR S BN R S AR A, Bl AT
RS =AM — 2 R, 153

sin(B + C) = sin A, cos(A+ B) = —cosC, tan(C' + A) = —tan B
cos B = —cos(C + A), sin C' = sin(A + B), cot A = —cot(B+ C)
SMAEATFHA A BRI — 22 56 =N — 2R R X — K R 155

A+ B . C . C+ A B B+C A
CcoSs 5 = sin 5, sin 5 = COSs 5, tan 5 = C0t5
. A+ B A B+C B C+ A

0055 = sin 5 smE = coS 5 tanE = cot 5

Bl 1.32 3 1+ sinf + cos @ {LFARFIE .
fi -
1+sinf + cosf = (1 4 cosf) + sin 6

0 0
= 2cos? = + 2sin — - cos —
2 2 2

—QCOSQ cosg—l-s'ng
- 2 g TG

0 0 0
= 2cos 3 [sin (90o - 2> + sin 2]

0 0
= 2cos 3 2sin 45° - cos (45O — 2)

0 . 0
= 2\/§cos§-cos <45 — 2>
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4>l

L AERAIA S RE (A1)

(a) sin24° + sin 20° (¢c) cos3x + cos2z
(b) sin75° — sin 15° (d) cos a ; b_ cos & ; B
2. SRMH:

(a) sin 20° — sin 40°
& cos 20° — sin 40°
(b) sin20° + sin 40° — sin 80°

3. SKilE:

sin a + sin 3 a+p a—

(a) ————— =tan - cot
sin o — sin 3 2 2

(b) sinx + siny :coty_x
COST — COSY 2

(¢) cos2A + cos2B + cos2C = —1 —4cos A-cos B-cosC', H
A+B+C=m

4. KRR () =ML

(a) ﬁsinx—l—lsinm (d) cosd —v/3sin6
2 2

(0) Qcosx—ﬁsinx (e) 4sina + 3cosa
2 2

(c) V2cosx ++/2sinx (f) 3cos B —/Tsin B

- AR BRI

Bk (1.25). (1.26). (1.28). (1.29) MWAEIRLA 2, HEFIIFA:
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BUERZE A X .

sinx - cosy = %[Sin(x +y) + sin(z — y)] (V)
coszx - siny = %[sin(a: +y) —sin(z — y)] (VI)
COSZT - COSY = %[cos(x +y) + cos(z — y)] (VII)

cosx - siny = —%[cos(w +y) — cos(z — y)]
= %[cos(:z: —y) — cos(z + y)] (VIII)

e =y, BATERREA LK, BE
sinz cosz = %sian, cos’z = %(1 +cos2x),  sin’x= %(1 — c0s 27)
Bil 1.33 LR sin 35° cos 55° MFIMTER.
fire: fgik L

1
sin 35° cos 55° = §[sin 90° + sin(—20°)] = =[1 — sin 20°]

DO —

A 2:

1-— 70° 1 —sin20°
sin 35° cos 55° = sin? 35° = cos _ s

2 N 2
Bl 1.34 &R, K& RHE:
L s 5 T
. sin oo cos 5
2. cos? 73° + cos? 47° 4 cos 73° cos 47°
firt:
1. By 1
51 T 17, 7T+ . 7T:|
sin 5 - cos 5 = 5 [sin 5+ sin o
1 V3 1
= — - = _ 2
5t = +/3)



F=F = AR A AR AR £
fifys 2:
Y T T T
sin — - COS — = COS — - COS —
12 12 12 12
—00521 = 1 (l-i—cosz)
N 12 2 6
1 V3 1
1+ 2) == (2 3)
5 ( + 5 ) 12+ V3
2.
ik = 14 cos 146° 1+cos94°  cos120° + cos 26°
2 2 2
14 cos 146° + cos94° 1 n cos 26°
N 2 4 2
_ 3 n 2c0s120° cos26°  cos 26°
4 2 2
- § cos 26°  cos 26°
4 2 2
3
4

Bl 1.35 4Lfa] cosa - cos2a - cosda

2

. 4
3R cos % COS — COS 77T HIHE.

7

2sin « - cos a - cos 2« - cos 4o

2sin o
sin 2a - cos 2« - cos 4o

2sin o
sin 4« - cos 4da
22 sin v

sin 8« sin 8«

23sina 8sina

COS — COS — COS — = = = —=

figt :
cos o - cos2a - cosda =
T 2 47
7 7 7
Bl 1.36 >KilE:

1
1. sin15° - sin 30° - sin 75° = 3

. 87 i s
Sin — — S1n —
7 7 1
™ T
8sin - 8sin 8
SlIl7 SlIl7

2. c0s10° - cos 30° - cos 50° - cos 70° = i

UEW]

16

39
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LB 1
. 1 o e o
= 5 sin 15° -sin 75
1
= _Z[COS 90° — cos(—60°)]
— 10— cos60°)
=1 cos
1 1 1 .
=1 (2) g~ il
RV 2:
. I o e . oo
e = 5 5in 15° -sin 75
1
=3 sin 15° - cos 15°
1 1
= Zsin30° =g= Hih
2.
1
26l = cos10° - £ i[COS 120° + cos(—20°)]
3 1
= \4[ cos 10° <—2 + cos 20°>
= _\f cos 10° + \é/f cos 10° - cos 20°
= —\ég cos 10° + \gg[cos 30° + cos 10°]
SCTNPRRC IR J
= —— ].OO A o 100
8 + 2 + 8
3y
16 M=

#il 1.37 SKilF: cos® 2o = sin 3a - sin® a 4 cos 3a - cos® o
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¥
I
=
n
iy
B

i1 = sin? a(sin 3 - sin @) + cos? a(cos 3a - cos a)

[ sin® a(cos 2a — cos dax) + cos® a(cos dar + cos 2av) |
[ cos 2a(sin® a + cos® ) + cos da(cos® o — sin® @) ]
[Cos 20 + cos 4ac - cos 2a]

cos 2a(1 + cos4a)

cos 2 - 2 cos? 2a

s* 200 = Al

8 l\DM—'l\DM—‘[\D\H[\DM—‘[\D\H

Bl 1.38 CAHIFE AABC W1, sin B -sinC = cos® . KiEX M =MAE2%H=
faE.

UEW]: Hi T sinB - sin €' = cosé _ 1tcosd

5 = 5 HA=7n—-—(B+C), cosA =
—cos(B+C), HMmtA

. . 1

sin B -sinC = 5[1 —cos(B + C)]

N
—% cos(B +C) —cos(B—C)]| = % 1 —cos(B + C)]
1pfE B2, 15 cos(B —C) = 1.
N —180° < B—C < 180°, ifPA B—C =0°, Bl B=C, Xt T

AABC g =P

#1.39 #H A+B+C =, KiE:

teosD teosS =4
COS B COS 5 COS 5 = 4 COS 4 COSs 4 COS 4
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UEW]:

4 T — T—B T—C
cos 1 cos 1 cos 1

T—A 2r—(B+C) B-C
= 2cos 1 CcoS 1 ~+ cos

T— A T+ A T— A B-C
= 2cos 1 cos 1 + 2 cos 1 cos 1

B o) 9 BHC o B-C
—COS2 COS 4 COS 4

= + B+
= COS B COSs B COS B

%>
L Jefp e AL, HAFORE:

(a) 2sin70° - cos 20° (¢) cos68° - cosbh2°
(b) cos80° - sin 120° (d) sin121° - sin 50°

2. REFORE:

(a) sin105° - cos 75°

)

(b) 2cos37.5° - cos 22.5°

(c) 2 9 T + o + 3T
€) 208 75 - €08 75 + €08 T3 + 08 3
)

(d) sin® 10° + cos?40° + sin 10° - cos 40°

3. SKilE:
3

(a) 2sin (g -|-x) - COS (g —x) = \/7_ + sin 2z

1

(b) sin20° - cos 70° + sin 10° - sin 50° = —

) 4
(c) cos2a - cosa — sinba - sin 2a = cos 4o - cos 3
d)

)

—

cosdx - cos 2z — cos? 3x = —sin’ z

(e) tan ( 4>—|—tan<x—%):2tan2x




I
=
n
iy
B

%) 4 i Ao £ ARG R AL A £
> 1.3
LR A B

(a) sin12° + sin 20° (f) sm T cos 2%
(b) sin40° — sin 16° (g) tan 10° + tan 20°
(c) cos50° + cos 30° (h) tan12° — cot 40°
(d) cos17° —cos13° (i) tana + cot «

(e) sin24° 4 cos 55° (j) cosa —sina

2. AR B AN AR

(a) cos® a — cos? 3 (d) sin16° + sin 24° 4 sin 40°
(b) tan® o — tan? 3 (e) sina + sin2a + sin 3«
(c) 1+sina+cosa (f) sin? x —sin®y

3. Akfar FiT

2 2
(a) Isinwt+ Isin (wt + ;—) + I'sin (wt - ;)

(b) cos?3 + cos? 1 — cos4 - cos?2

(c) sec (% + a) - sec (% — a)

tan (45° 4+ x) — tan (45° — x)

(@) tan (45° + ) + tan (45° — x)
( sin a 4 sin 3o 4 sin S«
°) cos o 4 cos o + cos da
4. GIAHBI AR T oy RBIE
(a) 1+sina (f) 3 —tan®«
3
(b) \g—sina (g) V3+2cosa
2
(c) \2[+cosa (h) ?Sinx—Qcosx
(d) 1 — sin® o (i) 4sinz — 3cosx

1 2
(e) 7 cosa (j) Tsin2t — 6 cos 2t
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5. AR, R T HANE

(a) sin52°30’ cos 7°30/ (e) cos20° cos40° cos 60° cos 90°
(b) cos97°30" sin 37°30’

(f) cos20° 4 cos 100° 4 cos 140°
(¢) 2cos165° cos 135°
(d) tan10° - tan 50° - tan 70° (g) sin 20° sin 40° sin 60° sin 80°

(h) cos40° - cos 80° - cos 160° + cos 160° - cos 40°
6. fkf 4145

(a) 2sin2asin « + cos 3«

(b) 9 97 ™ n 571'Jr 3
cos 13 cos 13 cos 13 cos 13

7. R R A AR
sin A +sin3A +sinbA sin 34

(a) sin3A +sin5A +sin7A - sinbA

1
sinx —siny 81n§(x—y)

sin(z + y)

1
sin i(m +y)
cos(a — 3)  cos2a + cos2f3

cos(a+B) 1+cos2(a+ )

(d).a,7a+_3a,11a 9 5

sin — - sin — + sin — - sin —— = sin 2« - sin 5«
2 2 2 2

(e) (sinz + cosz)(sin 2z + cos 2x) = sin 3z + cosx

8. ¥ A+B+C=m, Ki:

A. B C
(a) COSA+COSB+COSC:1+4Sin§Sin§Sin§
B A B
25—1—51112%: 1—2sin§sin§sin%

(c) tan A + tan B + tan C' = tan A tan B tan C

A
(b) sin? 3+ sin

(@) tan 2 tan 3 4 tan B tan € 4 tan Ctan 2 — 1
an2an2 an2an2 an2an2—

9. Hr—=MIBRIMAE A
(a® 4+ b*)sin(A — B) = (a® — b*)sin(A + B)
ik W= NEA =M SEE =M.
o MiEREm - .

= = = 2
sinA sinB sinC R
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10. & A, B. C. DFE 05 7 ZJa, KiF:
(a) sinA+B

1
> i(sinA + sin B)

(sin A 4 sin B + sin C' + sin D)
(¢) sin ————— > —(sin A + sin B +sin C)

— A+B+C
BoR: fE (b) o D= S

11. SRR A% 2 i KAl 5 e/ ME

fEFH (o).

(a) sinz - cos (c) cos (E + 29) sin (f - 29)
(b) sin <a+£)+sin (O‘_g) (d) 6cosi+85inx ’

U TR A R

. TER) FFRATTRG 827 > S XA 1 i) A Ef’ﬁli% PREESK M. 0, B sine =
2 Koo BE, BEHEFAER sine = 3 IR, FRATIEEAARNEN =M
@ﬁm%ﬁ,mmzﬁﬁﬁ.%m:mm—1:—;2gﬁx+%%x:a
sin bx = cos4x, ZEEEE = AL
= AR R B ARAE—UIREE & T RERE, SGE R,
AR AR, BRG], AT OGR LR S B £
A A BRI I ATHE.

— IRy =i R

=Y, sina = a, cosz = a, tanx = a, cot x = a LI E T =
AR BTSRRI T = AR ) S

e f] B = AR O AR SR AR 7 R AR, IERAERI T &2 iR
Jeskih, CRITRTE 0 < o < 27 IR, GSRIX A X NA MR 2 = ay
= o, WAEHREMTERRZ 2 = a1 + 2k Fl v = oy + 2kr (k € Z);
WRAEX AKX BN R —AME: 2 = o, BAEHTREERE © = o+ 2km; 1
RIEXAN KA, BAE R BA . 0L, SR =M 2eca o
WE M, BU%AE.

mlm)%ﬁﬁ@m:%.
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it R (0,20) PN = = = Bl e = o RO RRHORAE N

{x‘:z; = % + 2k7r} U {m)x = 5% + 2k7r}

Bl 1.41 fFHFE cosz =0

W EHIE (0.2m) W, o= T o= BOUTEAOREY

{x’x = g + 2k7r} U {x‘:z; = 3% +2km = g(2k + 1)71'}

:{m‘x:g+2kw, keZ}

Bl 1.42 fF 5 sine = —1
%=%%ﬁ{ﬂx:%;+%m keZ}
Bl 1.43 fEHHE cosx =2

fir: LA o BRZEAM [cosal <1, HIt, 7% cosz =2 Jofg, Rl
fiRtE 0.

B 144 AR tana — 2
fitt: HIARRWIHILE [0,27) N, = =40°54" Fil x = 220°54". Fr AT FERY SN
{o]z =20°54 + k- 360"} U {a|w = 220°54' 4 k- 360°}
= {a|e =20°54' + k- 180°, K € 2}
A, DA
o JifEsine =a 5 cosz =a, X4 [a| <1 BHME:; 24 [a] > 1 BICHE;

e FHE tanz =a 5 cotx =a, ¥4 o WIEESLEE, A M.



Fwi MR i

%:2)
fil T 5 e A B = R
. \/§ 5. tanz = 0.5
1. sine = ——
2
2 sinz =0 6. cotx = —2.3016
3. cosx = —1 7. V2sinz+1=0
V2
4. cosT = - 8 tanz =2v2 -1

L WA =R

A TLSERFFA fay B = AT AR, ] DA = A AE A5 AT slOR AR P A
FERTTR, FFENMC— B RE R = AR, AR BT

Bl 1.45 fEIrfE

1. 2cos2x =1

|

3. V2sin(3r — 9°) =

2. tan(z +15°)+1=0 4. cos?x —4cosx+2 =0

srBe s XL = AT R RO s RS TR R AR [ 46 — A R
BE AT ARFX A& A RN = A s B —o0, IRBO RSk ERE, M
T Y45 A e T B = R T AR A

fire:

L TR cos2r = |
2z = ig+2kw, (k € Z)
AR {a]o = £2 +bm, ke z}
2. I FEEN tan(z 4+ 15°) = —1
2+ 15° = —45° + k- 180°, (k € Z)

AR 2 {x’a: — 60° +k-180°, ke Z}
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3. FUSEMLN sin(3z — 9°) = %
Bz —9° =30° + k-360°, 3z-9°=150°+k-360°, (k€ Z)
FI ASRAR

{4x=1y+k-mm, kez}u{ﬂx:5r+k~mm, keZ}

4. JFOTRERR KT cose IR, MR, 15
COS$:2+\/§, cosz =2 —/2

BR 24 V2 > 1, A cosz = 2+ 2 Tofift; M cosz =2 — /2, ] DAf#
Bz =£54°9 + k- 360°, (k € Z).

ﬁ%ﬁﬁﬁ%@%g{ﬂx:immquww,kez}
il 1.46 fEHFE 2sin® x + 3cosz = 0.

s A=A, TR K8 R — AR 7] 44 R B0 = REK A
fi: R RE N 2(1 — cos® z) + 3cosz =0, Bf

2cos’z 4+ 3cosz—2=0
XA KT cosx I IR HHE, 1%
e cosT =2, BHEEN 0;

1 2
. cosz =g, x:ig—f—ka, (keZ)

BRI {afo = + 27 +oke, ke ).

sinx - cosx — cos2x = 0.

Bl 1.47 fE)FE sin® z — 2v3

P AR T, 2T sina 5 cos x BURECERFIR] (GX BLERE k), Tl
MR T sina 55 cosx BYFFIRT AR, X FRE i) 7 A2 P UL HIEE cosz = 0
W oz l, AR, Bk, XA FEFRLA cosz HIFER M
AL REIEARE EARDY , XL AT AR SS A 5 R FNEOE V) sR £y R K A
T
f: TR AR EI R DA cos? o 15 tan® x — 2\3/3 tanz —1=0

R KT tan 19 W R, 15
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o tanz = /3, ng—l—kﬂ, (keZ)

. tanx:—?, .TZ—%—FkTF, (keZ)
P A5 RER RS2

T T
{x’x—g—i-lmr, keZ}U{x)x——g—Flm, kGZ}
Bl 1.48 fi# )57 sinz = 2sin (g — x)
fi: A LA
sinx:2<sing‘cosx—cosg-sinx) =+/3cosz —sinz
A 2sinz = V3cosz, WMIEIEPA 2cosz, 5
tanx = \ég ~ 0.8660

HHENE: o =40°54 + k- 180° (k € Z)
BEOAB IR {a]o = 10°54 + k- 180°, ke 2}

6 T
1.49 2 \/3sing = — cos? =
il R THE V3sinx \/§COS 5
fi: R AT
.z T 6 2T
2\/§sm§-cos§—%cos 5—0
B : cos = (sing —cosg) =0
Fi A, SR RE W] Aok T T P R A
cosgzo, sing—cosgzo
e x €T m
. 3'5008520, )H\U§:i7+2k'ﬂ’, oA ¢ = +7 + 4kn, (k€ Z)
o« P sing—cosg = 0, AN tang =1, g = %"FIWT, Jir A
x:g+2k:7r, (keZ)
PR I D R ) A 2

rlr=+n+4kn, kel l‘l‘zz-l-zk‘ﬂ', keZ
{o JU{elo= 3 J
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4] .
ANy E
1. 2sin2?x —1, 3tanx+3200 — 3

2. sin?x — 2sinz —3=0
3. 4cos®’r —4sinz =1

4. (a) 2sinz —5cosz =0

(b) 3sin®z + 2sinz cosx — 5cos? z = 0

5. (a) sing—\/gcosz =0

(b) 4cosg —5cosx =5

6. (a) cos3z+cos2x =0
(b) 6sinxz +8cosx =5

10.

28t 1.4

T = R

. 2cos2zx =1
L/ V3

i (3+g) ==

. 2cos (E+45°> =1
3
. tan?x—\/§:O
1
. §cot(x+25°)—2:0

. 2cos?z —3cosx+1=0

sin? 2z = sin 2z

. 3sinz —2cos’x =0

. 2sin?zx =1

sin? z—T7sinz-cosx+6cos?z =0

11.

12.

13.

14.

15.

16.

17.

18.

19.

20.

. 1
s1nx-cosx—1
sindxr = sinx
3sin?x — sin 22 — cos?z =0
sin2x = cos 3x
T T
(2 ) in(o- ) -0
sm(x+3 +sin (x 6
'(+F)+'(+W> 0
sin(xz + — sin(z+ =) =
6 6
5cos2x + 2sin2x =0

cos?z — 3sin?2zx =0

. x
sin— —cos— =1
2 2

4sinx + 3cosz = 3



Fwh MEZAAE 51
AN

—. AENEERAUEWAM. . E FRN=AREAK, AE=MR
B mzER, BUERZER AR XA SRR, FERE e TR
BARBHEA T Z I, AR R

L FERRREENS, ERWABAA () BRERAF AR, FEiRmE
fix 2o 2 (A TR R AIE SRR (ILIERE ), SRR AT AR AZ.

= BRBERA TS ERAKSN, B

mam%mﬁﬂﬁ%%a@mﬁmz%@ﬁ.m

1. TTREAR

2 tan < 1—tan? 2 2 tan <
sina = —=4, cosa=——%, tana:72a
1+tan2§ 1+tan2§ 1 — tan? 5

2. asinz + bcosx = va? + b? - sin(x + 0)
St A6 0 oL b IEFBHERI, tand = 5 BRI
. B A, AR NEAX TR, #A
WEAN; AT MINE. EMTEA LN, DAEELEAERRIR, A
T E 2~ A RS HT AT
T, ARELAAE TR = AT AR N, R = A 50
REOT R — SRR = /R oAy
L R =T e
e sinz =a, cosz =a, 24 |a| <1 WHE;
o tanz = a, cotz = a, a NAEESLEE G #.
2. R =FMOrRE, Hi i HEa — I RIBR R4 =Mm g, KT sinz
e cosz 2L AIASIE N AR SF R Y, — il N AR
REMITTE, VAGE A gk A B0 = T R R K ik

32510
L. 3RAE:
(a) BELHN cos2a = %, 3R sin® o — cos* o HMH.
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(b) &% tanx = %, 3K cos 2z, cot (296 — %) FIAE.

(¢) BV sinf + cosf = %, 3R sin 20 HI{H.

i o= g T Tk
(d) E,'%l]blngb-cowﬁ—wg, H. 4<¢>< 5 3R sin ¢.

(e) B4 sina — cosa = m, 3K sin2a H{H.
2. If ANABC w1
(a) fnH COSAZ§ cosB:f—l, 3R cos C;

17’
(b) M tan A =2, tan B =3, 3K tanC';

(c) WA sin A = g, cos B = %, 3K cos C';

4 12
(d) G sin A = 5 cos B = 3 3K sin C.

3. (o) BW=ATLRAMIERSY - RIFBIHEL . AEAEY);

(b) H= AT TR o, KGRI
(c) A= faTbh, BEAIEHY 2 5, RUFIMTR. 2

4. WEW TR &R A

(a) cos* A —sin* A4 1=2cos? A

(b) (sin A +cosA)- (1 —sinAcosA) =sin® A+ cos® A
(©) 1—tanA_cotA—1
¢ l+tanA cotA+1
cos A sin A .
(d) 1—tanA+1—cotA_smA+COSA
() cot Acos A _cotA—cosA
¢ cot A+cosA  cot Acos A
) 1+2sinAcosA_tanA+1
(2)

sinA —cos2 A tanA —1
cosA+cosB sinA+sinB
sinA —sinB  cosA—_cosB
sin? B —sin® A
sin? Asin® B

(h) cot? A —cot? B =
5. Kk

(a) 2sin (g — a) sin(m — a) = sin 2«
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HET

M= HiE 53

2
(b) (sin;1 — cos ;1) =1-—sinA

¢) cota —tana = 2cot 2«

(
(d) tan (x + Z) + tan (x - %) = 2tan 2z

T o«
1 3] = 2 52 (— — —)
(e) 1+sina coS 173

6. ETFIA TR LA

10.

11.

12.

13.

1— sm 200 — sin’® B — cos* a

(a) 1+sin24 (f) cos? a — cos? 3

1
(b) 3~ Ccos T (g) sina — sin B + sin(a + )

0

(c) fcosoa+—351na (h) 1+COS€+COS§

2 2
(d) sina — cos (i) sin6 + sin 260 + sin 36

)

(e) sin® a — sin 2 @

(a) 24 o BZ/ER, R 222 + 2v27 + tana = 0 PRI SLEL
. (0° < a < 360°)

(b) 2% — cosax + ista =0, (0 <a< —) RFET o IR THRE, M4
o ATERE, TR P HSE R SEUR . BG4

. PR 52?2 — 10z cos o+ Tcosa + 6 = 0 PPN HRAHSE , R IARZ Fil sk

6, HICHIN o BPAT U IIE A KT

B A B 2 1MHEHAZAENHAEH, MH sinA fl sinB 22

4a® + kx + /3 =0 R, K A Bl k 191

AABC =D NAD = oL By, i tana, tan B 25 22 —52+6 =0
IR, 3K Y.

HiE = e R A E X
sinz = V1 — cos?z, cot & = sin @

2 1—cosz

E§H0<a<g, SKAE sino + cosa > 1.

E%ﬂ0<a<g, O</3<g,

1) sin(a + B) F1 sin a + sin 8 WA~ K?
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14. YEM] TR AIE S

(a) tan20° + tan 40° + V3tan 20° - tan40° = /3

(2 .
(b) sin( .x—l—y) _ 2cos(z +y) = siny

sinz sinz

sectf — tan 9 T

po SOl )y

(c) sec 2sin? 0 + cos? 6 2
3 —4cos2A + cos4A

d =tan* A
(d) 3+4cos2A + cos4A an
(©) 1+ cosA+cos2A 4+ cos3A — 9eos A

2cos2 A+ cosA—1
(f) tan360 — tan260 — tand = tan 36 - tan 26 - tan 6

(g) sinz+siny+sinz—sin(z+y+z) = 4sinw;y -sin y—;z -sin z—;—x
(h) cosx+cosy+cosz+cos(x+y+z) = 4cos i —5 Y. cos? ; Z cosZ —; ‘

15. £ AABC 1, SRiiE:

(a) tan A+ tan B+ tanC = tan A - tan B - tan C
cos A cos B cosC B
sin B - sinC’+sinAosinC+sinA~sinB N
cos2A cos2B 1 1
© =~ e p
(d) (a® —b2—c)tanA—l—(aQ—bQ—&—cz)tanB:O

16. £ AABC h, JEH:

(a) #7 sin A =2cosB-sinC, W AABC HEE=fAIE;
(b) #& a®>=b(b+c), N A=2B;
(c) # lgsin A —lgcos B —lgsinC =1g2, N AABC 24 E=MA;
sin A +sin B .
g =————"— N AABC £ — 2.
(d) # sinC cos A+ cos B’ n ¢ A=

17. SR8 ek ) el 33

_ _snz (c) y = 4cos20sin? 0
(&) y 1+cosx
(b) y=2cos?a —1 (d) y = v/3sin20 — cos 20

18. SReRHL @ = tan 0 + cot O AIIRAE, IF3K 6 R {E AR X ARAE.

19. SR H BB R E S i/ IME
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(a) y =sin3x - cos 3z (d) y =sinz + cosx
(b) y = sin (x — 30°) cos (e) y=asinz+b
(c) y=sinz — /3cosx (f) y = cos*z —sin* x

20. R v = 3cos 2z + 3v/3sin 2z — 1 [ARIE . JET . BAAE R /ME.
21. A =M
(a) 4sin®z + (2v/3 — 2)cosz — (4 —/3) =0

(b) sec’z =1+ tanz (g) 5cosz + 12sinz = 13

2z +sindz =0
(c) cos2x + sin3x (h) sin 6z - cosz = sin 4z - cos 3z

(¢) tan 3z = tan 4z (i) sinz - sin 7z = sin 3z - sin 5z

)
)
(d) cos3x +2cosx =0
)
) sin2x  cos2z

(f

cosr  sinx (j) sinbx —sin3x = V2 cos 4z

22. RIIE:

(a) HFE sin®z = sin® o IRER {2z = +a + kr, k € Z};
(b) H#&E tan® x = tan® o WRER {z|z = +a + kr, k € Z}.



9w etk ikl

HERPRATCL2ET T 00—k, = oo IR 2 PUse— R 5 R A A&
SHRE. —ROTRER ST AR, R RGBT AR AL, R
FHEREAR . WS NEL . AR SRR AT R A ek
FRRAREIT , SIEATO U LRI, I B AT 2 B X et T R i SR A — T
PERITE, XLt R R BE A RCRSE . SE R T

B ok

M amiE, Manr A EAREZIC, mMHEL%EE TN
JCYERIINIE oYk, (HIX PR JCIRAERY ] BRI LA BRI, TR
PN S AR 57, JCHRAEMER UK 2 R R R, T3y AR
B, EICHIUE XA R — @i, e REAT, WTAE—AEIE R,
RBEA RS — I ICRE T, TEARR LS APl T PASE iz B s 753,
e mEReER, WET AMHEN N RESE. NI s s

—. WC

P GRS B BRI ek, FOe B IR WA AR . S
ARG, TSR, T TITEL.
AT MBI BI T B

Bl 2.1 fEiRRAl

{3x+5y:11 (2.1)
dr —3y =5 (2.2)
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$— HAHTE

1

(2.2) — (2.3) x 4 14

=2
(2.5) fRA (2.3) 15: {
y=1

Bl 2.2 A4l

(2.10) x

N

3z +y—52=18
r—3y+2z2=3

or — 11y — 8z = —13
fi: Jo¥F (2.6). (2.7) T, 5

r—3y+2z2=3
3z +y—52 =18
or — 11y — 8z = —13
(2.6) — (2.7) x 3 H. (2.8) — (2.7) x 5, 15
r—3y+22=3
16y — 112 =10
4y — 182 = —28
o PR (20) T

r—3y+22=3
y—-z=-—7
16y — 112 =10

o7

BreAE s R RSN { (2, 9)} = {(2, 1)}

(2.7)
(2.11)
(2.9)
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(29) ~ (2.11) x 16 J7, PR oo, 14

r—3y+22=3 (2.7)
y—gz:—7 (2.11)
2=2 (2.12)

(212) A (211), FLA (27), KmATf:

r=2>5
y=2
z=2

BN T B REE N { (2,9, 2)} = {(5,2,2)}.

I VAL B AT DARIIE , A T R A BT T R e U A T Y.

B I o WAL EE 4, R o WRBN 1, HE
JEIUATTRE R @; FHES AT y AR 1 R BRI TR
0 y; e BRGNP R AR R ey 1

B Fa - DARABIE, 2Rl K AR TR L, B8
AT AR AR LAY M.

PA= IR AR N B, TR TR AR i Al -

a1x +biy+ciz=d; r+ by +ciz=d] x=d]
G2 + boy + c22 = ds @ y+chz =d, ﬂg y=dj
asT + b3y + c3z2 = ds z =d z = dj

X fE e ORI AR T T = A AR e :
L AT AR L

2. =M EFEHRA AT ML ;

3. MM AREEERA AT RS, g — AR

AR, AR RN TIHICRIE, NI, AR R R Y %A
FRIR L G EA TP R R MR ). R4, iR =R A
e BEPRUE T AR AL R e NE Y AT e &ad bk =FhRAE e, Jr Ry
FREEDRFFAAE ([RIRRY ).
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P 1. 2, S5ERARZIER; AT PA=I0—IRIT AR N R E B X
AR 3, Z5E2IEHY, RATIEM A4

a1xr + b1y +c1z = d1
as® + bay + 22 = do (2.13)

aszr + b3y + c3z = ds

a1 + bly +ciz = d1
(ag + kar)x + (by + kby)y + (c2 + key)z = do + kdy (2.14)
azx + bgy + c3z = d3

TR
UEW]: B (o, B,7) 52 (2.13) WMLV, DA

aja+ b +cry=d;
azc + by B + cyy = dy
aza+ b3+ c3y = ds

A2 b frmelss sk, 5

aro+ b+ ey =d;
(ag + k‘al)oz -+ (bz + kb1)ﬁ + (62 + kC1)’y = d2 + kdl
aza + bz + c3y = d3

XU (o, B,y) o (2.14) —AM. IERRITIEAT AR, J57R4l (2.14)
AT — M2 R (2.13) UM, I (2.13) 5 (2.14) 2 FIFRY.

HE, BOHEr R — RSB GERE, i&F — Rk L, A7
FHEVUGR RGETHE AT, X LRI e hH A T RE B, FREaRAIR
AL,

Bl 2.3 fEorREdl
3y+22=5
—r+2y—32=2
z+4y+72=0
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fii: B0 2.1, B 2.2 MR EIEOCHE, B0 REALIG A =R AL
e, WiE

r+4y+T72=0 r+4y+T72=0

FEHBH = —z+2y—32=2 = 6y + 4z =2
3y+2z=5 3y+2z=5

r+4y+72=0 r+4y+72=0

N L2 1 L2 1
.= Z,=Z

Y1373 Y7373

3y+2z=5 0z =

Pl A, R 0.2 =4 o, AR RIS, L, B
o, SRR R AR a4k 0.
Bl 2.4 fEIARAL
3y+2z=1
—r+2y—3z2=2
r+4y+72=0

firt
r+4y+72=0 r+4y+72=0
JFHH =< 2 +2y—32=2 = 6y +4z =1
Jy+2z=1 3y+2z=1
r+4y+72=0 z+4y+72=0
N n 1 N +2 1
.- .-z
Y3773 Y7373
3y+2z=1 0-2=0

UL, A 02 =0 AIEREAME (2 (THIERESHED), B 2=t [
RTRE, WA

13,
r=—-————
AN
Y=373
z=1t

P AT R4 TR A, A

(ot ={(-5- 5t 5ot 1)}. oot
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4]
R RPN IR S i
) dr — 2y =8 Tx—y+2z=1
| 710y =4 By —32=0
14z — 2 4z =1
20 — 3y +42 =28 Tyt
2. br—y—8z=—-21 32— Ty -9
3z 45y —T7z= -8 y—z=1
Y+ 2r =4 120 - 28y =8
3.4 -3y =-8
4x —bz=7
T kIR AR A e
M e, FAT—Hm) —Jo—k
. {alx—i—bly = (2.15)
asx + by = ¢ (2.16)

Kk, FHPHEERZ M IE.

T:Eji*%?ﬂ (D Efjv %ﬂ]ﬁiﬁ:}, a5 bi, as 5 by, ay 5 asz, by 5 by %%ﬂ]:
R, BER, WK, ANE EdW—FMETE &L, R RS
B, RS TARRA FATHE T

EXMEET, FIAREERETE (RE a0 #0) , 715

by &1

T+ —y=—
a1 a1

a1by — azby aycy — azcy
ay ay

EE ﬁ%f%tﬂ Zi s ﬂﬁj\%l‘liﬁi@ﬁﬂ? :

(2.17)

(2.18)

(2.17)
(2.19)



62 FoF Ak
L2 agby — ashy # 0 BF, 1 (2.19) FERA (2.17) T ARSE O RR4L (1) M
f— it
o Clbg — Cgbl
{ v a1b2 — a2b1
o a1Co — Q2Cy

a1by — azby

RO T BRAL IO A2k
2. 2 arby — ashy =0 W, fh (2.19) AT HETRRIE

(a) # arca —ager #0, R (2.19) B R—AF G HEE, HEERTLE,
R JE o FRLH st o R, HAREE R S 4.

(b) % aicy — azc; = 0, )Flljjjﬁ; (2-19) ’gjfl Oy=0,y ﬂER{f_%‘Ei@( t,
KA (2.17) 15:

XA (1) HICRZ R, A
c1 — byt NS
{(‘r)y)} = {((h) ) t j‘j'ff,}ﬁ'\%ﬁ}

B
. wmzr+biy=ac e
g Hrray 5 by, ap 5 ba, by 5 by 53 B [A]
as® + by = o
HE.
L 2 arby — aghy #0, BEHME—F;
- Clbg — Cle - a1Co — Q2C1
B a1b2 - agbl’ N a1b2 — CLle

2. Y arby —aghy =0, H aico —ager #0 (F c1by —c1by #0), B
TEf;

3. ﬂ:zl albg — a2b1 = 0, H a1Co — A2C1 = 0, Clbg — Clbl = 07 Eﬁj‘f}
KR Z i

Bl 2.5 HETTAEA
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AR DL
e
ai=a—b, by=a+b c =2(a®—0b?
ay=a+b, by=a—b cy=2(a’+b?
oy

a1by — agby = —4ab, aico — azecy = —4ab(a —b), bacy — bica = —4ab(a + b)
Jir DA
L % a#0 H b#0, Wy FRd A mE—ff:

r=a+b,  y=a-—b
2. #a=058b=0, WFHA TRZ M.
(a) 76 a =0, b# 0 W, JRRAMHEN:
{(z,y)} = {20+ t, 1)t MEEED
(b) #E a=0,b=0 I}, JrFELAfMLEN
{(z,9)} = {Q2a —t,0)[t NLTEES
3. % a=b=0, MEHFRA RN
{m+%—o
0z + 0y =0
AP R IEER, 2,y MATHUEMEL, FI R fRgER
{(z, )} = {(s, )]s, t MATEHL}

R ABAAAETCR IO

Bl 2.6 FH—A=ffk, SHHHETFET RN T S A T2, K
AT S T Z AR a, BERAE=AN BT R WUT @R, TSR =
PR =8OR 99. SKIF=A74L, I RSE o FTRIREL(E?



64 $—F KMHHEm
fi: WR BTN o, TR v, BAEH R TR o — 2

(g #52 1,2,. 9 BRI FZ —5 a— 2 0,1,...,9 X+ HFZ
—). B, 3<a <18 KEE

r+y=a—x
100z + 10(a — x) + y = 100y + 10(a — z) + = + 99

R Bk R AR A -
2x4+y=a
z—y=1
1
N = z(a+1) . e ‘
H T Al 5 { 3 B X PSR, AYERTE: o + 1 20
y=ax—1

2 3 IR BrbA, o HUATREER 5,8,11,14,17 Z il —AME, BRI 4G

a=51, WMz=2y=1,a—a=8 AHHIR=(ECH 232;

a=8 M1, Maz=3y=2 a—a=>5 AR =(ECh 253;

e a=110, WMaz=4y=8 a—z=7 AfHHIR=MHCN 374;

e a=171Hf, BRI 2 =6,y =5 Ha—z =11 EAFFEEE, Wi,
XA TEA T AE .

JA, B8 a 73 AIBUE 5, 8, 11, 5 14, RINH =f%Ch: 132, 253, 374,
495.

’ %:>) y
AR T AL R B IR T TP
. 3z — by = 20 5 mr+y=m+1
. 6x — 10y = 15 . T+ my =2m

3r—y=28
2. Y
2x4+ay =7
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&
&
[\
p—t

L il o CA AR T 7 REd

2r +8y—5z=3 r+2y—3z=>5
() yz—2y+2=0 (d) § =2z —4y +62=-10
THy+32=17 Ly 3,23
2 2 2
r+y+2z=4 Ty + 822 + B + Tay = 12
(b) § 22 —y+32=4 811+ bxo +Tx3+24 =0
r+y+2z=3 ) 511 + Taxs +x3+ 324 =4
r+2y—8z=>5 Tx1 + x9 + 313 + bxy = 16
(c) 8r —2y+2=4
-3z — 6y +92 =15

2. WHE AT AR AL R AR AR O -

(a) (c)

r+ay =4 pr = qy

6x — by = 25 ax + by = a* + 2a + b*
b) (d)

dr +ay =" br + ay = a® + 2b + b?

3. AP T Z AN a, RHEX PRI, BrAs i piaL
KLIREUN 36, 17 o ATREBUIRLLE? ORI EUZ A7

4. AW m BUAEIY, TR R M

(@) (m—1z—(m+1)y=m+1
m*z — (m+1l)y=m-—1

(b) {x—(m2—5)y——1
(m+1Dz—(m+1)%y=1

5. FNHICEX I R AL = RS R AR RO AT — ROk
—AOTRE T MR AR T A AT 2B



66 $—F KMiia
(- RN 1 ¢ ]| W W S A i B

AR EAVFN e SRR A A AT, G120 = Hr sl i,
MIMTEE ] ZICE T REALIAT AR, IE R HATA 20 E R &5 Al 1

—. BrArslA
— R ook R
. {alx +bhy=0c (2.20)

asx + boy = ¢y (2.21)

ﬂ:ZI a by — azby 7£ 0 E‘L ﬁuﬁ#ﬁ@a R

= Clbg — 02b1
{ _gﬁ;j%g (2.22)
a a1b2 — G,le
A (2.22) AIAEH, AR aibs — asby, HA HE A RMNEL
MIAREC ARIETTRRA (D) RS R L Bk, R REANT A B AL EHE
P —IESTE, Bl

ai by

A RTARE] arby — asby S XFEMTIAIA: — U2 1R 8 A ST n (X A
g (B EXAL) BRI, BUES: 5—TU2 IE T8 i L TR %
gk (FRNEIXML) EMADEER, s

HNTRETICZ, FAPHFHEE T TR YA BRI & n— 2 B E L, Rl

aq bl
a9 b2
FHHE XM FHE a1by — azby Bl
b
“ ! = CL1b2 — a2b1 (223)
as b2
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X, (2.23) 2, g A rslEG m (2.23) eaadnatE kb
(Rl NS

—Braltrh, A ERR N ERTCER A TCRAREE (FRRAT) W
BEHE (Frohg), Wi Bt s =47 =50,

JIrEA, ZBrAral e —AME, BRI (2.23) X AR IR
*x.

Bl 2.7 JRIFIHHE I

1 2 3 3 m+1 m+42
" -5 -8 . m m—+1
0o -7 sinx cosx
2. 4.
-3 10 cosx sinx

fird s HO6E A SIA N R]AS

2 3
1. =2x(-8)—3x(-95)=-1
S m 28 -8 ()
0 -7
2. =-21
-3 10
1 2
3T T 12— mm 4 2) = 1
m m+1
sinx cosT .9 5
4. ] = sin”x — cos*x = — cos 2z
cosx sinx

%>
[ L IR TSI A (E
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4 log, > log,x
(a) (e)
9 m n
a? sinz tanzx
b f
(b) b? ® cosT cotx
—3 21 1-v2 2-3
(c) (2)
-1 7 243 1++2
6a—b 2b x—1 x3
(@) (h) 2
3a b 1 ¢+ +1

2. WilAE, IRAEIE A A LA A T8 2050s kg ?

am — bn, am + bn, arby — asb;
= a +kay by + kb a; b
3. SRl 1 2 01 2| _|@r D
as b2 a9 bg

L eI RE LRI A T 1R B i

oM R AT, PSR, PRk, TRl
PMRA I AT 9 R o, Bl

ar b
arby — azby =

az by

a b
Clbg — Cgbl =

coy by

a; G
a1C2 — G2C1 =

Gz C2

R, IR AR AR A O AT AR
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a
a0 Ao H,

a2 b2
C1 b1 ar C
Co b2 as Co

T = , Y=

aq b1 ay b1
as b2 ao b2

SRR, @ LR =AU e

ar b c b ar

D:

Y

x

a9 b2 Co bg as Co

Horp D e b AR R AR AR WU 48, i EoX A7 PR 2 i) R 4K

#1905 D, WItE e D fH—30nEK (2 BIRE) 70 B s Y i) i B 21

18 Dy WIGE M D K55 F00CE (y BIARE) I3 B SR I A 3 4 s
DRI AR (1) MR A, bRl fRife s 24 D # 0 1,

po D=
|

V=D
B ZoestE iR (1) RIfgsE N

@i ={(% %))

P 11z —2y+5=0
Bl 2.8 JHITHAEME I RRA {
8r+Ty+24=0

fid: SeR TR OB
11z — 2y = =5
8r + Ty = —24

M43 D, D, Dy

11 -2 -5 =2 11 -5
= =83#0, D,= =-83, D,= — —949
—-24 7 3 —-24
R A, 15
D D
i a—— =Y _ _3
T D ) Yy D
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F)ﬂ/y\a }Eﬁﬁz?ﬂﬂ/ﬂﬁ@%ﬁﬂ {(I, y)} = {(_15 _3)}
TEfE AT 2O R oo o AL, B D = 0 i, AR
WA, R AT BRSO AR AR R e, BRI A T ShE

« B D=0, H D, #0(2 Dy #0) i, HRAiaEL s 0;

« D=0, H D, =D,0H, HERHAGTREAM, EWMigETsH#—

VR, RATX BT —ongk AR, REHY a1 5 aa, a1 5 by,
as 5 by, by 5 by AIEEFHR 0.

Bl 2.9 ATHIZGEM T IR, e

{maz—l—y—m—l:O

z+my—2m=20
figt: SRR RRA S — RO

{mx+y:m+1

T+ my=2m
FEHSEA AT
p=|" Mew 1= (mem-1)
1 m
Dz:m—'_1 1 =m(m+1)—2m=m(m—1)
2m  m
D, =™ T ot 1) = @t 1) (m—1)
1 2m
LA

e Mm#£—1,m# LN, D#0 TREAAME—ME, ERMEN
m  2m+1
(@ = {5 25)

« BHm=-1/, D=0, D, #0, FEEATM, EHMBEN 0.
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e ¥Ym=1/, D=D,=D,=0 FRHAGTREZAM, XBHTETE
L )rty=2 e
AR TEE s +y =2 #FHS o=t Wy=2—t¢
T+y=2

Pt JrEERd AR T o :

{(z,9)} = {(t,2 = )|t HILEHY

R, ERSHIORET, A ARMNFRE, hES y=a W o=
2 — a, RSN RN {(2,y)} = {(2 - a, a)|a WIEEAL}-

4>l

KR /g i
z—8y =10
(a) {
6r—T7y—11=0
14b — 6y = —1
3z4+Ty—6=0

(b) {
mx+ny=1
CR A
nr+my=—1, (m#n)
zcosA—ysin A = cosB
(@) { i

xsin A+ ycos A =sin B
2. fERAITRRA, I

m—1y=1
m—z+y=2

mr+y=1
dr+my—m=20
kr+ (2a — 1)y =a®>+2a—1
T+ ay =2a
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&
=
N
B

L BT EF 5 A E

V6 V4 log, b 4 erty e —1 1 1
NOERVELN 3 log,al e +1 ey |’ —tan?a 1
2. 3KiE:
(a) aq bl _ a; Qs (C) ka1 k’bl — aq bl
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EA=0RHELT, MBHREER RATHES IR TIHE
% Air, Avrgy .o, Ass ﬁf%’]i@f‘%%ﬁ?ﬂﬁ A BHENICR a11,012,--.,033
PAREAR T
L A A=01 A1, Ara, ..., Ass PEDEH A NE. TR %S 0] DA
MU, RINF s Al AU, R, ARtk FTRAMERE Ass # 0.
8 (2.49) WIRTHA 7 RS 1L

{ a1121 + G12T3 = —a1373

A21%1 + G22T9 = —A23T3
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F AMyiza

I

RAE AT, 15

x3
3171 + a32%2 + A33T3 = Aon (a31A31 + aseAss + agzAss)
33

€3

:14733

AT DL L 28 = A RE, 2 AR (2.49) Mg T o3 BUEM
b, R RAA LREZ AR

A =0

o A=0, HARIALRRER TAHEE, H A RTRREDH

—AARET. AR, WERE an #0.
Hi (2.49) AUEE—AJ7RE, WIAS

KA. B=AH, 5

A21T1 + G22%2 + Q233

1
= *7((112%1 - (1116022)5152 - 7((1136021 - (1116023)5153
a11 a11
Assz Asy
=y + w3
a11 a11

HTITA &M TE Ay =0(1<i<3,1<j5<3), iikA,
2121 + G22T2 + a3z = 0

a31T1 + G322 + a33T3

1
= —7(a12a31 - a11(132)962 - 7(a13(131 - a11a33)x3
a11 a11
Ass Azy
— — X2 + 7%3 - 0
@11 @11

ALK R R = AT, BIANIE 20, 23 BUTFATH,

a12 a3
—— %2 — — T3, T2, T3
a11 ail

#RITRRAL (2.49) W9fE. BreAdifedl (2.49) A ICRZAIEZME:

a1 a11

(nanen) = { (220 - 2%, £ o) Lo inies)
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Bl 2.36 THRRAABA AT, WA, KIBEMETIEER.
xr1 + xo + Tr3 = 0
3.T1 —$2+2$3:O

1 —3x2 =0

1 1 1
1
fig: BT RPATHKXA={3 -1 2/=0, HA33—‘3 B ‘——47&0
1 =30

FrARPRESE— . 5 AR

I + Tog = —X3
31’1 — X = —2ZC3
3 1
s o = —ZZE:’,, T2 = —Zig-

2 w3 = —4k, WIJTFEHRMRE N
{(xla .732,.733)} = {(3k7 kv _4k)|k y‘:"ff%%ﬁ}
P R A TR 2 A EE .

Bl 2.37 IR
sl + X2 + Tr3 = 0
21’1 + 2182 + 2183 =0
31’1 +3£U2 + 31’3 =0
fit: WA
A207 A11:A12:"':A33:O
H SRS o = —xp — a3
Y Xo =L, vz =1t, WG FRHANMEEN
{(.%'1,.1'271‘3)} = {(*L - t7L7t)|L7t j‘:"f{%z:ﬁ}

WARTTREA (2.49) A =0, HFrfy A;; =0, MHFrAICRENE, WL
N
0x1 4+ 0x2 + 0x3 =0
0x1 4+ 0xo + 0x3 =0
0z1 4+ 0x9 + 023 =0
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AR, XEHRRAEEI, Tk 21, 20, 23 BUTAME, FAEAGL. XFE, J5
FEAL M RA TCRZ AR
Cify BB R DL, WA IR B 4ie

sl
FrREM TR

1171 + 1202 + a13w3 =0
(2121 + A22T2 + a3z = 0

a31%1 + a32T2 + azzwrs = 0

AT RN BT AR XA IR R AT A B

\.

Bl 2.38 S R OISR B A AR

ary + 9 +x3=0
1 +axes+x3 =0

T1+ 22 +ars =0

fir: R AGATHIX

a
A=]1 a®—3a+2=(a—1)*(a+2)
1

—_ Q=
Q = =
Il

o Fra#l, a# =2, MHBRALHEEME,
¢ a =18 a= -2 WHREAHTERE B,
R 0= 18 o= —2 KPR RIS EER, (RPN
-%a——aw,ﬁﬁﬁ%ﬂ«f_;Fﬂlﬁu,%mﬁﬁﬁﬂﬁ~¢§
B HRAHIN
{1, 2,29)) = {(LE.)|¢ HfEE50)

o YHa=1n0, FrAMRERTRENE. T, BOZRBEHVAWZS
B, RSN

{(z1, 22, 23)} = {(=L —t, L, t)| L, t ALEED



SR ARy iEa
Bl 2.39 RAEFRZEM T REA

ax +biy+c =0
as® + boy +co =0
03$+b3y+6320

A IER BT
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fi: ARXANITRELARE, I BDIAE— DA TFEEL (20, y0), FEB T4

Wi — AR 2, B
a12o +b1yo+c1 =0
asxo + bayo +c2 =0
asxo + b3y0 +c3 = 0
FEMPAN S, 15
a1x0+b1y0+cl -1=0

a2$0+b2y0+62'1:0
asxo +bzyo +c3-1=0

RE AT, XA —IGFIREETT A — N AEE# (20, Yo, 1)

Hil TR & RAA RFR D EZ R R ENREUTIIAFTE, H
i1y ] PASHE H
aq b1 C1
a9 bg Co| = 0
as b3 C3
aq bl (&1
I AT RE AT AR L6 T2 |ag by o] =0
as bg C3
%>
L A, REAREILH] 2.39 IR FUCA TE 6 1FT AT

fRRERA.

2. FE AT RGN AR R A AR WA, RIBENS B
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3

$—F KMy iEa

Sr —6y —4z=0
r+2y+42=0
3z +2y+6z=0

L A R

20+4y—3 =17
T—y+2z=-1
3xr—Ty+32=10

—4dx + 3y — bz =—4

—r+3y —2z2=-8
Tr+y—2=4
dox — dy + 32 =16

—x—2y+2z=0

2. T BTTRRAL

2r+y—2=8

r—3y—2z=1

204+ 3y +2=10
r—4y+22=28

3. T HITTRRAL

(¢)

(d)

Ty + 229+ 303 —x4 =1
3x1+2x0+ a3 —x4 =1
201+ 30+ 234+ 24 =1
201 + 225 + 223 — x4 =1
5x1 + bxy + 223 = 2

T+y+z==6
2r—y+z=3
3x+2zx—2z=1
Sr—y—2=0
T—2y+32=6

T1+ X2 +x3+ 24 =10
2ZE1+3$2—$3:5
2$2+£L’3—2$’4:—1

$1+2$2—l’3—3$4:5
2.’L‘1+3.’E2+3.’E3+$4:2

T1+ T +x3—Tx4 =6



SR ARy iEa

22 +3y+2=0
r+2y—32=0

(b)

4. FIWT AT IR T R A AR R

2131—172+3173:O
(a) { 4z; — 225 + 5x3 =0
2x1—x2—|—4x320

5. SR AISF IR AT AR A A

oxr = 8y
(a)
10z — 16y =0

2%1 + 5%2 + 3£U3 =0
(b) 31’1 — L9 — 41’3 =0
-1 + 6.%2 + 7%3 =0

(b)
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dr — by —2z=10
3r+ 7y —62=0

3$1+2$2+6$3:0
$1+2$2+4$3:0
5%1—6%2—4%3:0

5E’1-35E’2+l‘3:0
2$1+$2+2$3:0
—5$1+2$2—5$3 =0

2x1+x2—|—x3—|—7x4:0
3%1—4%2—1’3—8%4:0
.T1+£U2—£L'3:O

Ty — X2 — 24 =0

6. 2% a NMIINHER, THSFREETT A EFMH?

1+ 29 +ax3 =0
(a) —3$1+5I’2+ZIZ’3 =0
$2+2$3:0

—5.'L'1 — 9.’L’2 + 7.’L‘3 =0
(b) ary —4ws + 323 =0
—8581 — 55E‘2 + 455‘3 =0

T.MRETHITRRA, R ey

()

(d)

ax +3y+z=0
r+4y—32=0
ar+y+3z2=0

dr —2y+az =0
ar—y+z2=0
6r—3y+(a+1)z2=0
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z+2y+2=0 z—5y=20
(@) dx—y—22=0 (b) S dy+2=0
—2r—y+2=0 dr +5z =0

8. CAHIRAH

ary + bry +cxs =0
cr1+ bry +axs =0

bri + axs + crs =0
HAEEME, KiE: a=b, B a=c, Hatb+c=0
9. SKilE: FREME R
x1 + pro + qrz + (v

1 +qre +1rr3 + (S

1+ 71T+ Sr3+ (P

z1 + sto + prs + (¢

WA AEFE.

AT N BN

—. AmFENERA I RHN SIS Tk, X (EART, =k
1)) B HEBMER. = e My AR IE s T ORIEREA ISR £
PEOTRELME— s SRIRAMT R4 E M SC R AR5, [MImE, b T
VU TCEMETT R DA KT RS AR T RO S Y et T R 4.

T TR ST R R ek, Hois ) =R R A T —
SERFIIHIC, TR, @z AT EmL.

= AP RN — R TR, . =BrArslaia e 02

a; b

= a1b2 — CL2b1
az by

a b o

Qo bz Co| = a1b203 + a2b361 + agblcg - agbgcl - a2b103 — a1b362

as bz c3
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e . = ATH I A LA, xR AT A A E
. ATAIA AR CERE AR AR SR, AR B R XA IC R e
AT RS I, In=Fr 80T

11 Q12 Q13
A= Q21 Q22 (23

asz; G32 (33
WA PATRIAE RS
A:|ai,j| 221,2,3,j:1,2,3

RTAERBR TR EERE, JOHRAHR T, 51
THEASTEAIT R A Z R

FRATCR ay; AR TR ME—Brivtirsl, 1 Ay #on, W, 1
ZBATHI T, TCE ags BIREER TN

Az = (—1)2+3 e
az1 432
=B8R DA AT o) AE X
Q22 (23 a1 Q23 a1  a22

A = (—1)1+1a11 + (—1)1+2a12 + (—1)1+3a13

a32 (33 agy  ass agy  asz

= a1 A + a2l + a3
PR AT A RS B T =0 s =oe s — i, n By o AT DA B
T n A n—1 Brfrs)=e S XFE S, BATFRNFTHIAT 948 L.
AR e 111 R it TR 2 UKYE, AT
FRA=Fr A7 2N BIRUERA Y, B EA T E R RS H
T sk R
asT + bay = co

a, +by=c
{ ' v ' (a17a2;blab2 Klﬁ‘lﬁj‘jﬂg)

(A R LA AR J LA e -
L BRBATHIA D # 0 i, JrRedif vE—f#

@ = (5 %)
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2. % D=0, H D,, D, NAKER, HHEHTME:
3.3 D=0, H D, =D, =0, HHRHAFLF 2N, XET5ASE
t, TR RN A
(z,y) = te®), B (zy)=(f1),t) (¢ MEEL
7. SRR
a1171 + a12T2 + a3z = by
2171 + A22T2 + A23T3 = by (a;; NARZE)
a31T1 + a2 + azzxrs = by
HIAE AT AR AR JLAME TR e :
L MREATHIR A # 0 B, A E—f#
(A1 Ay Az
($17$2,3E3) = <A7 K’ A>
2. M A=0, H Ay, A, Ay RENER, HEHTCHE:
30M A=A =0y = A3 =00, FEAATHRZANE, XHAT5IA—4
NS, HRRHANER RN EE D 2 ST
£ on DR n A RENEG LA R R AR TS A )«
YERPATHN A # 0 B, HERAA ME R

( (A A A
L1, X2y...,%n) = A7 Av"'a A

Hr Ay, (0=1,2,...,n) 2% A 5 ¢ 54805 AL H B T2 %A
n Brtr) .
NG FFIREME AL (PA=JT M)
01171 + a12T2 + a13r3 =0
(21T1 + A22T2 + a3z =0

(3171 + a32T2 + azzrs =0
B 43 A N TR
1. BRI A #0 B, HREAFE-IFM@ (v1, 22, 23) = (0,0,0);
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2. 4 A=0nf, TRRARAZMIN, BFTRETAEEMR.

HHHEBR (WA ), M2 5208000 — B, FrR&MTE
PAHAEZ RN TR MR ARLUTIIA A =0.

Juv RIVEANEBCEG TR BN F LT BRI, — B e 5 5
R MBS AR BN S R AR. PR, R BRIk S BhE, }
BIAET 5

=%}
L. HEErEocEmR Ty A
r+2y—32=3 5xo + x3 — 4y = 17
(a) § 3z —bBy+72=19 b) 3xy 4+ 14 = 12
or — 8y — 11z = —13 41 — 323+ x4 =9
r1+ 229+ 324 =8

z+1 y+1 xz+y

()

20 21 17
2. fEFA AR, HmE G
(a){x+y—2 (C){x+2y—5
dor —y =3 2v +4y =10
(b){x—y:5 (d){y:3x+2
20 -2y =7 Yy =3

3. fETANRT x,y WHTRA, Fitie.
" {(a+1)x—(2a—1)y—3a
(3a+ 1)z — (4a — 1)y = 5a + 4
. {(al)x+(a+1)y:2(a21)
(> =1z + (a* + 1)y =2(a® — 1)

© (a+5)x+ (2a+3)y—(3a+2)=0
(3a+10)x + (ba +6)y — (2a+4) =0



124 H_F Ay

2z +ay =4 s
4. EHITRA { HA—MIEEURE, K S8 o ROIBUETER.
r+4y =8
5. WH=MAFMINE, R T2 XAME:
13 22 17
14 —-11 16
10 0 18

6. T 276, 345, 391 ARAERE 23 BBk, ATHEATHIAXRERKIE: A5
HAEHL 23 Hx.

2 7 6
3 4 5
3 9 1
7. R
a b c T Y T +y
(@) ¢ a b ]y z+y =
b ¢ a T +y T Y
a b 0 0
1 sina  cosa (@ 0 a b 0
(b) |sin(a+ B) cosB sinf 0 0 a b
sin( — ) sinf cosf 0 00 a

8. ARATHIAMME, HAMATHIAE L EHFOR f(x) oot J 2® B9
g

2c z 1 2
1 = 1 -1
x =
/(@) 3 2 x 1
1 1 1 =z
9. Kilk:
a—b—c 2a 2a
(a) 2b b—c—a 2b = (a+b+c)?

2c 2¢c c—a—2>



FET AFRRA R R4
bl +c ¢ +a1 a1+ bl aq b1 C1
(b) [ba+co cataz az+bo|=2lay by 2
bs+c3 c3+as az+bs as bz c3
10. RN AR
1+ 2 3 sinx 1 sinz
(a) | 1 2+ 3 |=0 (b) [cosz 0 sinz| =0
1 2 3+ cosr 1 cosx
11. fEAAE
Tr—a b c
a r—>b c |>0
—a b Tr—c

12. >RiIE:

a

(b)

C

b

=a®+ b+ ¢ — 3abe

St O

c
b

a

a

Cc

=(a+b+c)(a®>+b*+ c* —ab—bc —ca)
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(c) & AABC =il a,b,c WM a® + b3 + 3 = 3abe, N AABC ¥
H—EFEN =T

13. A REAL

1 1
To— A=y =9
TTRY T,

1
2043y +T-z =22
2

:3—
3

—_

I

|
[SUN )
8
“ +
[\

|
—
=

_|_
(SIS

W | N

Il

|
O
S

(d)

8| ws
w | oow
I
=N

ar —aby +bz =10
r+ay—z=-1
by+z=1

la =my =nz

ar +by+cz=d

(amn + bnl + eml # 0)
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14.

15.

16.

17.

18.

$—F KMiia
WHESE N\ WHE, T RP R « S v AR S

22 +8y=3\A+1
3t —(A=8)y=X-3

R AR et e
3271—2272—'—3274:0 2$1—I2+35L’3—21’4:0
171—172+IL‘3:0 171"'7132"—173—174:0
(a) (b)
3x2+3x3—2x4:0 3$1+5$2—5$3+3$4:0
.’L’1+2.’l§'2+4$’3—2$4:0 .’L’1—£L'2—2£U3+$4:O

a,b.c BRRAFTAL, HUBT RO A B U AR
(b—c)x+by—cz=0
—ax+(c—a)y+cz=0
ar —by+(a—0b)z=0

SR BT AMERS, FOGFREIET A B A A EEm, Kb
SRR

(a) Ty =\ 1l — 6y 4+ 22z = Az

a

6z + 2y = \y (b) ¢ —6z+ 10y — 4z = \y
2 — 4y + 6z = Az

EH (a1, Bi,71) 5 (@2, Bay y2) #ZELA N FFIREMTT FEALI A

a1 +by+cz=0
G2 + boy +coz =0
asT + b3y +c3z =0

. SRk

(a) k BAEEE, (kay, kB, kv) HEHFEHME.
(b) (a1 + ag, Br + o, 11 + 72) WG HFEHBE.
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19. PATTRRA, @y BARFEL, o, b ZOHEL, m,p BB #THATT
PEAHA TCRZ MRS m, p.

(3m —bp+b)x+ (8m—3p—a)y=1
(2m —=3p+b)x+ (4m —p)y =2
20. AN RRALA R, KRSE

3z — 4z = A(\? +12)
S5x — 6y = 2A(A + 3)
o — 8y = 12(4 — \)

21. @,y 2 RARAEL, a.b BB, THRRALEA 25 T AW/, Tofts
A ICRZ .

ar+y+z=4
r+by+z2=3
x+2by+2=4

22. Al @® + 02+ =1, FHIRT 2,y MR R G AR

(b + *)z + aby = ac
abx + (¢* + a®)y = be
cax + bey = a® + b?
23. KTFHNKT z,y, » M=JCM AR A E— ) 55, R ITEX—5%
GRNEffE
A+3)z+y+2z=2X
(a) ¢ dz+(A—1)y+2=2\
3A+1D)+Ay+(A+3)z=3
r+y+z2=0
(b) ¢ ax+by+cz=0

bex + cay + abz = (b — ¢)(c —a)(a —b).

24. Wik FATAIREXMEA T (B ET7) BnReENZ, W50
ERLSE T X A& EATTRIVESR.
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25. 3Kilk AABC R =AM BB A2

cos?A sinAd 1
cos?B sinB 1/=0
cos’C sinC 1

26. EH 22 +5y+42=0,3x+y—T2=0, 3KiF: z+y—2=0.

27. B a,b,c R HEAME M, Hik
T
a
b
C C C

(a) WEMH p(z) BXT z M=k ETI;
(b) FUMFFAISSIERE, kil p(x) AR,



BHow ZUONAIEREPE R

R RATE LIS Z I U NGESE, FHEEY ] T —In2 I
WRERIE . RAEBMZ IO Z ARTIE A, FA . XA B B
AR, AR SE b A ) IZ M, ARER IS MY, )X 2 T
REARRAESE— 2RSS . $R, JAIPHE IR R— o2 Hist.

BN B RILNEGE
ETRMWBETRNDERRL:, SHR—TELTER, 1 AR R

T BRSO, BRERNE &R, WAk
HARGUHREBLANE

A anz™ + ap_12" 4+ - + a1z + ag BRT, W z B—I02 Wik
(fAiFr2mi=). He, a; (1=0,1,2,...,n) R2EHTE, n 2EHEHER
R

. I WA IR f(x) 3 g(x) &, R
f(@) = apna"™ + ap_12" "+ +arz + ag

LW f(x) B, aix’ (0=0,1,2,...,n) WYHL f(z) B9 7RI, a; AL
WM R Y a; # 0 B, Z2IX f(x) FRA—IC @ REW, HHEERIIREL
itfE degf(z) = 1.

Feal, 2 n=0nw, 2N f(2) =a, XEF, 3 a0 # 0, FLAUHE
WA 4 ag = 0 FMMEZ T, ErIRERE L.
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B, fi(z) = 72 — 1 WE—IT =20, folz) = =5 MFER LTI,
f3(x) = 0 MYMEEZIA, BAE LRI
W PR 2P g bE. FORRFE, WhohIT. AERRAI AT
DA BB LS Bl B2, B DAE A ETT. BRI EE
BT R AR B EGE Y, RO R RIS VE R G A . RS AR DA S T R i
B ECAEL: R, =5 1 s, s E I AE G
KRk, AFA—A n R 2T, /LL%IEEA#H%’?IFT B DAS A ifE
e
f@)=az" +ap_12" '+ +az+a (a, #0) (3.1)
BOH
fx)y=ao+arx+- - +a,_ 12" ' +a,z” (a, #0) (3.2)
Hr (3.1) FRh 20k f(x) BEREARER, (3.2) FRhZ T f(z) T RARIE
7.
B, £ g(z) = 5 — 72? + 132* — 8z — 23 + 102% — 1 L )5,
AT DA BB B T P AR HE TE X
g(x) = 132" — 2% + 32 - 3x — 1

i

IR AR b BB PRI @, B2

g(z) = -1 — 3z + 32° — 2° + 132"

f(0) = and™ + an 10"+ -+ arb+ag

B2, K f(0) MMM « = b I f(a) FI{EH.

WJ 3.1 E%H f(x) = CL3.CU3 +a2x2 +a1x+ag (a3 # 0)7 iﬁﬁ\z f(0)7 f(1)7 f(_1)7

f(m).

fiR:
f(0) =
f(1)=as+as+a +ag
f(=1)=—as+as —as +aop
f(m) = azm® + aym? + aym + ag
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B 3.2 A f(x) =242 +8, K f(—2), f(x+1).
S T -, o+ LER RO PRI f(—2), fle+1) BAze—
NEHEUE, M E ORI R (EIRATAT AR 2R —2 5
o+ 1 35 f(2) T o Brigr 2 s, ks bgiedoo, HizBmirs
K AR AR R Y.
firt

f(—z) = (—2)* +2(—2) +3=2"-22+3

fa+)=(@+1)*+2x+1)+3

=2 420+ 14+22+2+3=a+42+6

[EEZTEY
f(@) =apnz” +ap 12"+ +arz + a

g(z) = bpx™ + by_12" "t - 4 by + by,

AR BN AR IR GO AHSE, B ay, = by (K GARSCRER0) Fed Tt
PP Z IS, 12fE f(2) = g(@).

AMERNTE, AR 2 A S5 i Db B4 2 B AT R R 45, B an 2R
f(x) = g(x), A4 degf(x) = degg(x).
Wizdg i, WRIEZWAFEE DR, T2 2 W0 S5t T 4
2 H AR BIUEE ARVHER, WAZUX A EAR D). FEXME ST, i
A Z 00 X AH ST AL, “fE %7,
Bl 3.3 BRI T
f(x) =2+ (a+3)z® +bxr — 1

SEZE:N
g(x) =2* — (1 - b)2® + (10 —a)z — 1

&, WK a, b IfE.
fi: B f(x) = g(x), HEC RFERRER, FrRAE TR R KO0 [ AH 4.

A
a+3=—(1-0) a—b=-4
=
b=10—a a+b=10



132 F=F ZMXayLhrEib

It A

Bl 3.4 CH—MESN:
~1l2? +23z=a(3+2)(3—2) + b2 — 1)(3 —2) +c(3+z)(2z — 1)
oK a, b, c.
B WK
f(z) = —112* + 232
9(x) = a3+ 2)(3 —x) + b2z — 1)(3 — x) + ¢(3 + z)(2x — 1)

R H R f(z) = g(z), FRPEE X 3, XF g(z) PZERIFIH BB R HED
IbER, HSHEA o, b c BT, TR a,b, ¢ XFERITEA AT, HK
Z O TTPAMBR B &, BT f () = g(a), FrA%s o AARMERRSEL ¢, #f
A ) =g(t). AP RSN o WE, ST AR SR a, b, c.

fire: o EAMESE ST RR L, AT LA HIIER 2 = %,—3,3 A,

35 35
>,

1
T “
168 =-42p = {b=4
2
—30 = —45¢ c=3
#2]

L AF2mMZBRZ AT H2MEZHA? ENMKHZ A7
2. AT B AR, IR B x=1, 10, ¢ WH{E
1 1 3 1 1

1
9) = Sy Cp 322 1o 13
(a) f(2) 5% 3x+3m 1L 5% 7+6x

(b) g(x) =7+ 6z + 42® + 5a* + 3a* + 2° + 22°
3. R A S UL Y SRR SR
(a) 2?2 + b1z P+ -+ bz + by = 2" — 3z — 1;

(b) 22+ by a" P+ bzt by =2+ 1
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L ZuERNk Rk

KT 2L SR, BAMEHE gl WA Z Ik
B AR AR, Moz e R M oX A2 A 2 0t
FIARIs M B R M BO A AR Rz S, Haa 4R 4~ 2 i
IR

Iz E st W Z A SRRz, FATT RGN T

(—) Tkt ek PR E

FRAE R — AR TEE N2 T f(2) 5 g(x) B f(z) +9(z) 5
M f(2)g(z) PIRRE—DZI, W HENTRRBAEFOREGRTEE . X2
2 WA MRS IR B AL

Bidn, PIAA B ARLZ i

1
f(x):2m3—|—§ac2—m+1, g(z) =32 + 22 — 3

FORIEST A
f(z) +g(x) = 22° + ng — 5z —2
f(x)g(x) = 62° + %x“ — 262° — %xz +237—3
PS¥ELEYE Al

() BRI L AL 0 2L ATE
XtF—IeZ IARIE S AL, ALA R
Lo esiel, BN HEEZI f(2), 9(2), h(z) BA
[f (@) + g(@)] + h(z) = f(z) + [9(z) + h(z)]
[f(z) - g(x)] - h(z) = f(x) - g(x) - [h(z)
RO A HEIATINSORIE R 25, 0] DA W55 1 $2 AT A P 04T
2. R, B
(@) +g(x) =g(@)+ f(z)  f(x)-g9(z)=g(x)- f(2)

R ERATAEIEAT I SRRz, W DMER B S iz i 2 0
FALE.



134

(=)

$=F SMAnyAmIER

- PR FEXT AR o BCAE, R

f(@) - [g(z) + h(@)] = f(x) - g(x) + f(z) - h(z)

B
[f (@) + g(x)] - h(z) = f(z) - h(z) + g(2) - h(z)

AFEFZ . SFRZIK 1, MEEZ WK f(2), ENHEA MR

0+ f(z) = f(2) + 0= f(x)
0- f(x) = f(x)-0=0
L f(z) = f(x) - 1= f(x)

X EZ T

f(@) =apz™ + ap_12" '+ + a1+ ag
SIE—NZ0 —f(),
—f(z) = —anz" + (—an_1)"  + -+ (—a1)x + (—ao)

15 [ f(2)] + f(z) = f(2) + [~ f(2)] = 0, FAHEEANZT —f(x) FF
KL f(x) Hem.

B, 2 g(z) = v22? — 2® W H LT

—g(z) = —V22* + 2*

EAVEVEEIRSE AN 14

B fz) 72 n RS, g(z) & m KEWE, PLENIA f(z) +9(y)
A2, XANZIXARE p A TILFEE:

Y #n i, p=max{m,n}

Yrm=nhf, p<n

B, 24 f(x) = —g(z) B, f(z)+g(z) HEZTX, BAE KL
W2 f(x) - g(x) BR—ANZTX, XPZIRAKRE ¢ = m+n;
R, 24 f(x), g(x) 2R EDLH - ABLHAR, f(z)-g(z) =0, EAREXL

e e
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(P9) WA~ 2 0 074
W2 s AR, W2, 88 f(e) — g(x), HEX
H
f(@) —g(x) = f(z) + [~g(2)]
T M2 —g(x) PIAAE L2 WA EE M, B f(x) — g(x) 752
— M2, FrAZ A E . ER,
[f(z) — g(z)] + g(x) = f(=)
FTRA, 2B N R s 5
PAEAS ST, REAER SRR N Z WA, XHhn. 8. e =Fpz
FEGE BN, MHXT . FEE WA H G IR A AR R AT, X
MRKHETBH.
X2 e 2 WA DAVESR IR R, 19y, X B(CEESRW:
1. Zru2 WX MaE—RRE, RIS &g fs — 20
WHL, RRAEPr S BT B B
2. MR —ADZ 0B IR STREER S, T2, X2 ARGk
i,
Bt f(z,y) = 2% — 22%y + 3y® MJE=RFREWAS fa,y.2) =
2? +y? + 2% — Yy — yz — zo W0 TIRFFIRE T,
3. MINFIREZIARTR, ThE—FwEm=; EEDFREIA R,
HIA—E ik E .
4:>]
L B2F f(z) & n REIA, g(x) 2 m REW, (m,n #H2AER
A, i
(a) f(x),9(z) s AmEAILIN? B ALY
(b) EMHIA f(z)+g(x) S f(z) - g(r) REHAILI? %
HILI?
2. IR

(a) (z+a)t
(b) (z + a)(2® — ax® + a®x — a®)
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() (x=0b)(z" +bz" L+ -+ 0" 1z +b")
(d) (z+y+2)°
() (@+y+2)(2® +y* + 22 — a2y —yz — 22)

3. AR FTA ST, REEEES RSP 2, 2° 5 2®
R Bk ?

(22° =32 4+ 23 +22 - 7)- (2t —2* + 2 - 1)

i f(x)-g(x) =0, W f(z),9(x) HEIDH—AFLIIX;
(b) # (z+p)(z +2q) + (z + 2p)(z + q) B—DZIAXWELET
7, W 9p? — 14pg + 9¢* = 0.
5.4 flx) = 2" + nz" ' + 1, g(z) = 2™ + ma™ ! — 1, {UEW:
f(@)-g(z) =g(z) - f(z)

= ZIARHIRERIE

ZIAREAR TN B FIEA R, EXTRER ARk
HRRAE M. fian, 20K f(2) =1, g(z) = 2 FHRAH 2T ¢(2),
el f(x) = q(x) - g().

RXAMER S RAER SR IR A, AT 2] 1T —Iu 2
XA RIRE, IFH2AT TR, R REGE, SFaRIAA KT E R EGL
R AEE 2 TR Ry AR

AR REREAMIL, — o2 R ERIE, wieh f(z), g(z) # 0
MR q(z), r(z), EENTHE

f(x) = q(x) - g(x) + r(z)

Hrfr, degr(z) < degg(z) 2 r(z) = 0. L f(x), g(x), q(x) M r(z) 2HFH

Bl 3.5 T f(z) =22 + 2P + 22 + o+ 1, g(z) = 32> + 22+ 3, K f(z) B
P g(x) MR, A

fig: Mo ERLBGE, EREBRIEAT:
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24+1+1+1+1|3+2+3

4 2 1 7
) 29449 2L
) 245+ 579 3 [
1
S |
g1+
L, iz
9 3
*Z+é+1
9 3
)T 7
9 27 9
50 16 .
A :
‘ 2, 1 7
[EE=9 Q(x)—gl’ T 9v T o7
. 50 16
450 r(:r)—2—7x o

Bl 3.6 W0k f(x) = dr' 4 827 — 302~ Ta VA g(x) = 22+ 3 MRS a(z).
&3 r(2).

e T SRR, T 2x+3—2[as—<—>] BT A B AR
ﬁn%%ﬂ?-

4+8—3—7+0—§
—6—-34+9-3
4+42—6+2 -3

%ufmwﬂA@+> R 40P 4+ 207 — 60+ 2, Ast 3. HIFORAER

K q(z) = 42® + 22% — 62 + 2, S K r(z) = -3,
BofE A LSBT R TSR SR, BT A R IRIATE SRS

f(z) =q(x) - g(z) +r(x)
— i, AT RIS, AL EEE:
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MPAEEHAZIAX f(z), gx) # 0, BRAAEMEHPAZ 0K
q(z),r(z), EEFFEK f(2) = q(z) - g(z) +r(z) WAL, HHFRE degr(z) <
degg(x) 5 r(z) = 0.

oPT: XN EHIARBREIEH T q(x), r(x) FAFAENE ArPARE], NFSHT
q(x),r(x) MTHEM f(x), 9(x) #0 EME—1—EFH A HIm, ik
N AIX AT T AT

UEW s SEIEAEAErE, W f(2), g(x) MR =PG5 TR

13 (@) = 0, MR g(x) BAH2RERIAES LT, H7 ARL o(x) = r(z) =
0, ‘2R 2

f(x) = q(x)-g(x) +r(x), Hr(z)=

2. # f(x) #0, H degf(x) < degg(z), MAH ¢(z) =0, r(z) = f(zx). FF

e
f(z) =q(x) g(z) +r(z), Hdegr(z) < degg(x)

3. # f(x) #0, H degf(x) > degg(x), MFLAF IR 5K (), r(z):
B g(x) MEERIER flo) WRmRm, TERERH o) 54
fi(z), fHEE

f(@) = q(z) - y(x) + fi(z) (3.3)
Bz, Hof fi(z) E0H f(z) BAIK—K, B degfi(z) < degf(z), B
fi(z) = 0. XEFATREA PR O H B :
(a) # degfi(z) < degg(z), B fi(z) =0, FATHEL

q(z) =aq(z), r(@)=fi(z)

RARE PR AL
(b) # degfi(x) > degg(x), FATHAS fi(x) 5 g(z) WAZ T EM L
B FEERIZ .

HUH g(x) BmmERIAR fi(e) BEmRKI, AR (o) 5%
K fol@), fEAEX

fi(@) = ga(x) - g(2) + fa() (3-4)
WAL, e fox) BIUBCLZEA L fi(2) BOUCEIEAR—UK, B degfa(z) <
degfl(x)a ﬁ fQ(x) = 07 ii‘_ﬁil‘7
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(a) #7 degfa(x) < degg(z), B fa(x) =0, Hi (3.3). (3.4) i3
f(@) = g1 () + g2(2)] - g(2) + fa()
FATHI ¢(2) = 1 (2) + @2(x),  r(2) = folz). EHBAPIHL
(b) #7 degfa(x) > degg(x), BXf f2(x) 5 g(x) M EARFFEZT, FFEH]

PARS fo(z) OB 2 A —, BRI ¢a(2) SRA f(2),
VB B FERER A . AL

U, A degf(a) B MERREL, 2R HRKIIERE DM, Be
AW (B4 b K) 53] degfi(x) < degg(x) 5 fi(x) = 0. TR, ]
%
feor(@) = (@) - g(x) + filw) ()
B EFTA, M4 (33). (34). o (k), BEATLAIRE)
(@) = ai(@) - gx) + fi(w)
= [91(2) + 0:()] - 9(x) + fal)

= [a(@) + @2(x) + -+ au(@)] - g(2) + fu(2)
Hrp, degfi(r) < degg(x) B fi(z) =0.
X, FATTE
a(z) = q1(z) + g2(x) + -~ + aw(2)
r(z) = fu(z)
IR, XGRS . AEEMRIE .

NHFHE ¢(z) 5 r(z)g BME—TE. B q(z),r(x) b, @AFAER S
q'(z),r'(x) i

L f(z) =q'(z) g(x) +r'(z), H degr'(z) < degg(x) 5 r'(x) =0. HHT
A1 (), r(z) WL

2. f(a) = q(x) - g(a) +r(x), H degr(z) < degg(x) 5 r(x) = 0 FATLATH
a(a) - 9(2) + () = ¢ () - g(w) +7/(x)

Pt A
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TEMEEH, R q(x) — ¢'(2) #0, WA
deg{[q(z) — ¢'(2)] - g(x)} > degg(x)

A2, th EHEMEIE XA deglr'(x) — r(z)] < degg(x) B [r'(z) — r(z)] AEX
B, RAHTRERT. FTRA

¢(x)—qx)=0 = ¢ (z)=q)

MHF g(x) # 0, HTW ' (2)—r(z) =0, Bl v/ (z) = r(z). WL, ¢'(x) = q(),
r'(x) =r(z). ME—PEEE.

R u 2 MANEEEE, EXFooFRk e, AR A
H AR TCEERFCRI T AR (R, BN TR, hTkiEs
oA, Bl S R

Bl 3.7 B f(x,y) =223 + 7oy + 13292 + 5%, g(z,y) = 20+ y, k-
L AL y BAEEE
2. {8 « FHEEE

fla,y) BA g(2,y) BRI gz, y) SHRK r(z,y).

fiR:
1
24+ 74+134+5 —3 o+ 13+7+2|-2
-1-3-5 —-10—-6-—-2
2 [24+6+10|+0 5+3+1+0
1+3+4+5

1. q(x,y) = 22 + 3zy + 5y?, r(z,y) =0
2. q(z,y) =5y + 3wy +2°, r(z,y) =0

Bl 3.8 T fz,y) = 22° + T2y + 13zy® + ¢°, g(z,y) = 22 +y. FRFEBI
3.7.

fiR:
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24+7+13+1 —% 1+1347+2|-2
-1-3-5 —-2-22430
2 124+64+10|—4 1+11-15432
1+34+5
Log(z,y) = 2% +3zy +5¢%,  r(z,y) = —4°
2. q(z,y) = y* + 1lay — 1522, r(z,y) = 3223
Z:2]
LA n RETA f(x) BRPA m RZI g(z), 580 E IrigmiHa
A UEL.
2. 3K f(z) BA g(z) BTN g(z) Lookall r(z)
(a) flx)=a*+32? —2+7, gx)=z+2
(b) fz)=a*+32* —2x+7, g(zr)=2z+1
(¢) flz)=da* +42® + 522 + 22 +1, g(z)=22>+z+1
(d) f(z) =2%+30a°, g(z)=1x+2a
(e) f(x) =2+ 3a2®>+ 2a> —a)x + (a—1), gx)=z+a—1
(f) f(z) = 422°—132"—10425+8423+ 9z, g(v) = 62*+112%+1

3. HEHBR g(x) = 222 — 2+ 3, TR q(z) = 2% = 5, K= r(z) =
3z + 1, HoRBEFRA f(2).

4. WEE—TTEEEL, KT f(2,y) BRPA g(2,y) Fridmimgls 4
7

(a) f(x,y) =2z —ay—22%y* -2z —y*, g(x,y) = 20> +ay+y?

(b) f(z,y) =2z — 2Py — 22y —y*,  g(z,y) = 227 + 2y + y*

5. 3K a® —b° + ¢ + 3abe BRPA a — b+ ¢ FriF Ry At
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$=F SMAnyAmIER

- BUKIE

ai+x bi+x c1+=x
as +x b2+JJ [
as+x b3+.’IJ c3+x

e NREAKT 1 2B F 20, IR p(1) f{E.

RIS, FHFRITRRT 020, 212 T R4

(CL13I13 + a121'12 —+ -+ a1 + CLQ)(bgl’g + ngg + -4 blm + bo)

- UERAfE SR

(a® +b*)(2* + y?) = (ax + by)? + (bx — ay)?

L BA flx) =2+ . g(x) =2z +1, K f(z) BrPA g(z) iRt o(2)

128

R flryy) =2yt oy —x—y— 1 B g(z,y) = zy — 1 FIAERYR
KGR

. Bl

h(z) =2 +px +q
f(x)=pz® + (p* + @)z’ + 2pqg + 1)z +¢* + 5
g(x) =p® + (p* —Q)2* +ro —¢* +s

HORIE: f(z) BRA h(x), g(x) BRUA h(z) 2301580 s Wi h 2, B8
EINEIES

- WEREH f(2) = q(z) - g(2) +r(2), H degr(z) > degg(x) B r(z) =0, k

RAEEER, il

(a) kf(z) BPA g(z) MR, HRABRETA7
(b) f(x) BRPA k- g(x) Tz, RASEA?
(¢) kf(x) BRPA k- g(z) BRI, SN2 1A47

CBH f(x) =2 — 222 —x + 3,

Wk f(=1), £(0), fla+1) = f(2), f(=® +1).
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9. B f(z) = 2* + 423 + 6ax? + 4bx + ¢ DA g(x) = 2° + 322 + 9z + 3 I
s r(z) = 0, 15K a,b, ¢ AETE q(x).

10. B f(z) = 2° + 22° + 32 + 2 AR ARZ TN g(2) Fridmmgamsn
KR h(z), 3K g(z) 5 h(z) (A h(z) AIEFELRB AL TIX).

DG s w i RS  Fwicg

TR AE P E &l sUE B, B IR RERAT R — A
SR, AR — RS BIE IR I OE, ATTRFIE— o 2 HE) X
—EH.

—. A

XZIATE, ATAMER B RERE, ARG ARG dT
PAMBR B SORARAE @ UL —(ER HME, XML A BRRNE? 294X
PIRRILA T, e e B

A—REHX = — o KEFZ I f(x) Prigm Rl — M, X
BORET f().

UEWL: f(2) BRDA @ — o, A RIRIETS:

flx) = (z—a)-q(x) +r

f(z) = q(@) - (z = a) + f(@)

Rk, FATEEOR f(z) BRA—IRK z — o iR, B A REREA
b, T LA AR U B EHOR 2 A f (o). PRI, PR IRIRCR
a0

Bl 3.9 HK f(2) BrPA g() = k(z + o) FFFHARA.

(%

W s g(o) = ko — (=7 )]
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WA g1(2) = — (=), W g(@) = k- gi(a), MAREITR f(2) B
WA gu(w) B AR
n=1(-3)

SRR 3.1 s 7 AR BRAERA— N IEZRL b I, R,
FIFEA f(2) BRVA g(z) BriSpimalstas T f(2) BRA gi(2) Frigmgsat. BriA

o= ()

Bl 3.10 iR f(z) BRIA g(2) = (2 — o) (2 — B) BRI
fir: Bt f(x) BRVA g(2) BRI Riah q(z), &8 r(z), WA
f(@) = q(2)(z — a)(x = B) +r(x) (3.5)
Hrr, 0 <degr(z) <28 r(z)=0.
H ] E—3% r(x) = ax + b, LA (3.5) 15
(@) = ala)(o — )z — ) + ax +b (36)
A r=a, # (3.6) 1%
fla) =aa+b (3.7)

% a=8, h (36) 1
fla)=aB+b (3.8)
F (3.7), (3.8) BESLAT AR

_H@ -1, af(B) - A
a—p3 a—p

FIRA, Bk

%4>
L ¥ f(z) = a° — 62° + 22 — 207 + 24, 13K f(2) BRUATSI%AM &




F AXERZHE X2 145

=

xr—1; 4+ 1; 2z + 1; 3xr — 2

2. ok
() b+ flw) BRUA @ — o By
(b) (2 +1)f(x) BDL o+ B A
() k(@® = 1)f(2) + 32— 1 FrD o —m A,

3. AR fx) BRPA =2 MR 2, BRPA @ 4+ 3 BN 4, 84 f(2)
BRPA 22 + 2 — 6 B AR AY

O wice
P Z T AR R, W2 f(2) BRA g(x) Fridisat r(z) = 0, B
f(x) = q(z) - g(x)

AL f () BEWE g(x) BEBR, HATVABE g(x) HEER f(2) 5L g(w) fx) 19—
A, f(z) 2 g(x) — M B, BAMRERK ¢(z) B2 f(z) B—AH
X, W f(z) B qlz) B—E

H A 2 BT DAL R 47 PR = 2

P R
(x—a) & f(z) M~ MEREBIIH IR F(0) =0. ]

UEW): SEUEEE. BT (2 — o) 2 fz) — R, B

flx) = (z —a)-q(x)

R, f(z) BB 2 —a i, &3 r=0.
HHRAERR, f(2) B« — o B9RN f(o), B, f(o) =
FRIEFE M. BT o) = 0, PR A 20 Bl DATS-H
f(@) = q(z) - (x — ) + f(@)

dl
f(@) = q(z)(z - a)
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Itz —a & flx) A

HMELME, 1 z = o i}, f(z) WE flo) =0, MK o 2 f(z)
F— MR, SEU, o & flo) W—AFE W, flo) =22 - Tz +3, iIT
f (;) = f(3) =0, HTmRLL % 3 HR2 f(x) IR

XAk, HEFAGEHATARGES: (2 —a) &2 f(z) —PRBI ek
i a h f(z) B—AR.

PR 3 A T DA B — e, Xt -

#r(x—ar)(r—az) - (z—ap) & fz) WRXMDET S FAE flar) =
flag) = -+ = flag) = 0. W o1,as,...,00 #Z flz) MR (G
a1, A, ..., O Bﬁﬂﬁ%%)

UEWT s MR AR, BUOREX TR E N o, a, .. ., o Kk, (z —
) (x —ag) - (v — o) FZ fx) MERK, WA

fl@) =z — i)z —ag) - (x = ax) - q(2)

FreA flan) = floz) = -+ = flax) =
L T PN T | f( ) B k /\TI_JEI’J*E
FEFAE, BT f(ar) = 0, FImARSE R e 2] A

flx) = (z—a1) - q(x) (3.9)
o =0y RALERX, 15
flaz) = (2 — a1) - qu(a2)
Hpr, [ faz) =0, a2 —ay # 0, BrbA
qi(az) =0

FHRIE R ACER, G H ar 2 gi(2) B, BD

71(r) = (a—a2) - g2() (3.10)
F (3.10) LA (3.9) 15

flx) = (x —a1)(z — a2) - g2(2) (3.11)

HUX BT 25, AT LASE

f@)y=(—-—a)(x—az) - (x —ap_1) - gg_1(x) (3.12)
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¥z =oo fRA (311) X, 1%
f(Oék) = (Oék - Oél) T (Oék - ak—l) : Qk—l(ak)

H BA flaw) =0, H (o — on), (ap — ), ..., (o — ap_1) EIAEFETE,
HIMA ge—1(ax) =0.
A A BT oo N g1 () F—AMHR, BP

qr-1(z) = (x — ax) - qi(x) (3.13)
£ (3.13) LKAA (3.12) X, S PrUESS 8
f(@)=(z—ai)(z—az) - (x — ar_1)(z — o) - g ()

Bi: (. —aq), (x —ag), ..., (x — ay,) #E fx) HHE.

PR 2 S ) e Rl P RO R 2 R R, PERTEECRZE . 4K
a #ZWAN—PER (R) . KA (2 - o) 2 flz) B—PHEKX, —KkX
(z — o) BEEEERR f(x). f(a) = 0 #RF—FFERMARIGE, fE2WXHE
2] R AR Y.

il 3.11 EMESEX
a*(b—c)+b*(c—a)+c*(a—b) = (a—b)(b—c)(c—a)

UEW: SR A2 =02 T, ATRA 3 0, b, ¢ BT, AR b, ¢ a, ¢
b,a BAEEE, ¥ a=b,b=rc,c=aftA, 4355

b’(b—c)+b*(c—b)+A(b—b)=0
a*(c—c)+cf(c—a)+c*a—b)=0
a*(b—a) =b*(a—a)+a*(a—b) =0

P, AR HE BT
a*(b—c)+b*(c—a)+c*(a—b)=k(a—b)(b—c)(c—a)
M Z I E S AERTE k= 1. BrbA

a*(b—c) +b*(c—a)+c*(a—b) = (a—0b)(b—c)lc—a)

Bl 3.12 T f(2) = 2% + pa® + gz + 6 FHREK (v - 3)(x — 1), WK p.q 1Y
HX f(x) r—1— A
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fi: MBI f(2) 75— D—KEHN ax +b, KL
f(x) =2 +p2® + gz + 6 = (z — 3)(z — 1)(ax + b)

Rp:
2 + pr® + qr + 6 = az® + (—4a + b)2® + (3a — 4b)x + 3b

M R RGE, ATRAK

FREA, f(z) 95— AR IAEO 2 + 2.

Lo A 2 H 3 P X

(a) 23 —3r+2 (b) 223 — 2% — 51 — 2

2. B f(z) =323 +ma+nz—2 FHKNK 322, H f(—1) = —-20,
ok m,n BOH.
3. IR RESE

a’(b+c) +b*(c+a) + c*(a+b) + 2abc = (a +b)(b+ c)(c + a)

BN it/ I I~ Wi L] (9 F 37
A UE P P AUE PR REAR b, X—Jo2 0, A N P E 2L

i
—JC n WEM f(2) ;2 HAEA n ASAHIE R ]

WEW: % f(2) = ana™ + ani2™ P+ Fax+ag (an #0), FHEFFIFA
EW 0 A ar, ag, .. 0p B () BOAR, D00 R B AT A

fl@) = (@ —a)(z - ag) - (& = an) - q(z) (3.14)

HHET degf(z) =n, H deg[(x — a1)(x — az) -+ (x — o) = m, FFPA (3.14) X
Fog(x) REERFRZ A, H degg(z) = 0, Pl ZIAHSFRE L, A

q(z) = a, #0
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HHEAL S o, (0= 1,2, n) AAMEREL e AUA (3.14) 3K,

=N
g

f(anJrl) = (an+1 - O41)(0‘n+1 - 0‘2) te (an+1 - an) s Op
Hrp, o, (=12, n,n+ 1) FAME, AT
an—l—l_ai#O(i:laQ,"'an% H an#o

f(an+1) #0
HI, an A fz) R, A, f(z) &2 5A n DA

R f(r) 5 gx) MIREERAKT n, A n+ 1 AHHAMHE
B al, a2, ..., anq BEMEX A2 50 M B (A SE, B

fla) =g(ay) (i=1,2,...,n,n+1)

WA, EWAZIALEME, B f(2) = g(2).

UEWL: R SGIER. Bk, f(2) # g(@), MZWK F(2) = f(z) — g(z) $2—1
WRANRT n 2T B2 d EMAAFNE

Flay) = fla) —glai) =0, (i=1,2,...,n,n+1)
R, F(z) A n+ 1 ADARMR. X5 1 WERETEN. A
f(z) = g(2).
Bl 3.13 AHFERIF T, Kik:
oz —1)(z—2)(x —3)+ 1= (22 — 3z + 1)2

WM % f(z) =z(z—1)(z—2)(z —3) + 1, g(z) = (2* = 3z + 1)>. HTEA
#hi 4 T, WMREHES 2, REGIEY o BUTE LA FEET, X
A Z2 100 AT ST A T,
S 2 =0,1,2,3,4, WA[fE:
f(0) =1=g(0); f(1)=1=g(1); f(2)=1=g(2)
fB)=1=9@3);  f(4)=25=g(4)
FPA f(x) = g(z), B:

z(z—1)(z —2)(x —3) + 1= (2 — 32+ 1)?
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Bl 3.14 CH f(x) e —PIRZ I, Halgio® -2 %k, H f(1) = f(-1) =
0, WA XA Z I f(2) I ITRBIR KR

fit: % f(z) =az® + bzt + ca® + da? +ex + f, HEFKLHE K EBAA
f(z) = (2 = 2)(z + 1)(x — 1) - q()

NHTF flz) RHRZH, F q(z) BER—kKX, RHEN: ¢(z) = ma+
n (m #0). FrA

az® + bzt + cx® + da® +ex + f = (22 — 2)(z + 1)(z — 1)(mx + n)
R
azx® + bt + cx® + de? + ex + f = ma® + nat — 3ma® — 3na® + 2ma + 2n

H1 2 TR 2 1) SOl

a=m
b=n
c=—-3m
(m #0)
d=—-3n
e=2m
f=2n

1 1
a=—-x=—-e#0 6a=—-2c=3e+#0
{ A {

6b = —2d = 3f

%>
LB f(1)=f(3)=0, f(2) = -4, WRZKZTK f(z).

2.8 f(=1) = f(=4) = 2, f(=3) =8, f(=2) =4 HOR=KZI
XS ().
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3. —AZREIA f (), CHf(2)+1 AT (v+1)% BER: L 3—f(2)
AR =2, FEGH AR I WK f(2).

10.

11.

12.

>) 3.2

LB f(e) =23+ 322+ + 1, K flw—1), f(z+1), f(—2?)

LB fr-1) =2+ 32+ 2 -1, 3K f(x), f(—x).

B f(2) =2 +az® + b — 4, H f(2) = f(=3), 5K a K f(2).
A2 g(x), BRNg(-1) =1, g(4) = 11, 3K f(2) B (2+1)(z—4)

USRI 8

AR f(2) B 22 = 3 BRVAERECH 4, RZIIA (22 +1) - fa) + 7

20 — 3 BRIVAREL

. BESER

P’ +r+l=a+blxz+1)+clx+1)(z+3)dx+1)(z+3)(z+5)

oK a,b, ¢, d HYfH.

- AR UE B AR IR

b=—c)z=b)(x—c)+(c—a)(x—c)(x—a)
+(a=b)(x—a)(z—0b)+ (a—Db)(b—c)(c—a)=0

CHIERH 20%¢ + 2¢%a? + 2a?b? — at — bt — ¢t fERE (a+ b+ e)(b+c—a)(c+

a—b)(a+b—c) Bk, FORILF

# flx) = 2% + ka? — 20x + 6 fglk © — 3 %, HRE k.
# f(w) =22° — 2% 4 ax + b BERE (@ + 2)(x — 4) BBy, #OREE o, b
f(z

) = 217 —(ZI+1 g( ) = -’L'3+5$+b ﬁﬁxﬁ‘éﬁm/l\xﬁﬁ/ﬂﬁ Oél,Oég,Oé3,0é4,
15 flon) = g(ai) (i=1,2,3,4), WtA?

B ER, R

(a) 23— 3z +2
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(b) 2 — (a+ 2b)2? + b(2a + b)x — ab®

13. AR 2? + ey +ay® + o —y — 2= f(z,y) AN =,y B WA
A, R a BIMH.

=1 e PSR R IR

KEWAZIAXR AR, e 2 HAE, RATE BB g

i, [, FATIEE T AR AR . AP R O R R R s A, i
2] T Z T A XS R A A ORI AR A i Tk, T
Ak, AFASE R AR ER KR
_ k- f(2)-g(z)

1T a2 R X SR FAN R e 2 DB i 5 A B RO, AP E A
PE— TR ) XA .

—. R aEA
Hoo, MAMEC G iR b, B HEH s Hdw i 2 I U e

XEEERAEZZ X f(2), 9(x), WRA—AHZIK d(z), BEFHLEAT =

A gRf

2. d(z) 2 f(x) 5 g(x) WK,

3. d(z) 2 f(z) 5§ g(z) WHEALM 2R L(z) 5, BT f(2)
5 g(@) AE—2HK () 2 d(z) WEK. B4, dlz) sz
i f(2) 5 g(z) MR AR, —BaclE (f(2), 9(z)) = d(2)

AR LA TRRE (f (2), g(2)) RIME—PEIM R 1R, 55 1, 27 d(2),
di(z) #i2 f(z) 5 g(x) M AR, W AAE 2. 3 a3l d(z) 5 di(2)
RELARRERR, XA d(z) = kdi(2), FRZ&MF 1R8] d(z) = di(z). Xk
W, (f(x), g(x)) WRATHE, —ERME—.

FANTEHE 4 f (), g(z) FE RS ] 298 XY 3RR, WIAE £ (2), 9()
WA AR, B AR NE, XEHA AR R,
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FeA—REMHE AL 1 HEL B2 (f(2), 9(2)). XH2IATH HrK
e A R IEA.

Bl 3.15 f(z) = z(2z — 1)*(x + 3)%, g(x) = 2?2z — 1)*(z + 2)?

R (f(2),9(2))

e AAPIRCR @20 — 1, o MHEEC f(x) B 1, 20 — 1 AOFRARER g(x) R 2,
:

(F(@),9(a)) = k(20 = 1)
SEFFEFH, N (F(),0(2) MRMRECH 1, BRI k=, B0k

(f(x),g(x)) = (2 1)

Bl 3.16 f(z)=2>—-3z+2, g(z) =2"— 323+ 52> -8z +5
R (f(2), 9(2))

firt: BB, f(2) = (2 —1)(x—2), BT (f(2), g(z)) RATHER (z—1), (2—2)
SN, PR HACER, SRS 9(1) =0, 9(2) #0, BFrbh z—1 22 f(x),9(x)
ME—AY 2N FirRA

(f(z),9(x)) =2 -1

B FELTRA [(2).g(0), MFEERAZTR ulx),ox) Fik,
f(@),9(z) MARRB—ER w(z) - f(z) +v(z) - glz) BEK.

HEW: ¢ d(2) 2 f(z) 5 g(z) B—DaRE, W
f(x) =d(z)- fr(z),  g(z)=d(z) g1(z)

Jir DA
u(z) - f(z) +v(z) - g(x) = d(@)[u(z) - fi(z) +v(z) - g1(2)]
Bl d(z) o2 u(z) - fz) +v(z) - g(z) B—AFEK
Bl 3.17 BH f(z) =2t — 23 + 322 —4x — 12, g(x) = 2* — 2® + 222 + 3z — 22.
R (f(x), g(x)).
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srbe: HERL 1 MEhe, RATATAR u(z) = 1, v(z) = =1, WA f(z) -
g(z) = 22 — 7o +10. HEM 22 — 7z + 10 BHE P AR H f(), () 1
ARKPTER, AR BT (f(x), g(x)).

fig: BA f(x) —g(z) =2 = Te+10 = (z — 2)(z = 5), FrPA f(2),g(x) i—K
ARANTRER 2 —2 5 2 -5, TRmEXEH, K5 f(2) =9(2) =0, H
f(5) #0. LA (f(z),9(2)) == —2.

Bl 3.18 B f(z) = 223 — 322 — 32 + 2, g(x) = 32° — 222 — 7w — 2. 3R
(f(2), 9(2)).

fit: BK f(x) + g(x) = 52° — 522 — 10z = 5z(z + 1)(z — 2) i ¢ BIRRE
f(@),9(z) FARK, FHLGERRZEORRT

e+ 1f(z),  a+lg(z), x=2f(x), z-2g(x)

Fir A
(f(@),9(x)) = (z+1)(z —2)

4>l

K& 2 s AR
1 f@)=2%-1, g(x)=a2'+223+322+22+1
2. f(z)=22%—32? — 11z +6, g(z) =42+ 32% — 9z + 2

3. f(z) =22 -5z — 20 +1, g(x)=22"—T23+62° -4z +1

BN (3277 51473
BRI BRyE B B REAE T 20X ) R Rk A e i 1

MTAEBLHA f(2), (), r(z), HHEEZA q(x) #15 f(2) = q(z)-
g(x) +r(x), WA

(f(2). 9(2)) = (9(x), r(x))

WEW: 3% (g(2), r(x)) =d(z), W
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—_

- d(z) BHAREDE 1

2. d(z) & g(z), r(z) AR, BEM 195, dz) t2 f(z) AL,
Mg f(x), g(x) ARG

3. F& f(x), g(x) BHE—NARKN L(z), BT r(z) = f(z) — q(z) - g(x),
JiPA, (z) i r(z) — N, HI x) 8 g(e), r(z) AR,
TH e o e SC, 0(x) 2 d(z) iR BrRA

TXRE A BERT TSR A~ 2 00 22 T ey 2 PR R 31— S8 A+ 2 4 F FH R ?
P2 B 2R BN KT 75— 2 IR gL, Ak g(x)
WHIREA KT f(o) BUE, W RERET, r(e) IREUNT g(z) 1Y
WHEL r(x) = 0. (VEE, & 2 IFAZEK r(z) W Rl 2
K, EAREE PR RS 2 () M) KRBT r(z) BBV
T f(x) BREL, K (f(2), 9(x)) B Rk (g(x),r(x)) S bt — AR

WHORMEAR T, B2 WA (9(2), 7(2)) W7 BIAERT AR g(x),
r(x) TR, REX—PRA ro(2) CHTHTHR, RABESH—K
ALK ri(x), MM — U R R0 5HE R (@), g(z), PA
JEVARGEHE) , EMLAE, WIAR- B — R A R R

f@)=q(@)g(x)+ri(z), degri(z) < degg(x)
(z), degra(z) < degri(z)
ro(z) +13(x), degrs(z) < degra(z)
ro(z) = qu(z)rs(x) + ra(x), degry(x) < degrs(x)

(3.15)

ric1(x) = qip1(z)ri(z) + riga(x), degrizi(x) < degr;(x)
rs—1(x) = qep1(x)rs()
B Ja—MEEAFTR ro(x) BB ro1 (), B 7o (o) = 0. BUIHEA
(f(@),9(2)) = (9(x),r1(2)) = (r1(2), rs(x)) = ---
ri(z), ripa(x)) = -

= (
= (rs_l(x),rs(x))
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I (raa(),ma(2)) = orale), ST R () HOUREC DA

1
(f(@),g9(x)) = —rs(@)
HAR S MR A, AR IR LR RERE R, Bt BADKIEHA S
A AR RERE [
¥t degg(z) 2 MARIAEFIEL m. # ri(z) #0, 4 degri(z) = m;, W

m>mg >Mg > - >M; > > Mg_1 > Mg

WS m AP m; ERIEFEEL, TS m,mi,ma, .. ma, ... R
FEEBIRAOES , WX AHE— S A BREY. BT m = 100 B, HRE AN
i 101 i FERFMEL TR, #F me =0, B ro(z) B—NIEBEEHN, r(2) 5t
By roa(x) 7. TEXFEBRT, (f(2),g(x) =1, TAWE f(2x) 5 g(x) B
DOSULH, BIEE f(2), g(x) B, BAIMHE AR 1500 f Bk Bk a4
Brykokig, mobIRi1454):

B 3 (HEFERIRRIE Pl )

EAPIAERZIE (), g(x) FEAT (3.15) APréa th AvHRsEifR, i
A7 BRV (43 53  ATR H e — ﬁf%(ﬂ@ﬂ(ﬂ

FEMEEFERTI AR, B HEFES S (f(),9(x) e UGRIE
HH.
#l 3.19 f(x) = 62° — 4* — 1123 — 32% — 32 — 1,

g(z) = 42" +22% — 182% + 32 — 5

K (f(@),9(2))

fi :
6-4-11-3-3-1 4+2-1843-5
X2 4-8+2-2 2
12-8-22-6-6-2 10-20+5-5
3| 12+6—-544+9-15 10-204+5-5]5
—14+32-154+9-2
x(—2)
28 —-64+30—18+4
7128414 —-126421—-35

-39 |-78 + 156 — 39 + 39
2—-4+1-1
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FiA (f(2), g(z)) = %(2:1:3 —dx® + 1z —1).

TFEI 3.1 55 7 ik, WATHTEX R f(x) FPAIEZEE K, 457 r(x)
%%W&Kﬁ%%~¢ﬁﬁkﬂﬁ&MH*%%E%m@)ﬁ%%ﬁ%%%(c
& ro(x) METRE) AW (f(2),9(x)), FreAZeks EXE (f(x),g(x)) 5840
B, RIEEE A2 fu(e) (il 3.19) iy —14a* + 323 — 1527 + 92 — 2 3
PAAEEHAL &, X (f(2), 9(2)) WAL, FH (f(2),9(2)) = (filx),g(x))
TESREEARIR R, S2br L RRATTIR (f(2), g(x)) #AAK (fi(2). 9(x)), GF
AR 2, HREK degr(x) < degg(w), BTLA fi(z) SGE— MR
o, WMAAIESHEE k, AT IR0 r(o) PR —EBE T, mixX—
SRR E VR (f(2), 9(@)) NS BRI,

PR MR YA R — M E AR E W . R f(x), g(x) REZ A RHE R,
EHEUMR f(2) 5 g(z) X2 P 20FH —MREZ ST A H A
HaRAR, FRATTM4 58 T I R R N ok sk A~ 2w X i B s A . B
e 2T R X RN BRBE]. B — > SRk 2 s — R 2 10
THAE, KfENFRI LR 20200 BRIk, fH—1tEikE
Tz, SRR IR BE AR 2 iU R fl, — 2 R, M
T, BRFEAHIRERERE, AR BBE, RRER A2 i A T
K. BTN A ] 2 R 20 R 2R, 25 BAFEAE. N
RAFAE, BEME—, FOELARI S RIFRIER SR, Rkdt—240 0]
PAXFIXAN A EE 15 2 1 2. X A25ie Bl — R Gl S 4 sefs i
PRI Z AR BAEA TR RIESX — Ry il B —. Bk, MBS
ok, HRFEFRER RN AT S e

BATEVTLAER], FRFEARRR RS2 50 2 f i A TR S  F2 52 s |
SEANWIHLEH T R BRI AR, T R EREREE H s 2 W ny k. ek,
ek AR 2 (B B DA R I AR BRI 8 E 02 . X S e DUA PRECH &
By 22 WU A BB FE PASEECH R 2 iU R G e B AR, L, 3R
TIARMERS X R Z51e . A LR E A R A F U — M a R R
2z, WAL RBEZH A5 AR R LR EEH A

#il 3.20 f(z) =2 —1022+1, g(z) = 2* —4v22% + 622 + 422 + 1
K (f(2),9(x))
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1|1+ 0— 104+ 0+ 1 1—4V246+4vV2+111
1—4vV2+ 64+4vV2+1 1-2vV2-1+40
4V4N/2 —16 — 4240 V24T +4V2+1
1 1-2V/2— 14+ 0 —2v24+8+2V24+0 | —2V/2
1-2v2-1 —-1+2v2+1
1-2v2-1

FA (f(2),9(z)) = 2% — 22z — 1.
4>l

1. f(z) =a* — 723 + 132% + 32 — 18
g(z) = 2t — 53 + 222 + 20z — 24

2. f(x) = a* — 72® — 2222 4+ 1392 + 105
g(x) = 2* — 82® — 1122 + 1162 + 70

3. fle)=2>+2*+2+2, glx)=23—2-1

> 3.3
L. f(z) =22* + 32 + 622 + 42 + 3, g(z) =22* —52° — 62° — 122 — 9

Ke (f(2),9(x)) K [f(z), g(@)]. Kb [f(2),g9(2)] A f(z) 5 g() Wiz
AL

2. f(z) =22*+32% — 42 + 132 — 6, g(z) =22* — 2% +22° + 32 — 2
h(z) = z* + 323 + 2% + 5x + 6
K (f(@),9(x), h(z))

3. f(z) =2®+az?® +bx +1, g(z) =23 +br? +ax + 1
KiE: (f,9)=1, BIEa=bHK a+b+2=0.

4. f(r) =22% -3z +1, g(x) =322 -2z +1
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AIHREFEAIBRIA T RN (3.15) Ay, W2 IIRK p(z), v(z)
VoA
px) - f(x) +v(z) - 9(x) = (f, 9)

5. f(x) =222 —x+ 2, gx)=a*4+z+1
ORI Z I p(2), v(z) T2

p(x) - f(z) +v(r)-g(x) =1

6. m,n KT 1 HHALL, K f(z)=2" -1 L g(x) = 2" -1 WiRFEAH
2w

CHIL T FVAFM

R 0 WA f(2) £ 0+ 1 ASRFEERA R EEE S, MR
AEHHER 2 AT ASK i ME— i Z IR AL f(2). 18 f(z) B—RZ TN,
y = ar+b WERRE—FEL, L 2 X T XA EIE Wi LT SO
= CMREEEHLT. - REET, A n KBTI y = f(z) Al
2, HPrEm n+ 1 ARBMEIE, 2, N4 n+ 1 DR R A,
S AT AE— B — DNRBA KT n 2 Wm L y = f(2) M. 8,
TR P ME— P B T AR e ) AT AN, X — P B i A —

LB i L

—. ARE BRI 246

Bl 3.21 CHI f(2) =8, f(3) = f(4) = f(5) = 0, RKHAKT 3 {Z T
().

b WA f(z) = ax® +ba+cx+d, ] © = 2,3,4,5 TIPNEFAZEICA, &
JE RV TC— IR T RRAK I a,b,c,d. BARE AW DK HK, EIHEEKK e
MAHARR: f(3) = f(4) = f(5) = 0, AT AT LAR PR 0 E BT A i
1.
fit: HEH f(3) = f(4) = f(5) = 0, A AT LA f(x) = (—3)(z—4)(z—5)q(x).

BT (z—3)(x—4)(x—5) T2 3K, 1M f(z) MIREAKT 3, Fibh q(x)
IR, B

f(@) = az(x — 3)(z — 4)(z — 5)
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Az =2 A, 1§ 3= —6as, HIt: as=—=

f(#) = 5 (e = 3)(z ~ Dz ~5)

Bl 3.22 EHI: f1(2) = 3, f1(3) = f1(4) = fi(5) = 0, f2(3) = 6, f2(2) =
f2(4) = fo(5) = 0, f3(4) = =3, f3(2) = fs(3) = f3(5) = 0, fu(5) = 12,
fa(2) = f1(3) = fu(4) =0

RKIUMREAKRT 3 MZIRX f1(2), f2(2), f3(2), fa(z).

fif: fEkIE Gl 3.21, WifE

fi(z) = (17—3)(95— 4)(x —5)

fa2(x) = 3(1’ —2)(z —4)(z —5)

fa(z) = ( 2)(z —3)(z —5)

fa(z) =2(z — 2)(z — 3)(x — 4)

PA_E B BHAE E R B BUE A A N, 784 5 A PR =X BmT A2

MEE RBINELRMITE . (B2 f(2) = aza® + asz® + a1z + ao, B
BT RE R as, a2, a1, a0 LTGRO FELL) . FEEHIRBEP A E,

ERAAZHNET . BATTMERRINZ T f(2) R T2 T
AN B — A 2 T e B A — AR AL

Bl 3.23 T f(2) =3, f(3) =6, f(4) = =3, f(5) = 12, KIKBAKT 3 1Y
20 f(x).

ST SEBE b () TE 26 puA Z I AL
fig: 2 fi(z), fo(@), fs(@), faz) p BB 3.22 HRYCFISKMERNIE, F(z) =
fi(@) + f2(x) + fs(@) + fa(x), W

F(2) = f1(2) + fa(2) + f3(2) + fa(2) =3+ 04+0+0=3
FIRER RIS F(3) = 6, F(4) = =3, F(5) = 12, a] ji:

fx) = F(z) = —%(.’1: —3) (2 —4)(z — 5) + 3(x — 2)(x — 4)(z — 5)
+ g(x —2)(x —3)(x —5)+2(x —2)(x — 3)(z — 4)
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Bl 3.24 B o, (i =1,2,3,4) BIUADHAZFREL. o (i =1,2,3,4) 275

fig: 51 3.23 RALFE A EMZER), BRI 2T fi(2), f2(2), f3(2), fa(x),
filay) = dijei

Atk
{Lizj -
0ij = (1,7 =1,2,3,4)
0, i#j
WA f(x) = fi(z) + fa(z) + fa(x) + fa(x). EA]TPAGEHCH
4
f(z) = Zfz‘(l“)

/\EP fi(x) = k(z — a)(z — az)(z — o)

- fila) =a

kl = a

(1 — ag)(ar — az)(ar — ay)

fulz) = a(r—ag)(x—az)(z—ay)

(1 — ag)(ar — az)(ar — ay)

(7] ] 5RAG:
ez —a)(r—a3)(r— o)
R (T P [ o)
oz —a)(r — ag)(r — o)
B = (a0~ z)lay — )
_a(r—oar)(r - ag)(r — as3)
(R CE [ [ o)
A
_alzr—ag)(r - a3)(r — o) oz —ar)(x —az)(z — ay)
flo)= (a1 —a2)(an —as)(on — o) (o2 — ar)(oz — as)(az — as)

c3(z — ar)(z — ag)(z — o) ca(z — ar)(x — ag)(r — a3)
(a3 —an)(az — az)(a3 — ) (g — o) (o — a2) (s — a3)

T AT 2T

B - . x—ozl (z—an) (r—ai 1) — 1) - (x — ay)
_; ' —Oé1 _a2)"'(ai_ai—l)(ai_ai+1>"'(ai_a4)
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Bl 3.25 i, a0, a3 FEAWHAENE, WH flar), flaw), flas) KER
(r — o) (z — az)(z — a3) BRI f(o) Frignys.
firt :
f(x) = (z —a1)(z — az)(z — as)q(z) + r(x)
I H: degr(z) <28 r(z) =0, N

r(ar) = fla), r(ag) = f(az), r(az) = f(as)
5 B8 L3 m 45
r(z) = fla)

(x — ag)(x — ag)
(1 — az)(on — )
) (x —a1)(x — aw)

(a3 —a1)(az — az)

) (x —a1)(x — ag)

T fla (2 — ar1)(az — a3)

+ flas

%>
LB f(1)=f(2)=f(3) =2, f(0) = —16. R=RKZHX f().

PR 2 f(x).

WA
IR TSR 45 R PO, A R R
B f(z) B MRBAKT n METHR, o (=1,2,...,n,n+1) FR

nH LABBIRSERE, b (6= 1,2, n,n+ 1) AR n+ 1A%, i
H flay)=0b;, i=1,2,...,n,n+1), N:

{f<x> - T @)
() = b (JJ—CXl)...(x—Ozi_l)(x—ai+1)...(x_an+1)
fz( ) bl(ai_al)"'(ai_O‘i—l)(o‘i_aiﬂ)'“(ai—an+1)

UEWL: 4 fi(x) Je i R oA FrE— B AR ECN R T n Y2 00K

1 i1=3
filay) = 045, 0ij = / (i,j=1,2,...,n+1)
0 i#j
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) R 2K T T
file) =iz —on) - (z — ai1) (@ — 1) -+ (2 — Q1)

H fi(eu) = b REH ¢ BIMH, TG
by

(Oéz' - 0é1) s (ai - ai—l)(ai - Oéi+1) s (ai - Oén+1)

C; =

(z—ay) - (z— o 1)(T—ai1) (T — apgr)

(Oéi - al) ce (Oéi - aifl)(ai - ai+1) ce (Oéi - an+1)
n+1

BIRE f(z) = Z fi(z).
R SR B F AR A

fz(l") =b;

WJ 3.26 /ﬁ\ gn(fE) ﬂ‘j—‘ mn ?j_’\gIﬁiﬁa ’E—:TiE 0»17"'7’” - 17” BTJ‘E/‘J{E%%IJ%
0,0,...,0,1, 3K gn(x).

fiR: (A EEA

z(z—1)(z—-2)---(x —n+1)
1-2---n
z(z—1)---(x—n+1)

gn(fL‘) =

n!

n! XSRS n HAE S AR n Brafe”, Hn > 0B, nl = 1x2x- - xn,
HHLE 0l = 1.

HER 9o () R EEARREZ R Z I, ROTAGH2A TR
5 B R 22 1K

Bl 3.27 BH f(z) @—DREBAKRT 32T, f(0)=1, f(1) =4, f(2) =
15, f(3) =40, AR f(x), EHIT f(1.5).

firg s phA(EL 2 AT

(L5-1(15-2)(15-3) , (1.5-0)(15—2)(15-3)

(0=1)(0-2)(0-3) (1-0)(1—-2)(1-3)

(L5-0)(15-1)(1.5-3) , (1.5-0)(L5—1)(15—2)
2-0)(2-1)(2-3) B-0B-1)B-2)

f(15)=1-

+15-

=8.125
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Bl 3.28 HANGFHEA = MR (BOFA MRt ELS) . TR
sin 23°, i 55— LERRER A 1) — A R AL

1
sin0° =0,  sinl5° = Z(\/6 —/2)=0259,  sin30°=0.5

sin45° = ? = 0.707, sin 60° = \gg = 0.866
RS y — £(x) — sine FERATH —MRECRAT 4 M2

A, AR R sin23° 22 /07

it EVE £(0) = 0, £(15) = 0.259, £(30) = 0.5, £(45) = 0.707, f(60) = 0.866,
K £(23).
HrER 3.26
23(23 — 30)(23 — 45)(23 — 60)

J(23) = 0259 X =5 —30) (15 — 45) (15 — 60)
23(23 — 15)(23 — 45)(23 — 60)
30(30 — 15)(30 — 45)(30 — 60)
23(23 — 15)(23 — 30)(23 — 60)
45(45 — 15)(45 — 30)(45 — 60)
23(23 — 15)(23 — 30)(23 — 45)
60(60 — 15)(60 — 30)(60 — 45)

+ 0.5 x

+0.707 x

+ 0.866 x

23
154
bR B = A ek EETHY sin 23° MRS E] 0.001 H52 0.391.
KF— AR 20 DR R ] 2 TR, FEAF AT A A
U Z2 T AORACRE, FAT 22 ) A I R AR 3 B I 225X
AHE—A A" BN

X (246 + 814 — 244 + 44) ~ 0.391

%]

LB f(0) =0, f(1) =1, f(2) =2, f(3) = 3, f(4) = 4, lKk—"
WHARKT 4 2 f(2).

2 BAIF(0) =0, f(1) = L, f(2) =2, f(3) = 3, f(4) = 4, Fk—4
ZAR f(), VATBIIRHOR KT 4, MEA5 T S(2) = o 192
187 WP AT 2 AR,

3. B fla) KA, f(1) =3, f(2) =6, f(8) = 13, it
55 f(L5).
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4. KT V26, Hitds V2 = 1414, V3 = 1.732, WG V24 =
4.898, v/25 = 5, v/27 = 5.196, i ix = MR T 1 /26
(K503 0.001).

2] 3.4

1BV f(4) =0, f(6) = —12, f(7) = —20, f(8) = —18, KKK AT HE/INK)
21K f(x), BRIEHTE f(12).

2. ﬂ:ll T = 2»37475 BTJ‘, f(l') E‘Jﬁ%%uﬂ‘j 5a47 _77 _345 ;J‘_{E.D/_(glﬁit f(x)

3. U1 52?4 192+ 18 = %@-2)(95—3) —b(z—3)(z— 1)+g(x— D)z —2),
HHE a,b, ¢ XEAFRTZITK 522 + 192 + 18 KA LA X?

4. a,b,c RFFARFHZAHG B fla) = be, f(b) = ca, f(c) = ab, KK
Bl 2 2 f(2).

5. a,b,c BMPARE =A%, TH f(a) =b+e, f(b) =c+a, f(c) =a+b,
SRUHOR T 2 E T f(2).

BN AN SHOCEIFX
AL, T3] S TR SIS SO R, 25 ST

BOUEIT A, B PHERFCEHE, 4 ST I B EE o S BT )
PR3 P B8 R S P T — i Al

—. AT
FHMSR MBI E TR EEAS, KBRS IS, FATHE

‘ FHER A AE LS n, BT ax™ BFEO R B naz" "
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FHERMAEZZ IR f(2) = ana™ + an_12™ '+ -+ + a1 + ag FIFEX
WA PRI AR, E/E

(@) =na,z" '+ (n—Da,_12" 2+ +ay
[FRE, f () B8, etk
(@) =n(n—1Daz" 2+ (n—1)(n —2)an_12" >+ +ay

Mg I f(z) M ZBrefs () /58, e (@), M f(z)
=P34, B () WS —Bst, f(z) B k-1 Bk,
At f(x) W kB8 et f® (), B

[F*D(@)] = f® (x)

B 3.29 3K f(z) = 22° — 8% + bx — 4 IR FHL.

fiR:
f'(z) =62* — 162 +5
f(z) =12z — 16
" (x) =12
[y = @) == [ @) =0, (n24)

B, —0 n WEHAXM n Brefog M EEEE (FR2TX) , A
n+ 1 B REOMHR, DURS R SEEGRE: Folit, TR0 S5 T
%5 MEZHMAM S G SR E.

B2, 2SR R 2. i EX T R, AP, S
LENRNAZ LS, KRPLX Mz R R E AR

B 3.30 RKZIR f(2) = aza® + axx? +a1v +ap (a3 # 0) IRW-S%L, I
KBS FHAE © = 2o BIHYMAE.



FET SRR FREBRALIX

firt
f'(x) = 3asz? + 2a02 + ay f'(x0) = 3asx? + 2a020 + ay
[ (z) = 6azz + 2as " (x) = 6azzg + 2as
f"(x) = 6as f" (@) = 6as
FO@) = FO ) = - = ) =0
FO (o) = fO (o) = -+ = [ (wg) = 0

BEAHUN, 25N SR DA TR

167

Ui f(x) SHEE kB FHET f(o) WIS kgFRpl, Al

[kf(@)] =k - f'(z)

WEW: 3% f(2) = ana” + an2™ -+ az 4 ag, W
kf(x) = kana"™ + kap_12" ' + - + kayx + kag

PR

[kf(z)] = kna,a™ ' + k(n — Va, 12" >+ + kay
=k [na,2" ' + (n = Da,_12" ? + - + a1
= kf'(z)

PZI f(x), g(x) MEFEEET XA TR, B
[f(@) + g(2)] = f'(z) + g'(x)

WEW: 3% f(x) = apz™ +an 12" '+ a1z +ag, g(x) = bpa™+by, 2™+

”'+b1x+b07 Z:gi—‘ﬁi‘lﬁzv Z:iy‘j‘&n>m7 muﬁ

fx)+g(z) =ana"™ + -+ (A, + b)z™ + -+ (a1 + b1)x + ag + by



168 $=F Sy A kg

)i
[f(@) + g(@)] = naz™ '+ +m(am + bp)z™ "+ +ar + by
= (na,a" '+ -+ man ™ 4+ ar) + (mb ™ e+ by)
= f'(z) +g'()
REPERT 1, 2, T DA - XWMERERIPIA TR p, A FZ I f(2), 9(2),
TidAEAR LAY, B

(- flz) +A-g(@)] = pf'(z) + Ag'(2)

PINZ I f(2), () FFRBIAFEEET f(2) FREORN 9(z) 5 9(2)
W HRA f () B9, B

[f(@)g(2)) = f'(x)g9(x) + ' () f(x)

\.

A2 f () B m RKITHIFECN

[f™ (@) = mf" (@) f'(z)

P 3, 4 BIUERIR AT AR TSP — AR SR P R T, (R, X
LN N TR 2 (DT BT R S g

Bl 3.31 KFHZHANFEC
L f(x) = g(z)h(x)
2. f(z) = g°(z) + 2g(x)h(z) + h*(x)
XH g(z) =322 — 1, h(z) =823 + 22 — 1
fire:
1. f(z) = (32% = 1)(8z% + 2z — 1)
f(z) = (32 — 1)/ (823 + 22 — 1) + (82° + 22 — 1) (32% — 1)
= 62(82° + 2z — 1) + (242 + 2)(32* — 1)
= 482" + 122° — 6z + 722" — 182% — 2
= 120z* — 62 — 62 — 2
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2. f(z) = g*(z) +2g(x)h(z) +h?(x) = [g(x) + h(z)]? = (823 + 322 + 22 — 2)?
f'(z) = 2(82° + 32% + 22 — 2)(82° + 322 + 22 — 2)’
= 2(82% + 32 + 2z — 2)(242* + 62 + 2)
= 384x° 4 2402* + 1642° — 602° — 162 — 8

%>

L SRS Z I % 340

(a) f(z)=32>+2—2 (c) f(z) = ﬁcﬁwz
(b) f(x) =ax®+bx+c

2. ¥F f(z) = azx® + aex® + ax + ag, g(x) = bax® + byx + by
Bk SR P 3 2 AL

3. K& Z T4

XH or)=2-2, g(x)=32%+5r—1.

4. BURE  REBIER “UE (2 — o)® REHEHERR f(2), TBA (z—a)F!
—ERENSEERR f(x) 177

L BRI EIF A —F A X

TR AR, BATE 2 TS MGG RRRRTE, FHE— P ARERZ I
K f(z) BITH (v — o) FIBEHER. WIRS 2 —a=t Wz =a+t FERA
f(@) Ja, BRI f(x) BIFHOT t = (v — o) BORHYE, TR

f(x):f(a+t)ZCO+Clt—|—02t2+...+cntn

WM Z B f(2) £ 2 = o RIHOTREITA.

RERFFERE ¢ (0=0,1,2,...,n) AN f(x) MPTEEHN o H
%-MT&M%ETﬁJm%%%Eﬁ%%ﬁ%ﬁ& Hat— X L R AL
Ao, A — B
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170 F=F ZaXeyAasaid
Bl 3.32 MLAHRIE, f f(2) = 22" — 2 — 2 JBIF = — 1 R

fi: o — 1 RBELE f(2), MEERRER

flx)=—-1+3(x—1)+2(x — 1)

f(l+1t) =—1+3t+ 2, (r—1=1)

Bl 3.33 EAI f(x) = azz® + axx® + a1 + ag, K
1. f(1+1) 2. fwo+1)

fire -

LK ZoRY v =1+t Bl t =2 — 1 W f(z) WHICETT, ATLAMSRG

as a9 an ap
as as + as ai + as + ag

az as +as ai+as+tas | ag+a; +ay+az------ o
as as + 2ag

az as + 2as a1 +2as +3ag------ ¢
as
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A -

f(z) = (ap + a1 + az + az) + (a1 + 2a; + 3az)(z — 1)
+ (az + 3asz)(z — 1)* + az(x — 1)*
f(1+1t) = (ao + a1+ az + as) + (a1 + 2a3 + 3a3)t
+ (az + 3a3)t* + ast®

2. HEHOG, % v =20+t UA f(2), FFRIPRBK ¢ MTHRHRIEA

f(wg +1) = as(zo + 1) + azs(zo +1)* + ar(zo + 1) + ao
= (ag + a17o + apxd + azxy) + (a1 + 2a920 + 3azzl)t

+ ((12 + 3@31’0)t2 + agts

N T BT R E R ¢ (1 = 0,1,...,n) B—MHLAEE, AT
B 3.33(2) AT FFIRUELNT :

TR FE RN a0 + arzo + a2af + aszy 1IE442 = = xo B}, 2T
K f(x) PUE f(zo). B 3.32 KB 3.33(1) t@antt; co = f(wo).

Peo I KPR —RITEE a1 + 2a020 + 3azzd EIFRE © = o BFE I
f(x) BS% f(x) = 3aza® + 2asx + a1 WHE f/(w0) = a1 + 2a9z0 + 3azzd. i
3.32 Jefoil 3.33(1) 2t e = f'(zo).

PeTTRIFH IR IR L ao + 3aszze B2 © = xo B, f(z) BB S
f'(x) = 6azx + 2ay WIEK)—F: %f”(xo) = ag + 3azzo. B 3.32 KM 3.33(1)

&%W%;@:%ﬂ@@
BOURIFA I RTRA o, WA EIERS © = 20 W, [(2)
=B 7 (@) = Gon I NAZ ) < f"(n0) = ag, ATRAER 3.33(1)

BRI 5= ¢ (x0).
R, RIS, BOURIFA AL
Flo +0) = flzo) + £/ (o)t + 3" o)t + & " (w0}
WET RS A R ETHEZ e
7(w0) 1

f'(wo), | ["(%0)
+ 1 t+ o1 t° + 3l t

fwo + 1) = f(20)

[FIFE, Bl 3.33(1) HIHRICRET 5 L

), @), f1)
T 2(!)t+ T

fA+1)=fQ1)+



172 F=F ZMXayLhrEib

Bl 3.32 ATPAE AL

)
1!
%br k., ﬁﬁ%glﬁiﬁ?ﬁmﬁ%iﬁ%*ﬁﬁﬂﬁ , ] 0 RS HEORATE]
ECIUER iRl

f//( ) —143t—

fA+t)=fQ1)+—=t+——+

B (F e A

—IC n WEIA f(x) R v FIHITREITEN

( ) f" (o)
2!

flzo+1t) = f(zo) + t+ t2+-~+wt” (3.16)

E B — BOIE WX B 25, (HAZ AL, XA E BN AN TE 20K, £
REWAFRE AN X ZREIEAIMB] 3.32 Fiff] 3.33 thE ki
EEEH, T HERRZ A AG L BTN, BUER A .

Bl 3.34 B f(z) =2t — 222 + 32+ 5, WK f(z) 7 v = 1 SRITL.

fiet «
flz)=a*—=22*+3z+5 f(1)=7

fl(x) =42® + 42+ 3 f(1)y=3

f(x) = 1227 — 4 =8  S=u
f(z) = 24z (1) =24 %‘f —4
() = 24 F(1) = 24 f ~1

FL+1t) =74 3t + 482 + 4¢3 + ¢4

§@) = Jlo+ (@ o)
= f(a)+ 10

f"(a)

T (x—a)+ o1 (x—a)®+-+

MilT r=a+ (v —a), HI:

£ (a) (3.17)

(z—a)"

n!

(3.17) AT f(z) FEr @ = o HFITEIF .
(3.16) 5 (3.17) A LR2MRE, Amficgsah A0, 2 (3.16) Kty ¢
AT 3.17) X o —a BT, AFESRMAEZRZ (3.17) 5

Bl 3.35 EAI f(z) = 2®+ 22* — 22° + T — 5, FF f(2) RIFH = + 1 WOTHE

Z I
fiR:
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fl@)=a°+2z* — a3 +7x -5 f(—1)=-10
fl(x) =5ba* 482 =322 +7  f(-1)=1

F7(x) = 200° + 2422 — 62 F(=1) = 10 L? _
f"(x) = 6022 + 482 — 6 f"(-1)=6 3 =1
fW(z) =120z + 48 fW(=1) =72 _—7'2 =-3
O (z) =120 f®(=1) =120 130 =1

f@)==10+(z—1)+5(zx—-1)2+(x -1 =3z —-1)*+ (z —1)°
AT DA ESEAR LA A BRIER I, 5 M FFEEER. [F2A0TR] AR IE—F.
|
LA A R IO 20 TR 45 s iR R
(a) g(x) =72% =322 + 4o — 1, fF =2 j&;
(b) f(z) =925 — 188, ¥ v = —2 j4;
(c) h(z)=a*—2* -1, fE 2= —1 Ji.
2. A A A 20 9 2 R IT e E IR TR R
(a) f(z) =22 —222+2°, BIK = — 1 1%
(b) g(z) = 223 + 2422 + 34z + 30, JB = + 2 [HF;
(c) h(z) =28z — 27+ 2® — 922 B = — 3 R

BN E.wisililli

AN, Kb Bt Z I AMESE A, B « Aot 2 i
N — LA @ — a IR THRZ T

B THREAK, BOTTLAERAZ], it 25 B AR UE B

HiZE ) A

//a (n)a
f(x):f(a)+T($—a)+fT(!)(x—a)2+m+f n'( )

AIAE A H

LEM ¢ —a K f(2), BrigsRah r(z) = f(a), XIE2EATHER 4B
SR RO B A

(z—a)"



174 $=F SMAnyAmIER

2. # 1 (x —a)® KBk f2), Prigisah

X ARG B N A E—2 T
3. —fi, HH (z—a)® (k <n) B f(2), FrigmmlCh

f’( ) f*V(a)
(k —1)!

k—1

re(z) = f(a) + (x—a)+---+ (x —a)

e e B 1S5
Bl 3.36 XK f(x) = 2t — 222 + 8z +5 fRVA g(x) = (x —1)3 FFfRHIAS r(2).

fire
flx)=a*—2224+8x+5 f(1)=12
f(z) =4a® — 42+ 8 f(1)=38
f(x) =122% — 4 f"(1)=8 ; =4
f(z) BRVA g(x) Frigitaah
riw)= s+ L@ 1+ Ty

=12+ 8(x — 1) +4(x — 1)?
=12 -8+ 8x +4z? — 8z +4
=47%>+8

Bl 3.37 EHI—PEIMALE 2 HZRET g(x) BPA (v —2)° Frigag 4t
H 2%+ — 1, HERIX AL g(2).

e o) = 1)+ L2000 TP oy
BEVI, g(o) R CRATKT) REOH 2, T

f//l (2)
3!

Xl g(@) BRPA (z —2)° Prigsalty 222 + 2 — 1, A[AS

fll(?) (x—2)+ f’;(!2) (r—2)P2=22"+2—1

(z—2)°

f///(2)
3!

=2 = f"2)=12

f2)+
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R
S22 4 7/2) — 20" +[(2) — 2/(2) + 2/ (2)] = 207 4 1
AR TR 4005 X, T
) =2

F1(2) —2£7(2) = 1
F(2) —2£(2) +24"(2) = -1

TR, 15
f'@2)=4,  f@=9  f(2)=9

PRt -
12
=9+9(z—-2)+2(x—-2)>2+2(zx—-2)°

=223 —102% + 252 — 17

o(e) =9+ 9(a —2) + S(w—2)° +

4%:)
1B f(2) = 2t + 2%+ o+ 1 RAT IS BP0 Ao BT 47

r-1 (@-1% (@-17% (2-1)

2. BH f(z) METRECHN 3, degf(x) = 4, MH f(z) 7alkk
PA (2 4 2), (z+2)% (z+2)° (z+2)*" FrigRm s e

3. ZIR 2 + ax® — 322 + br + 3 [FLA (x — 1)? SRR 2 +1,
oK a, b HE.

>)i 3.5
LORTFAZHA—. . =ZHrS4e

(a) f(zx)=72® +523+3x+1
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10.

11.

12.

F=F ZaXeyAasaid

(b) g(z) =z + 2" +a2" 2 +a2" -4, (n>3)
(c) h(z) = 4lat — 3123 — 212% — 11z — 0!

CBHF(2) = (2 -2 + 1, g(x) = (2% + V2)P WK A% 20 SALC

(a) f(x)+9(z) (c) flx)g(x)
(b) g(z) — f(x) (d) g"(x)

LB f(z) = (+1)%(22 — 1), ik

(a) f'(x) (b) (f(2), f'(x))

. EI%H f((IJ) = anxn + an—lxnil R Ay + ao, g(.’IJ) = bxm, (a’ab 7& O)

Kik: [f(z)g(@)] = f'(x)g(x) + g () f(x)

B (@) = (@~ a)(@ — b)(x — ) BB AL
R ANIEZEN e R SN2

(a) f(z) =102* —122% — 922 — 22 — 1, JBA = — 1 W%
(b) y(z) = 72° + 1, &I = + 2 .

SR f(z) RIERA @ = 3, (2 = 3)%, (2 — 3)° IRl 2, 20 — 4,

v —da 45, B f(x) METRAOY 1, WK 1)

LR f(x):

(a) BH f'(x) = 102* —122° — 922 — 22 — 1, H. f(1) = 2;

b) BH fl(x)=2>+22+x+1, H f(0)=T7;

() BN f'(x) = az® + ba + ¢, B f(—1) = g e

LB f(x) = a8 + 5at + 327 — 7 F o? + 2 HYRHY I

(a) WFeEREOE (b) MIZE#AAIL (c) MEAERRIE
ok f(x) = 28 +521+ 322 — 7 3 HIBR DA 2+ 3, (2+3)2, (z+3)3, (z+3)%,
(z +3)° Prigr At

HET f(2) = ax® + b2? + cx +d BRVA (x — 1)2, WS4 92 — 10; 2
f(@) BRPA (2 + 1)%, WAERA —11z — 10, 5K a,b, ¢, d.

B (@) = (2 + 1) — 2 (30 + 1), Wk
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(@) f() ot

b) (f(x), f'(x)) (f(x), f'(x))
@ 92 A

(d) [f(:r),f’(w)} FRPA ( 2)* prigmas.

ABE AR A
. AT EENAR TS TR, Hof i

1. 4 f(2) = ana™ + ap_12" + -+ a1+ ag, (a, #0) AT, IH—
JC n RZT (RFFLIi).
—7C n R WL T AT FHREHES , HARHERCH f(x) = a0 + ez +
ot a1+ ana”, (a, #0).

2. WA~ 2 T 22 HAACY B AT [ U 2R oot LA S I, A 22 TR 2
WAIPAE, A Z I XAE AT CHUT S A VHERS, BN EAERT AT
%, X2 IEURIES (F1%).

3. L WALAN (REAER—MERLEN), . 8. %k k) 25
BN, T s (WREHA. 05 1 iRt M n ks
Ft)s —or2 A MR R IRIRE T, SREIREARM, XTHE
B2 f(r) SEZFZIN g(x) # 0, TLAKBIME—R q(2), r(z), W

f(@) =q(z)g(x) +r(x) H degr(z) <degg(z) = r(x)=0
Hrr, f(z) mMykrat, g(z) MR, q(x) M, r(z) R

4. e B PR SOE B o AR BRIA B S SR AP )iz I EE R
WES, ENEEWANEZE, LAEEER, RIENVH

5. fim o~ NS PR BRIAAERIE A SC T EAA AR, Wi AR
o, ERHIA

6. ZH f(2) = ana™ + ap12™ " 4+ a1z + a0 FECE—FIERE L,
)]
fl(x) =naz" '+ (n—Da,_ 12" 2+ +a
BSOS ERAS E —2, HX R e SO 2 0
i -
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ooaUERL HEUERLEAIRHEE, WNE EYF, ENTEE T PR
R 2T, EZHMAEH - KHEKX 2 — o SZIAAE v = o X—RIEN
TR FERPIRGGE. XHE—k, FEZTXRPF, DU UM SEERT
AT, U T, A
f@) & 2 —a MHAK < f(2) T8 2 — o B
fla) =

= a ke f(z) B—MR

=, HRAERLHAEHAHEL, ATAEFBEEAKX—FHAEH A
=
HOEHA flag) =b;, (i =1,2,...,n,n+1), W n REHKX f(z) HFREX
A
., ()@ —a) - (z— )
T = b (=) (a1 — )
Ly @ a)@=ag) (= ann)
(a2 — on)(0g — az) - (a2 — @np1)
(z—a)(@—az) - (z — 1) (T — any1)
- +bn(an_al)(an_OZQ)"'(an_anfl)(an_ohrkl)
(z—a)(xz—az) - (z—ay)
o (n1 — ar)(anpr — a2) - (Qngr — an)
e R

A THEAK, BTARZIAAE n+ 1 AR 0+ 1 AME, BiE n RE
WA, IEMER 2 AT ] — A (ER.

. 2 T SRS SORIE, S AP I SR RRE, AT A
et 2 WA o IT (B2 )

e A XA WA
L 23X (o) 75 2o mIREIF
/ " (n)
flzo+1t) = fxo) + / (ﬁo)t—k / ;TO)tQ 4t f ’I’L(!x())tn
2. £ f(2) 7 = a HIRIFR
/ " (n)
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PRI, AR R R, 2 HRZ.
T, mFEHAK 2, \RERAE A, XA

L f(z) BRPA @ —a i}, RN fla)—RAERL;
f'(a)

2. f(z) BPA (z—a)? B, SRR fa) +
3. f(x) BBPA (x — o) B, 5RIAAKN

f'(a) f"(a)
1! 2!

f%V(a)
(k—1)!

Ny AERZ I EA N ZE, B RREA5R IR E R BN E S, ERIR

P2 2 BRI SR E L, ERTTIR S AR 5 IR AR S T R AL
*,.

(x—a)*+--+ et

re(x) = f(z) + ( —a)+

(x—a

PRI

5\ 51" 5\° 5
(m + 2a> — 10a (m + 2a> + 35a® (x + 2(1) — 5003 <x + 2(1) + 24a?

(r—1)(x—=2)(x—=3)=plz—1)(z+2)(x+3)+ gz + 1)(x — 2)(x + 3)
+r(z+1)(z+2)(z—3)

WK p, g, A

3.8 f(z) = (z+a)z+b)(z+c) F 2 MEEH O, g(z) = (z — a)(z +
b)(z+c) o WRECH 0, H f(z) 1 o WREET g(v) h 2® MREL
UEM] @ 557 0 B 1.

4. B s=a+b+c, KiE:

(as + be)(bs + ac)(cs + ab) = (b + c)*(c + a)*(a + b)?

1 S
5. Ul s = §(a+b+c), SKAIE:

(s—a)®+ (s —b)*+ (s —¢)® + 3abc = s*
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10.

11.

12.

13.

14.

15.

16.

17.

18.

19.

V24

$=F SMAnyAmIER

AR 28 + (mo+n+ Dax? + (m o+ n + mn)a®z + mna®

A7 fi(e) BRUA g(z) BrARaON ri(e), fo(z) BREA g(2) FHRah ra(z)

RIAE: file) - fole) BROA 9(x) 5 ra(e) - ra(w) BREA g(w) Bk A=A

. r—a BEEES 2% 4 2ax — 362, SKAE: a = +b.

S f(x) =pa® +qa® +qx +p BERE g(x) = 2® — 1 8RR, 50K p,q KR,

B4 f(z) = 2* + 32® + ax® + bz + ¢ LA g(z) = (22 — 1) (z + 1) FrifHy
REH 0, 55K a, b, c.

Far’+br+c e’ +br+a AHE—P—WARKL, RKIF: a£b+c=0

B fx)=a?+ (k+bz+4k+2 5 g(x) = 2 + (k + 2)z + 2k 5
AR, wOK k.

KUE: (y—2)" T + (2 — )T + (2 —y)* ™ 09 (2 —y)(y — 2) (2 — )
B

N HAERXT, KL a,b,c
(a) a(z —2(x —8) +b(x — 3)(x — 1) + c(x — 1)(x — 2) = 52® + 192 + 18
(b) a(z —3)(z —5) +b(x —=5)(x —T7)+c(x —7)(x —3) =8z — 32

flz) B PRBAKT 3MZIK, a,b, ¢, d ZPIAFIE BRI fa) =

2 (z—1)% B ax ™ + b + 1, 5K a. b

BHla=1,a=c+y a=2"F+zy+y> ..., ap = 2" ' +2" %y +
ety 2y R e tas o tan (@ #E L y#£L T #Y).

B f(z) = az® + bz + ¢, H f(0) =0, f(1) =1, 3R f(x)".

A f(x) =2+ ax+b 5 g(x) = 2> + cx + d Wim AHAZ — 41—k
Z Wi, Kilk:

ab — cd

2
b_dx—i—

[f(2), 9(2)] = 2* +




BRI H

SR N EEE, RPN BN —, AR
SRR R, BRGNS TR ROR, A BRUR, SSBOARRAAE . K
HT ST

B ZICRAIR B R X

HMeamiE, mRY z=arf, ZUWXME f(o) = 0, HHELIE o MK
ZIX f(z) B—R, S IR f () B— A

B, FREUK f(2) =b# 0, BAMEMR: T2 f(z) =0 HER
ZR (EELERERR).

B, —JC n IRET

f(.’If) = a’nxn + an71x7l_1 +---ta1x+ap (an 7é O)
AR, BiE—Jo n IR
anx” + ap 12" P+t aztag=0

MR SRR, SR AR e

BORZWEUR, BRI — N ECRTERE Y, 2R —
B, A ZIATEAFNBREE N, TR A FIARAAE.

e, FATEEHEATRZ TR SRR, X AP A S WA BLAR
Wz A B B R AR T B BORE 2R AE

L gL LIRS HGNIERRA K

—IC— IR — L RETEHRAR A X tglhe — o —Ik . —JI0 IR
RIRA 2, FATRCAER AR, Bl — B CB g T

181
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L. =K ZEX f(z) =ar+b (a#0) GHREPLEUR:

= (4.1)

2. =L RZWK f(z) =az? +br+c (a#0) K HALY b2 — 4ac > 0 |},
HIA (NFEZAHR) SR

—b £ Vb2 —4ac
T= (4.2)
a

2 HALY b — dac < 0 B, BATEUR.
(4.1), (4.2) WM R Z WA RAR A, i m = m A X,
BEARTHEZIRNATALE . W, T (’). B ITisE, st

SRIFERIMR.
HISRARASC (4.1) ATDARLE, W T —RZ WK, ERRAUE R ot

FRM IRIESE, AT, BARECRACI . W . BIESTHHAMER L
HRAH—KETR, —EA— AR, T SRR R AIE S
BMEIE: SRA KB, R R
B, f(a) =30 =2, AT @ = © . RATER.
ARG, T RECH BRI ETR o1(2) = ax +b W91, TTHEFF— Lt

4T
L% a0, R b WIERTE, o) BTS2 = s
2 % a=0, 10406, ¢ie) HEREIA, EUA R
3% 0 =b =00, ¢i(0) =0 HELIR, CHLRE ML

B 41 B (o) = 2a-+ Do — (a-+ ) IRIGHTE . AAIRAEE, KUV

firt: b Z BRI E LA, 2(a+b)a— (a+b)*> =0 H]
2(a +b)x = (a +b)?

CMatbA 0N, gla) AT @ = Lo

e Bat+b=0 Ma=-bi, gz) =0, BEFLREMR, RMLEELHHAZE
ERR.
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HIRIR A (4.2) FBERTDASIIE, X RS TR, ERRELEET R
B, w. e GRJ7) . BIEBREARIT-FIrsSmsRe, Him, AR
TP Irs BRI BT, Wi

AHAR R, A—EGHHPIAAE. EA—E A BEBURAFAE.

FELE, HERBEABTRZIN, A EABREIRSCE IR, HEE
A SEHR.

PHE—IC R AR, F—IC R AR —FF, W] 515K 0* -
dac PIFF5 70 = FEIE -

1. 24 0% —dac > 0 B, f(x) BWNAESLR;
2. 24 0% —dac=0 B, f(x) BFREHE;
3. Y b2 —dac < 0 B}, f(z) %A LR

[FIREHLS T BB SR Z T 0o(2) = aa? + b + ¢ B, HATLARSE
AHFHET

L 2 a# 00, polz) ATRBW, BRRATH Bk =M RS 51T

1o
2. M a=0,Hb#0K, po2) H—WEWN, EAME—LR;
3. Ma=0=0,1Hc#0Hf, o) HBERZINX, BWHHR;
4. ¥ a=b=c=0M"f, po(x) =0 HEZTNX, BHILREZIHE.

MT = RETAK f(z) = ar® +br+c  (a #0) GRAEWMR a1,y
AR, FRRRESRER. A

c
o+ oy = ——, Q- Qg = —
a a
Bl 4.2 FHEMRETRK f(x) HPIATR
ay = sin(a + ), ay = sin(a — )
BORIXA IR Z I f(2).
s Hr ek B TR

f(z) = 2% — [sin(a + B) + sin(a — )]z + sin(a + ) - sin(a — B3)
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It A

f(z) = 2* — 2xsina - cos f + sin® a — sin® 3

%]
1. HES¥ER f(z) = 22 — (a — b)x + ab — 2b FIAR.

2. HHWA f(x) = o® — (at+ Vo + 20— LAFAHIFMEH, Lo
o WO, TR EHIRGE.

3. MR Z I f(z) = (a + 3)2” — 4z + a WIRAHTETE.

BN V=Y @ C Ry W21/ € A EMIHE

HANCEFES TN EEHEY L #0, T f(2) =05 k- f(z) =0 &
AreafEMR, FHit, MM ARIEZ WK f(2) 520K k- f(2) A
SEAMIFAAR, AR, fER— 2T f(x) BRI, TSRS — 250
kb f(z) ARRAUE.

R XASERE, X — e =R i

f(z) = az® +b2® + cx +d (a #0) (4.3)

AR, AT AR AT =ik 2 15

() :x3+éx2+5x+g
a a a
HERARIUA, AGHE o(2) e
o(z) =2 +ra® + sz +t (4.4)

KM —TE =R TR, H R B SR S RN 1.
BT RIE—ITEEW SR (4.4) (A, RABEA AR BIEH s, W
Eﬁwﬁ.éxzyf;ﬁAkM%%%%%ﬁE%

9(y) =y* + <8—T2>y+ (t—TSJrzTB)
3 327
AL E AL

9gy)=v +py+q=0  (p,cLE) (4.5)
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e =R 2 WA R R, H3RE S 2y AECh 1, MAAREH
TR
g bt , REsRkH =R FEAER 9(y) IR o, g sRIG=KZE
ﬁﬁ%ﬁ@%ﬁ@@)%ﬁxza—g,#Wiﬁzﬁzﬁﬁ%~%%ﬁf®)
i w =0~ - B, —TCER SRR, LR TR L
K= Z IR,
Bl 4.3 HORZWA fi(z) = 2° — 92* + 33z — 65 FWV I fRIfL.
fiig: & ac=y+3, A flz) £B, B
a(y)=(w+3)° -9y +3)2+33(y+3) —65
=y + 9y? + 27y + 27 — 9y — 54y — 81 + 33y + 99 — 65
=y®+6y—20
JRPA 91(y) = ° + 6y — 20.
P —TT =R E I g(y) = v° + py + ¢ KR, FATTARALAT 7
Vi
é%) -&L‘_‘EA’E(J$E Yo =Uu + v, muﬂﬁ%ljﬁﬁ% u,v, ﬁﬁ%‘
(u+v)>?+plutv)+q=0 (4.6)

Ap
u? +v° + g+ (u+v)(Buv +p) =0

KR —NEAPARAEA TR, N THE v 5 v B{E, AT PAEER—1 5%
T, FERARPETRITRR (4.6) Fefboh—A o B4R
FATEFERAF, f 3uv +p =0, B Buv = —p, WifF e (4.6) Felb hTike
H
u’ + 03 +q=0
3uv = —p
AT RN
{ (U +v%)? = ¢

PR, #0002 =g +4 (L) s
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XA T R4

XA REA, f5

R R )

Hr, BT wo FEHRRA RO, FrAFA TR 4555 /], FrA

R (Or R O]

XA, WTREERERK g(y) = v° + py + ¢, AR ERRRARK:

Yo=u+v
s q q\?
= 3HVE) V(3
XHEE 4 E‘Jfﬁ?ﬂ&ﬁ
BHXANARK, — T AR =R 2 Wi 20— LR

fitk: i) 4.3 F, f(x) HVREAER, ATAHAAE: 2 =y + 3 15
9(y) =y’ + 6y — 20
RARARIAS, Kig
y=V10+6V3+ V10— 6v3

f (@) WSEARN

2= V10+6v3+ /10— 6v3+3

R FERAFAAP, RS FrT, 12k

s (@)

MU= R 22 AR ) 531l 5
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L A>0mf, =R HAH SRS
2. 4 A<O0W, =RSIAH=ADEAR.

FEAIE, TR ) SRS AT

XF IR Z AR, AR AX, RE =k IE R R
52, WA EE /N, FATx Btk

XSRS R AT 2 U A ARER AT DA — SRR A 2T o]
EMEN. ZUWSHEFARNZES T, THUMLIFGEN T — K
PAR B IR I Z AR IR A (RURBE I BRI RS, 2. . 7 (5f
J7) s B PR ERRERIR R ).

%>

LRt f(@) = got 3%+ e — 3 IBRER, IR SR,
EHIRER A, Kb F(e) HSR,

2. MBTTHESREAII R Z I f(2) = 42 — 52® + 1 fYSEAR.

3] 4.1

L s f(z) = a*2® — 2a(a — 1)+ a — 1 AP MARPER, 55K o X
ANSEAR.

2. MAEWHITE LW ar? — 2(a + b+ )z + 2(b+ ¢) FIRAYIETE.

3. RCH TN =A 2, BOHEA—ALHR, R 1S o B
i

2? 4 2ax — 2a; 2? + dax — 4x + 3; 2?2+ (a —1V)x +a®

4. IR R LT 22 — (m— Do +m FFRREEE & X R, 05k
Hom B

(a) MIMRZEENy 2:3 (b) PiItRZZH 1

5. WER TR ZTI 22 — ax + a® — 4 HFAIEMR, 1K o MBUETER; 45K
BH—AIERE, o XAEAPAE R B ENR?
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6. WARWAZIAK f(2) = 2° + ax +b, g(x) = 2* + bw + a AL
MR, R KRBT AN AEIEFAR B A

7. ARIRFARR I Z IR 2° — 122 + 16 (— 5L, FAE R W
T AN SEAR.

8. MELW 22 — 322 — 122 + 3az + 16 H—PIEMR a, 3K a LHINFHA
.

9. RZ X 22° — 72® + (k +5)x — k H=ATAM, HAP PR EA 4L,
oK & K=

N AR EZ BRSO B
XA H AR 1
f(x) =apx™ +a, 12"+ +ax+a (an #0) (4.7)

FATATABAREL @iy (0 = 0,1,2,...,n) KRR ER/NVAREEL m, IR 2 T
flz) &5, i3]

mf(z) =bya" +by_12" -+ bz +by (b #0) (4.8)
(4.8) B —MERLEZ I, mH (4.7) 5 (4.8) HAMFEMR,

M, ATRAHEE R Z W mf(x).
73— M TR E A g(x) = bya™+b, 2™ 4 +biztby  (bn #

0) FA T T DI 8 b, (6= 0,1,2,...,m) HOATHR d # 1, A5,
glx) = d - h(z), Jtib

h(z) = cpa” + cpgz™ '+ ezt (¢, #0) (4.9)
(4.9) B — MR T, HENSRLCE LR, /)
(Cn7 Cn—15--+,C1, CO) =1

i H (4.9) 5 (4.8) AMREMER. B, JATRATERL TR 5
h(z).

AT, DUTMREIR R AR I, A2 (4.9) RESCTZIA, A
PRI T
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— B R B2 R R BRI BB
W R Z A
h(z) = cpx™ + cpora™ - dcix+cy (e, #0)

;H\:E'ja Ci € Zy (7’ = O>17"')n)’ H (007clu°'-7cn> =1 a’:‘zﬂ‘]ﬁ[)j\hﬁ‘%fi

R o 2T h(x) = cpx™ +cp12™ - crm+ oo R EES
2 o FEBEEIE co.

WM BT o 2 h(z) B9, Frek h(a) =0, Bl
"+ Cp1a" M cia =0

co=—a(ca" '+ 10" P+ F )

EAGDFE T A, 25, USRI E A, B
B A, B o R oo

XA EREIFRAT, 230K h(x) EER o BHE co MFEEHFEK: (2
AR, EMACERMT o 2BBORMLELRM, AR AME. L, aIPA
N EHEHE h(z) BFBEERIERE, Ha HEaHREE R EEX M
Bl P B o B AR
Bl 4.5 0K f(x) = 23 — 62 + 112 — 6 FEEEIR.
fit: PIREBO co = —6, BERRECH £1,£2,£3,£6. FrPA f(z) BYREER AT
B 41,42, 43, +6.

HHGERESREHEE AR, S EAE L 2, 3 8, &Ah 0,
Mz =123 #Be2Wm=NiR, REEGRR XA NE, FiniiAE2
TR, BTRA f(z) BUREEUR A 1, 2, 3.

Bl 4.6 0K f(x) =23 + 2% + v + 2 BEEEUR.
fiit: SeFEEEARTER TR co = 2, BIBEECE £1,+2. FrPA f(z) 1)
R R 2 £1, £2
B RRR g, feBEUR : mEETE, 15
fy=s5 f(-1)=1,  f(2)=16,  f(-2)=—4

FIFEA £1, £2 AR f(z) BIR.
W, 2000 f(x) B RAR.
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B2 5K g B EBETR h(z) = ena™ + ez 4+ cra+ o W

IR BRI p RERERR <o, g BEEEER c,n.

WO T L 0(e) IR B R (;’) 0, 1
n n—1
. <p> e (P) P <p>+00:
q q q

cog" = —p ("t HCpap" g4+ ag" ) (4.10)

I,

cnp” = —q (Cop" '+ apg" P + g™ (4.11)

mMﬂDﬁWMMW%%p%%%ML@ﬂﬁgﬁ%%%ﬁwnsz
FITPA (p,q"™) =1, HBLEERIA : pleo

TR (4.11) W15 qleap™, FFEHRT (p,q) = 1, WM (p™,q) = 1. HIHEA
Q|Cn

ﬁi@ﬁmﬁ%,%ﬁﬁ%ﬁ%%ﬂMﬂ%%%ﬁﬁ(ﬁﬁﬁ)@%ﬁg
S, FERRF AN T, 35 AR LA h(e) FOIRAIEE, &
B s W i A o A R TR

Bil 4.7 AW f(x) = 623 + 2? — 4o + 1 FTREAG WFLEA PRECIR ?

fig: TN e = 6, HPHOH £1,42,+3,£6; o = 1, HAKA 1, Brbd, f(a)

TR 1, 0, +1, 4o

HUEHL 2, AHERS A e :

BAREZI [(v) = 2" +ana2" '+ +arz +ao HAAEEER, W
A AR L

Bl 4.5, f(z) AR 1, 2, 3 FGZHEG LG 4.6, f(z) BoABEAR,
WALEA A BAUR.

Bl 4.8 K 62* + 523 + 322 — 3z — 2 A TR,
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fire: SeHERE 2 FEABRITERE: BN ¢, = 6, AR £1, £2,£8,£6;
co = =2, EAHK £1, £2, A f(z) ATREAHIABEAUR N

11,492,414 42 41
2°7373 76
AR E M S A Ra Rk A, MmHE AR : mERTE, &

FA) A0, F-1)£0,  F(£2) £0, f(i)#o

BROL 41,42, % #RAE [(x) HAL
S~ i

64+5+3-3-2] —

—-3-1-142 2
6+2+2—-4+

BOh —3 R f(o) IR, AR
f(z) = (.%‘—l—;) (6% + 22 + 2z — 4)
A fi(z) =623 + 222+ 22 — 4, W f(z) = (x+;> - fi(x)

Nﬁ@d*ﬁﬁﬁ,ﬁ%E%fG%>#0,Eﬁié%%fﬁﬁ%ﬁ,
%%mm%ﬂmmw,ﬁmgﬁ%:

6+2+2—4 ;
A4+4+4

6+6+6+0]

BIOA 3 2 fi(e) O, QR S(2) B, R

f@):<x+;><x—§>mﬁ+ﬁx+®

:6<x+;><x§>@¥+x+n

XHEBT 22 +2+1 E"ﬁfllJ%'JQﬁ A <0, HMEEALHHR, SASHAH
R, FTRA f£(2) WA BRAR N 53



192 $mFE MKk

45>l
L. 3R f(z) = 62° + 192* + 2223 + 2322 + 162 + 4 KA HAR.

2. JE: 2T f(2) = apz™ + ap1z™ 4+ az +ag AR 1)
WNBLIE I e

Op + Qp_1+ - +a1+ag=0

v ZUKIIER S DU
X R T
f@) =a,2" + ap_12" '+ -+ a4 ao,  (an #0)

MR, BATA AT HIER . JCIE R R Y 5 B -

IR SE A K Wi

f() = apn2™ + ap_12" '+ + a1z + ao, (an #0)

MATREL ai, (0= n,n —1,...,1,0) F2IE0LL, I2XAZHK
f(z) BBA ERUAR.

WEWL: (JHRAEY:) # >0 H f(a) =0, 1

A" + ap_1a" P4+ Faja+ay=0

G e AR AE g, Bl oM R EEHRECRNE, LB
FIATRENE, MESTHINE. XRAEER. A f(a) =0 Aler, B
flx) A ER.

T —f(x) 5 f(z) BEEMER, FTPHE “an, an_1,... 01,00 223
FE BN “an, an-1,... 01,00 ZHRAEIELT, WEEEAZE.

A, WERZOR— NSRS 5 M2 W, g AAEE
ERT. g 1 HEAXAIER.
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LIPSO {E 21k

f(z) = anx" + ap_13" " + -+ a1z + ao, (a, #0)

I AL A (HEEE) B, mar kR BN ARIE (sdRE67)
B MAXAZH f () WBA TR

[T A E CF SOIEE IR X S 1 B
HTXWAEH, Bea B 1, 2 ginl DAt —25 4/ KA AR IR i 5
Bl 4.9 3R f(z) =525 — 7a® — 8z — 2® + T2? + 8z + 4 HUA FHAR.
2 o 1 2 4
fi: f(x) WREA HIAE BRE 2 i17i27i47igaig,ﬂ:g.
Mz — 1R f(1) =0, HimA

f(z) = (x — 1)(5z° — 22* — 102® — 112% — 42 +4) = (z — 1) f1(2)

f1(z) WEER A BEARE LA, HEA o — 1B fi(z), REe%ERR, 1
z—2 R FE fi(z), 15 f1(2) =0, HMA

fi(x) = (x —2)(5a" + 82° + 62° + x — 2) = (v — 2) fo(x)
fi(z) Fﬁ‘?%ﬁlﬁ;ﬁﬁ, fo(z) BMRMAXAE. WL, fo(z) WHEA A BERZ
_17i27i57i5' BEFA v —2 5 fole) REEEERR, UM fo(z) A IEEEL
s 5o L fulo) TSR, B 50— 2 W o), 8 12 (2) =0
R A

fo(z) = (5 — 2)(z® + 22% + 2z + 1) = (5 — 2) f3(x)

fs(@) CBA R, WTHEAM RN E © = —1; H o+ 1 3lBk fs(2) & fi(-1) =
0, WA

fs(@) = (x+ 1)@ +2+1) = (x+1)fa(z)

fa(w) CBASEAR, BT, B f(z) AEAAEEER. oA f(o) e

2
EI/(JT\Eé 17 27 57 71
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4>

FmFE  ZRXa9ik

1. 3R f(z) = 2° — 42% + = + 6 B HIAR.

2. TR 200 + 23 + 12 = T2 + 162 ([CRAGHAR).

ORI AIZ T A BEAR

xt =222 +3x—2
23 — 922 + 26z — 24
— 922 —3x+2

AT

)50 4.2

(e) 225 — 5z?

—2x + 2

)
(f) 52* + 242% — 1522 — 118z + 24
(g) 2 —da’z +3a® (a€Q)
(h) 2*—az®—b*x+ab* (a,be Q)

(a) 6x* + bxdy + 3x%y? — 3wy — 2y*
(b) z* — (a? + b?)z? + a?b?

(c) z* — 4z +3

- FERAIRR:

(a) 42® =32 —-1=0

(b) 82 — 623 — 722 + 62 —1=0

AT f(z) BMERIARLZ A

—~H

CAWERA: f(x) = 223 + 22 — 1 B A AR,
. 3K g(x) = 225 + 32 — 152% — 2622 — 272 — 9 B, FHo MR .

S MR ARAY AR, R 2 I CREE il B AR
B, 2 — TSR 5 T R E AR A

RN 1 AZ T f(2) BIRALESE D 2502 f(2) AR R

WA 28 AU 2 B 22 X it

il e 2 T B AR
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—. PIZIAH AR

WZWA f(z) 5 g(x) BH—MR o, B f(a) =0, g(a) =0, N o YA
2 f(x) 5 g(x) MR

o I GE B AT DARE, 2005 f(2) A—MR o WREEAR f(z) &H
—KH 2 - a.

Wik, X FHMAZIA f(2), 9(z) B o, HiA AT ERE:

W2 f(2), g(x) B DIRERETET F AT RRIEX A Z T Ay —
M/ UNTS

UEW]: Btk 3 f(2), g(o) A— DM o, TH A 20E A
fl@)=(z—-a) filz), g@)=(z—-a) g(z)

B, f(2), 9(@) A—KAHK 2 — o
et & f(2), 9(2) H—AHK z — o, WA

fl@)=(@—a) filz), g(x)=(r—a) g(x)

BIRHA f(a) =0, g(a) =0. FTbA, a i@ f(x), g(z) B—PoH.
MHTHAZ I A WA ENESARLWER, FHik, W
K AR EE S EA RS AR, &z, P2 n 55~ iR
Wb XA 2 T AR
Rk, RN Z A AR, HRESOCRBENNRE AR, K
X — A AR T A T
il 4.10 3K f(x) =22° + 2% — 52 -3 5 g(x) = 223 — 52% v + 3 BYLHE.

e SEFAREEMRIOR T (f(0).g(2) = 2% — o — 1 X— ST o =
" “25 UL f(2) 5 g(x) BIAKRY

V5 V5

n=ltgn m=leae

RAE L 690 T A RO A R 5, 9
It REATLARIFB ST R, R R oK B 2 T
KT

BRSO, FREMAR ST, L
B AS T 0 0, WA TR
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Bl 4.11 10K f(z) = az? + bz +c 5 g(z) = 22 — 1 H—PDAWALILL

it A g(z) = 2% —1 = (e + 1)@ — 1), BB g(z) APAMR 1,1, Bk, ()
5 g(x) A—PAMRATRER 18 -1

AWML, W at+b+c=0; HAWK -1, Ma—-b+c=0. A f(x)
5 g(x) H—OARMLE R

a+b+c=0 B a—-b+c=0

4>l

1. 38R f(x) = 4ot 4 262* + 512° — T2 — 24 5 g(z) = 32* + 2023 +
3222 — 8x — 32 AR,

2. Bk f(z) = 42° — 5at + 1 1 g(x) = 2* — 4o + 3 HILMHR.

3. W f(r) =2 +kr+1 Hgl)=a>+z+k H k#1, FFEHE
MRA =AM 5K b E R — A RAE.

L 2RI R

WHELI f(2), MEA f(2) = (@—a)™-q(x), H g(0) £0, (m > 1€ Z).
W2, ATV « 2 f(x) B m TR

ERAERHEER, T2 SRR E A 8. ik, A7
DA L

R o B2 f(x) B m ER (m > 1), B2 o BER f(z) 1
m — 1 FER.

WEW: fE PR PRI f(2) = (2 — )™ - q(z) H. q(a) # 0, L ZIATRBIR
FHAX, 15
fll@)=m(@—a)" " q(z) + (@ —a)" - q(2)
= (2 — )" [mg(z) + (v — )¢ ()]

HAHT g(a) #0, m > 1, Hii m-qla) #0, A a i f(z) m—1E
.
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N

a 22K f(z) W ERGBLETDZMEZ o f(2) 5 f(2) WA
R, H f"(a) #0.

UEW): b BEPE: B A, 15

@) = 0 + L0 — 0+ L0 _ap o L0 e 1)
T 0 B £(o) BT, R, 73
(@~ a)lf@)
At f(o) + L@ a) 0.

FibA, fla) = f'(a) =0, H f"(a) # 0, o & f(2), f'(x) BIARE, WHEE
x FRIAT.

FEAME: B f(x), F(x) BAMR a, B f7(a) £0, 1 f(a) =0, f/(a)=0.
BB AR (4.12) RAEfHE

(z — )| f(x)

FrbA, a2 f(z) 19— HAR.
FEH 3 SEarn] DA B m EARKINE, 155N idE

a /& f(z) ) m EROLEFS KR o 2 f(2), f/(2),..., [ (2)
AR, H fm () #0.

WERFHEGEM 1. 2 WNE, FRATIATAS - ZEHE f (o) AICAER,
HEF f'(x), f(o) WEm AR AT, Hm AR EHRER (2-a)™ 1,
MR AWTE f(x) 5 m B o, FEHEATAKTE /() 5 m—1 ER o, f"(z)
AHm—28EHRa,...

Bl 4.12 15K f(z) = 2° — 32t + 223 + 222 — 3z + 1 BUEMR.
fi: JeRREL () = 52t — 122° 4 62% 4 4o — 3, FHPRILAR IR EK
(f(z), f(x) =2®—32*+3z—1=(z—1)°

FIPA,
(z—1%f(x),  (z—DIf' ()
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Wa=1% f(z) 5 f(z) AR P, flo) AEMR 1 (MHEZ f(x) 4 E
W, f(z) B 3 ER).

Bl 4.13 SRIFHHE 24 + 223 — 1522 + 40+ 20 = 0 5 FHMR, IRk bx A~
AR

fiR: & flx) = 2* + 223 — 1522 + 40 + 20, f'(z) = 42° +62% — 30z + 4,
PREEARETR I (f(2), f/(2)) =2 — 2, XR—R. FiRA, flo) A EiH 2,
Wt A —ER 2, FHEAER, 15

fx)=(z-2)*@z*+6z+5)=(xr—2)*(z+1)(z +5)
Pk, IR RAETE N
(z—2)%(x+1)(x+5)=0
P A AR AR N - 2,2, —1, 5.
%2l
L HE 2R A ER? A4, ORISRk

(a) f(z) =2 — 423 + 8x + 4
(b) g(x) =4z + 8z? — 8z + 3

2. ZEBIUEHTERE 2 A0 e A IR Y.

>)8t 4.3

LR TA S HE AR AR :
(a) f(z)=a®+52*+ 3z -9, g(z) =2® + 72> + 152 + 9
(b) fla)=a®+322—22 -6, gla)=a>—322—22+6
(c) flz) =a*—ba>+4, glx)=a+z—2
2. B f(z) =222 — 3m+2)z + 12 5 g(x) = 42% — (9m — 2)x + 36
AR, 1SR m e
3. SR Z AR HAR :

(a) f(z) =92+ 122 — 11z + 2
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(b) f(z) =a*+42% — 4z -3

(c) f(z)=a—22% — 2% — 4o +12

(d) g(x) = 2° — 5a* + Ta® — 222 + 4z — 8
4 FEWR f(0) =o* — 120+ o HER, KK o
5. WRZ I g(2) = 2* — pa? + ¢ A ERMLLEINT

6. DRI f(x) = ot —o® = 307 + 4w — 4 HRATIARBIOR, WK
HIX AR

7ol 2 IR R R Z I f (o) AEAR, IBAZ A g(2) =
A ER, (2 g(x) 5 f(x) AR

f(@)
(f(@), (@)

BT L FRBE DT LA
PO RO EATERN
f(2) = ana™ + ap_1z" "t + -+ ayz + ag, (an # 0)

MRETHE, EWXMEME G2, o2 TR AR AN, H2HR
FAETCRIEOR M H IR A ERZ T, SRIRAZURA S . AL, anfarsk i
XL WA SR (ERAAAERTE) 7 Rp 2 A0 AR i 26 2 T Y e AR Y
AME? WA SFTHERAE T

— VFSESEHGI DU 2R A AR

REABZTAWTMRAEME, FERAETE, HHERRIE 2 5 5
LA IR A E B, AT ERUR MR T -

Bl 1 (R Bn)

flz) B—PMERPIZHA, o <b. % f(a) 5 f(0) fF5HR, M—E
FAE— 8 e, a<c<bfil f(c) =

TG PR R RIEE R, W 4.1, T fla) 5 f(b) FF5M
AR (a, f(a)) Besi (b, f(0)) 43 5MHE = B0, MLk y = f(x) 2IE
. HILEM @ Sif—Mizzh 2] « fhens—m, 2% “d” o f—Kk.
¥ (c,0) mizd, WA flo) =

I,
£5;
#
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Bl 4.1

AR RRE R EWER N, (HIEARER UL, B A
87 A AZ I BREHE (—o0, +o0) ZIELLAYT X 48 A B AT 1 YT Y 221
T B S e B X R E B, FA TR 2 TR LA
R A EATH AT BRI — 2 IR A A I e DURTER
o3> IR

Bl 4.14 FIWZ IR f(z) = 2® — 3z + 1 ASEARA T T WP dE 2 Bk > a] 2
fig: WK, M < -3, flz)<0, HE:

x >3, f(x)>0.

JIPA f(z) 78 (=2, 1), (0,1) K (1,2) &H LR

Bl 4.14 PEBA T P EEFRAIMERT, BB AR IR AT 2 W S AR AnAeT s L
MEATTIR. POMRETER —-H, f(=2), f(=1), £(0), f(1), f(2) Kit e, 5K
WAL E 2 AR, EREFAEREIN —2,-1,0,1,2 BREUENE MIRIRT H Fx
We? J5— f(z) BARE—MREKMEL, Blan 109 24 mges, BORZA E 100 4>
BREE? J7— f(2x) A D9B0R, WA RN UEST , 1 HAFIE A
2 BHEA RERAfR 53 A SR A DLk vl e — 28 22 I AR A AT SR,

XHEER, BEFRKRZWA S E R B SRR, WA~ =

A
L BRI IR——R A XE], A SR — TR ;

2. MR BN —FE Z T A SEAR AN, IR AR RS —
NS FTSE

3. AT ——R A — SRR LU (E.
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AAT R GRSX B8, 7R TRk S i, AT S e
LR EA S, B E f(2) 72 (a b) P —ASEARAERIE? e bE
Dk mfﬁaﬁar?

Bl 4.15 3K f(2) = 2% -3z + 1 7 (1,2) PSRBT RME. (FRigEA
0.001)

fire: bR EE R, A2 (1,2) O f(x) AR, B o) O TORIHEDR
REBEE I, ATRAEIKTE (1,2) +5553, #5511, 12,00, 1.8, 1.9
SHIRA f), BT f(15) = —0.125, f(1.6) = +0.296, FrPAX /MR o 1
(1.5,1.6) 1, HI o ¥5HE] 0.1 fA EITME R 1.5.

FEXE (1.5,1.6) 54, ¥4 151, 1.52,..., 1.58,1.59 4351t A
flz), B2 f(1.53) = —0.008423, f(1.54) = +0.03226, FrPAXR o 7E
(1.53,1.54) W, Bl o K5#aZE] 0.01 fAS EVTME A 1.53.

REHF (1.53,1.54) 355y, RS RMZIARE, W f(1.532) =
—0.00010, f(1.533) = +0.00369, iTLA, H o 7E (1.532,1.533) H, EHHEHIE]
0.001 fR EATEMER a ~ 1.532.

WISRAREEXECT 25, HEBAIG . AERE, T DR HAE I EEROK T/
AU

1) 4.15 BEWT R ETAR E AR, RS R SR EAT L, B T 2K
PR, (EORE, WWRER, BHECA AP EEI AL, R
T Ja A 2Pt 1 75k

%:2]
L A e afEE B, FIE 2 2 I SEARTE MR L R S B B [A] -
(a) f(z)=2* — 623 + 52% + 122 — 6
(b) f(x) =23 — 522 + 5z — 3

2. FIALEIL, 0K f(x) = 2® — 8z + 1 7E (0,1) i sEMl, CFEHf
# 0.001)

« SRBE WU S RE

HMELIiE, RIGhAEER, AL OMRITE, weeEs
ISR O EAE L SR ), HEH ] B A 2R — SRS
H. B, XMHEE-EZHKA, WRENT—IHREN — BB T, WhES
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KA IRIE, — DU R AR — AR R e T — I EAT 48 22 T o) B
PAFNFARLFAER X, (e B TS RE N 7.

Bl 4.16 BUFIE 2 I SARTEMR P A S B 7]

1. f(z)=2*—622+10 2. g(r) =82 -8z +1

it

LT ) = (7 - 9+ L, e, R o RIS,
(@) > 0, AT
SiHRL, (o) BT,

2. —FITATRATA—A A 0 KT gla) HOIRS, SEILEH g(0) > 0,
KRRTLINTEF o) A ST 05—, FIRARAR AR o(2)
PR o= 25V M. ORISR (0.1) o
I, SIS 4.2 B
R, U 9(0) > 0, 9(1) > 0 RIS, B (0,1) FRRIA%
W TRAPIA

2\ Y
1 ,,,,,,,,,
1 |
2 1 .
9) ; 1 -
—1E---N
K 4.2

RN TER, HREZRITRNET f(a) 5 f0) FFoi g
f(z) 8 (a,b) PAHFERMFES M, EARLERM.
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WHEHREE B, iz AR Z WA SR, T 2B 8| P ERXE, A
MRATEAFFAIE— RGP EA R Ik, S T R e AR e 5k
MR E LA BT

LT A RI B BRI ZIRGA, FE k20 f(x) Bh
HAR.

XN LA TR an, # LI, W e, KREANZIRE—
T, MRS —NEIURECH 1 R WA, EMEL (SR) R4
fe. P, FATHATEL f(2) = 2" + ana2™ ™'+t arz +ag 2 PRAEMR
PN E2TEW

(—) flz) MRS

APAIERA, f(2) 08— ARIEIHEEA KT f(z) B98I R X
AL Lt FATATE

M =1+ lap_1|+ [an—2| + -+ |ai] + |ao|

fEH flx) RORRE. Bl f(x) ROFTE SCARERZEXE] [—M, M| . X BRI
UEBRT S| X —4518.

Bl 4.17 GHEHE p(r) = 2 — 10z + 2 FIRA.

fig: o M=1+|-10[+2=13
p(x) B HRERE X [—13,13] Z .

(%) g ef g 5

B ERYZ I f (o) MEMTFL S (2), WA degf(x) = degf'(z)+1
1€ f'(2) LR fi(z), IAEHREE, 5

f(@) =q(z)- fi(z) + 7 (2)

Hrt ri(z) =0 8 ri(z) # 0, degri(z) < degfi(z). HEXERA f(z) 2
—REWA, WM fi(z) @FBREZIAE, AREA ri(z) =0, T r(z) A
GTE AL folr) = —ri(e), (FER, XPWH—DH5T0EE).

XA folz) B f1(2), 15 fi(2) = ga(@) fo() + r2(2), FIRE, KA folz) 2
BRZIARS, AH ro(x) =0, B ro(x) £ 0, 18 f3(w) = —ra(z). ANHLARESE
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Tk, EHEI AR IE. B

RHFRD, FEIRLE LMWL f(x) K& f(v) EATHREAME,

AR =K RABE =TI, T AR AR R A R 0 45
R, FrARJE R ERAER fi(2) 302 f(z) 5 f(z) MEmE AR E2HEA]
O f(x) B BRI, BT fo(v) REgRTRE T, Hifnid
M s

f(.TL'), fl(x)7f2(x)v ceey fk(x)a BEE) fs

M I f () BN IR B ¥ 5.
Bl 4.18 XK f(x) = 2® — 10z + 2 R S IR EUFS).

firé
fi(z) = f'(z) = 32% — 10

A fi(@) B f(x), &

r(z) = -£x+2

fo(z) = —ri(2) = 23—056 —-2= 2—; <x — ﬁ))
. 973
T o) B i), i rale) = 00

973
fs=

R, Fﬁké’]&"i S Hb R Y AR

20 3 973
510z —2 21 — - — —
x O0x , 3z 0, 3 T 0/ 100

T AT e S S ek By s, R IE » BOE—BUEm, fi(z) A%, 4
SIS =y il F)TMEE~/\E~ BREG, A IEFE (FERDLAIE
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1) AEWETHEEER. NI T RGBT A L e BUF 51, ATPAE A

f(x) =2° 10z +2

fi(z) =32 - 10

folz) =10z — 3
fz=1

MPHESERA A .
() oA S 538
eSS BIFII, PASEE o U 2, 1538 — R I SLHEE:
f(OJ)vfl(a)?f?(a)a'"afk(a)a"'afs

XA IE. A, WATREAE. ZIPIRERAAT, REEXTNAS, W
WR— RS RHES, BN

+ o+ + - -+ - - 4+ - 4+ - - + (413

WERAEX A, PIASBRFTS AR, BAT X —HE A — 25
B PSSR B, SIMIE A SR (4.13) WA SHGE 6.

WRAEERON P EHE, o, BERESEHEEREZG, BT IHAE
NI BIR A SH. Bl

+ + - 0 + 4+ 0 + - + - - (4.14)
MR SR, w2a
+ + - + + + - + - - (4.15)

SR, RARENNA SR 5.
G — A2 L G MR BUP I, HSEE o A, 1355505

f(a>7f1(a’)7f2(a)a'"7fk(a’)a"'7fs
FTATEX LB T DEEE N W (a).

(P4) S22 A B R JLUIE )
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B 2 (I )

R =M, M ARABA BRI ZI0K f(2) 0Lk 75, Bris s
BOVRAE SR W(=M) 5 W (M), B4, ZH0X f(2) 16 [-M, M]
W W(=M) — W (M) 1~

Bl 4.19 REITX f(z) = 2® — 10z + 2 AYSEARDELAS A HRITAE 7

firg: I 407 A f (o) MARERAE [—13,13] Z 4, ShiBl 4.18 A1 f (@) HY 522540
BREUF S

f(x)=2° -10z+2, fi(z)=32"—-10, folx)=100—8, f3=1

FEARFE [—13,+13] N, BURITRAE S8, 25 E os s

z f@) h@) fle) fi W()
-13 -+ -+ 3
-4 -+ -+ 3
-3+ o+ -+ 2
-2+ o+ -+ 2
-1+ - - 42

o+ - -+ 2

1 - - + o+ 1

2 -+ + o+ 1

3 -+ + o+ 1

4+ o+ + 4+ 0
+13 4+ o+ + 4+ 0

M FHORREIE sk T A B T LA E , 23 f(2) = 2 — 102 + 2 3L W(-13) -
W (13) = 8 ANSEAR s [RHFE A] AFE—2BA53 ), iX = AN 3I7E (—4, -3), (0, 1),
(3,4) =Kz,

PANEAT U Bk UE] s S A e 5. (DA ki)

SN AN A I HES

+ + + 0 + + -

Biep A —42, HAA RS, WRA XM, XAZRA GERE (AR
B T a"tﬂ]?féﬁEHﬂLﬂ‘ fEolAS 4, Bl
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SR BOF S AR, A%, NI
H—IE—, BEAS BB, AT/ B[
s B S H AR S

WEWL: 5 0A o (A fi(2), 15 fu(a) A, W (z —a)|fi(2).

B UIR A frra(z) = 0, B (2 —a) [ fer1(2), Wz —a R fu(z) 5 fera(2)
AR, Bz —a t2 f(z) 5 f'(z) BARK, Hila 2 f(z) WE
R, XEMRETFE. LA firi(a) #0. [[BE fii(a) #0.

K

fk71($) = Qk(l")fk(iv) - fk+1($)

JFLA
fr-1(a) = qx(a) fr.(a) — fry1(a)

BAE fr(a) =0, FroAdbiif
fk—l(a) = —fk+1(-’13)

WARAEIZHALRET, fro1(2), fr(z) FOEAFRERFL, PTEEE fin(x) 5
fr—1(a) BYZEXHMEARSE, (AR5 BRI AT IL— N2 P AT -5 AH]
2.

AN EART ARSI AT B o A fi(x) BRI
A2 fz) BIRRE, SN ISR AT

SR ERIBET XTI 27 o o WEE] b, el 4l
f(@) X fi(z) BE—DH (0B 4.19 2 il =3 $E] -2, sid -1 $mE
0, 2ieh 2 HME] 3), WPTFAMAFSHEALE, FAESMBALL.

KTzl file) AR, EAR f(o) BRI, FROTRIE]:

A vl fi(e) R, B f(o) BRI, SR BT S
(HRBEA SR E, ARSI

WAEB] 4.19 o N =2 B —1 3@ fi(z) B, LR EUT 5 HER)
FF5, A
+ + - +

AR Ay
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AN ENE 2 25 3 BAS A MES 1 BI5 2; (HAS S B2 2.
UEMI: fo(2) 5 fropr (o) AN, & o 2 fi(x) B—H, W fioi (o) #0,
fri1(a) 0. TATZE 2 N a—e 3t o 2R o+ W, ¢ BUSatz
N, AR fe1(x), frgr () BEA —PRLE (e —e,ac+¢e) N, H ) {E E BEX
SR

Jr(a) =0, Bkl fioi(a) 5 fio(a) F%5, HIERTREA T 5 PURMELL :

a—¢€ - - + a—€ — + +
Q - 0 + o - 0 +
a+e - + + a+e - - +

a—¢& + - - a—¢& + + -
«a + 0 - o + 0 -
a+e + + - a+e + - -

WPARE], AEALA—FOLR, S R MU S A SR A S A, L
AR A AL

AN e AR AR SRR AL R AR AT RERS L HERR , AR A —
MATRES AR SANEC v il f(2) BUIR. HILFRATER . o A/NECHE
A, B f(x) B— RS, 2SS RN A ALlE? DA s I X

— .

N

o M/NEIREIEAS AL, SR f(x) B— AR, S i ek BT S E

WA S L —A

UEWT: FRATRAE f(2) B o BIEH—ARIK (o —c,a + ) WHIE f(z) K
fi(@) (B () WJRFAEIT. 2K f(z) = 0, 0 f'() # 0. FATHLHE/N &,
B f/(2) 78 (o —e,a +e) WAFZ A f/(z) > 0 B, f(x) B3, XU f(x)
ARIEs RZ, f() <O B, fz) B8, B f(z) dE2Ed. fEHs03Ram
T
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z f(z) fi(z) Z f(x) fi(z)
a—¢€ — + a—¢ + —

« 0 + « 0 —
a+e + + a+e€ - -

A WAEAEATIFIL R, x WAMBOREEST f(2) M— AR, S22 3ok 507 51 1
HERH S

ZRAVA =A%, S i B RDARILE.

FAMTAERGE K 2 QTR LY S 5 AR5 3R Sk P S0 2 e B P 5t
REE—AMES: KZI f(r) BAEMR. XX AP E A BRATE N A
WA MRATVREIAW R AN B, e S S 407 vk AR 25k
fla) AEATER? WHLE LU, AR f(o) AEAR, REMEH L2884
BE?

FRATIA ] 3 A A 1) A

B, MWBHEDL, XARISE AR MBATR ISR, FOysR L
PR IR I AR S B RN IRIASR f(2) K f' () s A AR
R flz) FEMR, £ ERERPRRSFEL. KAERE, RAEHE KA
B (IRLEH AN B AR f(x) AEER), FRFTCH S SRR A R X
X, ZIAXB B DB IR, Sz A .

7, MENE EYF, ASRAEMR, SEE SR L, A Xt
fo(@) B—MREANT L IZHE0, AnTAE R fo i AR A e,
HR o NMERZAEMR, KA T AMRITEC RS2 0ok BF 21 BOEAE =
NEIRZ f(x) B m EAR o B, ZSERZRD m A, R Ed 14
FAIA S AEEAIIER , DL — B3R,

Bl 4.20 kK2 Ui
f)=2’—2* -2+ 22 +2—-1=(z—1)°(x+1)*
14 52 Tk R BT 4 R AR S AR A R L
fi: Seok f(x) BB IYT ) AR
fi(z) =52* —42® — 62> + 4z + 1= (z — 1)*(z + 1)(5z + 1)
flz)=2" -2 —z+1=(z—1)*(x+1)
fs3(z) =0
WA M =8, s f(@) BIRRAE [-8, +8] . AR S ULAIRANT :
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o flx) filz) falz) W(z)

-8 + 2
-2 -+ -~ 2
0o -  + - 1

+ o+ - 0
+8 o+ o+ - 0

A f(x) £ (—=2,0) H—R. (ke —ER -1) 5 £ (0,2)
R, (SEbre =R 1).

gr BT, FRATTTT A B s A B AT DAAT IS MRk S RS T Y SR
BRI PRI, S e P B R SR R Y AR A e

4>

L dORZWR f(x) = 2 + 32 — 4o + 1 SERA . SR B
AR E.

2. A REMERIEN: n REIK f(2) ERDAKRT n.

= KRB BT T

TEHTTHFATE AR AE 2 P iﬂ%ﬁi&ﬁ%ﬁa;é’]i*ﬁéﬁiﬂlﬁ =
K%, WHERBRK, UNRNTREA AP, sotit i, A
B 2T S TR Z IR

(—) ZHERMPRNRCEE

B S y=o—k WMo =y+k TR

/ 1 (n)
£y = £+ T @y L0 gy LW gy
’ " M) (L
g+ L0, LW 00,
=9(y) =gz —k)

A ogy) W—ME o, Bl y = o if, g(y) = 0. thkd: 2 —k = o i,
9@ —k)=0. Hglx—k)=f(z), Tz =k+aif, f(z)=0 PR
Hog(y) B—RJE, Ik kgt f(o) MR T & rTRAE ks, HeTRAfE
o b2 k+a B TIHE.
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FHRXAASE , AT AME 3R f(a) 7E (a,0) WH)— AR W, ety
“Rog(y) 1 (a—k,b— k) WI—DSEMR" ML @48 b, af AR5
B, KZWA f(r) =2 -3+ 1T WAT (1,2) WIRES, W4y =21,

=N
Jjm

g(y) = —-1+3y° +4°

SUISER gly) € (0,1) WKL KB, SURHSE 9(05), 9(0.6) %, W2 itsy
F15), £(1.6) St

HTHE f(x) SR glx— k), TTOARAEMY AR (Ul ol st e St
i, TG AR ST A

BRI &y = ke, (k£0), Ma=Y F

f(@) = apz™ + ap_12" " + -+ a1x + ag

(g o () ()
1

= (any™ + an—1ky" "+ + ark" 'y 4 agk™)
=gi1(y) = kin -g(y) = king(kl‘)
B8 91(y) 5 gly) AMFEIRIR.

#og(y) M—RE o Wy = o B, gly) = 0. WEtE kz = o B,
g1(ka) = 0, 1 gy (ke) = f(2), Bk @ = T B, f(2) = 0, SEBWIZERh o(y)
H—MRPAG, BRPA kst f(x) B9, BT & FTRAE HESE, sEnT A o
2 T EH T

WﬂhEﬁﬂf@):x?+&?—lfﬂﬁﬁ(mng%y:1MgWq::%,?
=

g(y) = v* + 30y — 1000
HHRZHG—HULE (0, 10). S TSRECAHE, FTRAHEE 9(5), 9(6), .. 4, ik g(y) 19
RERKT 1 RIEOUEIG, BOA 10 BV f(o) MIRERKT 0.1 H3EH)
M K2 £(0.5), F(0.6)..... %, TDUBEG/ M) 30,

FBHAT, TR K f(@) 16 (o,b) I PIEH, Fh K
9(y) A5 (Ka, kb) I A-SEHE. SEA R &, IiREAT DAL 52,

() ZIuiik

TELA EPIRAS IR ], B R A B, FRAT3) 2 B SR
RIS ILER T IA.
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Bl 4.21 KL flz) = 2% — 3+ 1 78 (1,2) B ME, BoRIEERK
F- 1078,

ff: B Sy=a—-1, 3% 2 =10y, 1§ 2 L 23 + 3022 — 1000.

BT ETREARTE, SCFARRZRATE, TAMIH « 1R85, HEl
ERESRIE fi(2) 18 (1,2) BRI/ INEURE S — AT

ie fi(z) = 2® + 30x — 1000, AN f1(0) < 0, fi(5) = =125 < 0,
f1(6) = 4296 > 0, f1(10) > 0. FrPA fi(z) BOMRAE (5,6) W, B f(x) HRAE
(1.5,1.6) H.

B AR file) T, iy =25, 2 =10y, G z WEZI)E, 04 2
HAHL, 5

fo(x) = 2 + 4502 4 37500z — 125000

f2(x) WARTE (0,10) o1, BT 25 HLAEXHME L2 HABK T Z M2, o Tt
BN, X f(2) RHIEBCH T EEYE T IEWI, Fmfht « 78 (3,4) 1, &
SR f2(3) <0, fo(4) > 0. FrPA fo(x) WURR (3,4) W, B f(z) ARYMRAE
(1.53,1.54) .

B A folz) Py =2 -3, 2 = 10y IE W = WEIAX, 15

f3(z) = 2* + 45902% + 4022700z — 8423000

HRJEIUETT, ARAE (2,3) F, WBEEREA f3(2) <0, f3(3) > 0, FrPA
fs(x) BIRRAE (2,3) o, B f(z) BIMR—ELE (1.532,1.533) H.
B AR f(2) T, y =2 -2, 2 =10y, E ¢ WZIK, 15

fi(x) = 2 + 4596022 + 4041032002 — 359236000

PAE , AIPIE VR TSN T, AT PA— R 2 BB R =080, R
JE AR SR, AR BT AR — A — ROl R T, SRR B R, 74
x = 0.889, IS f(x) MIARTE (1.532888, 1.532889) Ht, {5 2 ~ 1.532889,
P2/ NF 1078,
R BRIrE 2o IEAR S AR AR EREE ], (HR i By, H e
PR BEPE O TS IEAR R L8 A, FRATATARI SR — M, & k= —1, 5t
TR AARBCE R ER T, Bk f(r) =2® =3+ 176 (=2,-1) ¥
MR, TR g(y) = v° — 3y — L7E (1,2) BR, SKRLGECERF SRR f(2) 15
(=2, —1) MIR.

TE B 28 X A A R B L X HE R 2 50, R RASEHE Ho ]
W5, AR JLOIEE, SREM n x 10, n x 100, BEFFUGIRIE. 24 BBl
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AR BUERRO, 12 B PR, AR TR R A — IS s KRBT
WLASNK A e 2, AT ARA LA, #% 38 Eak T iR

Bl 4.22 it 20 f(x) = 23 + 2% — 107 WIERA JLA S

fi: AR 2® — 107 = 0 Al E B HIERZ LA NS — . HIH
z = 100, z = 200, = = 300,... ik, 15 £(200) = —1960000, f(300) =
+17090000. FHTA—AMRAE (200,300) Hr, BIRIEARA 3 7350

Frita ZRIXAMARIEAME , F AR ¥, SEmi2 200, (HALE 10, 15 fi(x)
PIARTE (0,100) v, SRJGPA n x 10 5. PAUGFHBEX D n x 10, 15 fo(x), B
FIARAE (0,10) 1, XFERESBI 4.21 AHIERT.

|

L BHIE f(x) = 2 — ba? + 92 — 11 7£ (3,4) AL, IHk—2
W g(y), B g(y) R MREET f(z) BIREZ 3.

2. R IUEHIER T 22 A i 52 DX 8] A Y SEAR AR I DM -

(a) f(z) =2 +42® + 62— 2, 7€ (0,1) IN; (ERMEHHH] 0.1);
(b) f(z) =2 — 522 + 92 — 11, 7F (3,4) W CKEHIF] 0.0001);
(¢) flz)=a®+52%+62+9, 7E (—5,—4) W CKE#IE] 0.01).

2] 4.4
1. EREREZHR f(x) = 22° — 2% — 92 4+ 1 ZEXA] (=2, —1) sl
e CRSH%) 0.01).
2. KA Z AR AR B SO -
(a) f(z) =2 — 622 + 5z + 13
(b) f(z) = a* — 42° — 522 + 18z + 20
3. KA Z WA AR B S
(a) f(z) =42 — 2z — 5
(b) f(x) =" +1

4. MFERILERITE, SR P ZTAAER E KA SeARAYILME. OR§# %] 0.001)
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(a) f(z)=a®+ 22 —20, 7€ (2,3) o;
(b) f(z) = 2® + x* — 2500, FEIEEGLFE Y.
5. ZEIHITE, Sk VT WMl OieE) 1074).

PO v IR
BITDLY, AV RG] T2 WA SRR, 55hr b, WRRgH
23] — U RRR AR . FRATIE RGeS T At R SRR gk,
e R AR AR AR AR T, EAEARA e - IHITRIFR IR,
TEAAT, OISR A EABM, L TR oo R R S L
— RIS T IR IR
e R WA S R, S o o e, H— g2
az® + 2bzy + cy® + 2dx +2ey + f =0 (4.16)
Ha,b,c NN doe, fNERSEG ©,y 0T
JUHG T RE (4.16) B9 FFEON (2, ), FRIEOT AR (4.16) B9— M.

TOCTRTRR SRR, WA SR DA, A M, TOARICR &
fi#, fFim:

o 227 +y* =0, HAE—AME (0,0);
o I a® +2y% + 1 =0, BRI SEUR
o JifE 2?4+ 2y° — 4 =0, A TREZAE.

B — P IC— IR R —A o0 IR R ) R DA R A 0 K
HRRAR R, WP Zoe RO . R, oo IR R — RO
A PFPIEE :

0 ax? + 2bzy + cy? + 2dx + 2ey + f =0
mr+ny+£=0

(IT) a2 + 2byxy + cry® + 2dix + 261y + f1 =0
agx? + 2byxy + oy + 2dox + 20y + fo =0
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WA TR A S, SR XAy B2 1.
322 — 1lzy + 692 =0
Fian, KA I (z,y) = (0,0).
522 +y2 =0
K O AR T RS AR ORI R O AR
i oo O R B A AR YA, AR TT BRI,
KA &2 ST EA - Tk, AT, A= THTES%,
Horh S AR A2 I Te .
& B UOER TR, ok, Wk, ~A=30%, #
JoEA, b E R A2 B A T

%>
BHIEIHIC, RIERASERE, JRIHCHRINE, il Redl

22—y =aq
x+y=>

FHAHEARIIT L.

T LRI (1) Wik

% (1) KA oo R, R H N R4 e
W RETA B AR, KRR AR 2 — il o] DUH A AR KA. (HARYE
R AR A TT ARG B H e k.

il 4.23 fRTTEH

br —2y =17 (4.17)
{ﬁ +y* =25 (4.18)

fitt: H (4.17) 15
Y= %(595 ~7) (4.19)

A (4.18), #5158 2922 — 702 — 15 = 0, fifiH

17
29

.%'1:3, To =

fUA (4.19) 5
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AT R AL I AN
(@) = {69, <_;g_1£4941>}

W] 4.23, FATA] DA AT — R o -
b R
{ ax? 4 2bxy + cy® + 2dx +2ey + f =0 (4.20)
mx+ny+{=0 (4.21)

A PAXAERE, 7 n £ 0, i (4.21) Rl
Y= %(—mx -0 (4.22)
A (4.20) FEATAIH 25 v MAS-3 @ B—JC 07 RR, oK o J5, FUA (4.22),
MR AR .
#om#0, i (4.21) figh
x = %(—K —ny) (4.23)
A (4.20) WATPAIHZ = TAG3] y —Ic O tR, Kl v J&, FUA (4.23),
MR AR Y .
XARE R AT, BRI A R E AT .

il 4.24 fRHTEH

Bx—2y—5)(z—y+1)=0 (4.24)

{ r+y="7 (4.25)

Srbr s XATTRRAIN] AR B 4.23 —REACAEORAR, (H TH AR (4.24)

HATR R TR 2R s R — R AR, i AT 0. I, i
TR AT AYCE A R A oo — IR AR

3z —2y—5=0 (4.26) r—y+1=0 (4.28)

{x+y—7=0 (4.27) {x+y—7=0 (4.29)

AR (4.26), (4.27) HMH T RELIfE I b (4.28), (4.29) AR T FE4
PIRREERREE L Y (4.24), (4.25) AR R4 R, (4.24), (4.25) WIfg 2/ DhE
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WL (4.26), (4.27) Jz (4.28), (4.29) Hi—ANrREdL, BrRA, KB435 i
4 (4.26), (4.27) 55 (4.28), (4.29) FEATDLT .
firt: KRR BUE BN AR RIS R

3r—2y—5=0 r—y+1=0
K
r+y—7=0

x 19 3
—_ — xTr =
156 {
FUA, IR R A

(@ ={(F-2).c0f

— e, R
(a1 + b1y + c1)(asx + boy + ¢c2) =0
mz+ny+£=0
Al DABRAL A TIAS —e— IR O R

mr+ny+£=0

a1x+b1y+0120 'ﬁ a2x+b2y+02:O
mr+ny+£¢=0

BN

=15

M425%ﬁ&ﬁ{$+y
zy = 56

R XA REA R AR ARAGESR AL, B0 DAY SR E 8, PA z,y A
R, Je—A—Jc R FRE, FRKRAR.
fid: HEFHRERTH, R 2,y FHE— D0 RO, Wk E
PRAIF X — I IR RN

22— 152 +56 =0
fRIX R, 15 21 =7, 20=28, AR RHRIMREN:

{(z,9)} ={(7,8), (8,7)}
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rt+y=a

— e, ﬁ%%éﬂ{ I, ATDARSL— A —IC RO

zy =b

2 —az+b=0
MR 21 = o, 20 = B, MIMSH T ARAREE:
{(z,9)} ={(a, 8), (B,0)}

LR 4.23—4.25 —fRZ58 , FRATIET] AZA X A28 AL AR LAY LA
XA

—RARFIREL, RN R, Ik, XA R —
AN, RFREL S &R .

AR, HES RIS A WA, WITREE AN E AR, Wl
REVEA A2 5. AH HB R 2R i — e ik AR I 2 A AN, BT RE
P AH I, o R REVSE A il

4:>]
R N AR
y? =4z + 4 LR
1. 3. roy
Jr—y=1 zy = -5
) (z+y+D(x+y—3)=p A 20+ 3y =1
. r—y=-1 . 6xy =1

= OC IR (IT) mhfiik

5% (1) KRB — 0 R REALIR 2 WA — e RO REALS R FE 4
XAPREB AR R LR R sy, A HARAGE, BB R, X HEIK
TR PF—2eg ik i R s, S 2Rk, JHIC.

(=) WrEefenss (I0) Ry Ji gl

Bl 4.26 fEJr Rl
{x2 +y? =20 (4.30)
z? —5xy+ 64> =0 (4.31)
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srbe:s XATTREARR RS KA — AR (4.31) I n] AN P —
WA, T 0. L, TR (4.31) Ly~ —oo— RO, M
1M J5 7 AR AL T AR AN ES (1) 2 — o0 ik iR Al

fie: th (4.31) 13 (2 —2y)(z —3y) =0, A

-2 =0 B z-3y=0
Pt T B2 TR DA PN 7 R4 -
{x2+y2—20 {x2+y2—20
r—2y=0 T3y =0
XA R, RIAS3) 5 B R R -
(@ ={(42), (-4-2), (3v2.v2), (-3v2,—v2)}

R P
Bl 4.27 )RRl { o
202 — 3xy — 29> + 22 +6y —4=0
BT XAHRRARNEE S E . IR AR DA iR — I AR, A
ERET 0. B, S5 R RT AR A A — o — R Oy RR A K i
fit: RITEE RBOE S AIGPIA RRAn TR g, TS

{(x+y1)(a:y+1)20 (4.32)
2r+y—2)(z—2y+2)=0 (4.33)
JE R4 AT AT P A2y RE 4 -

r+y—1=0 z+y—1=0

20 +y—2=0 z—2y+2=0

r—y+1=0 r—y+1=0

20 +y—2=0 z—2y+2=0

XL TR, RIS 07 AR R R R -
(@ = {00 . (5.3). 0.0



220 $mFE MKk

Bl 4.28 fE R
{$2+5xy2$+3y+1:0 (4.34)
322 4+ 152y — Tz +8y+4=0 (4.35)
ST XN REH R SE T DR, IR IR RO LG, XA, FRATT
A PAiE O RS, TR RGN0 RO R, RGN
5% (1) KRB FELIK SR,
fid: H (4.35) — (4.34) x 3, 15
—r—y+1=0 (4.36)
R AN (4.34), (4.36) k) (8% (4.35), (4.36)) 25 (I) A5 FEH

22 +5xy —2x+3y+1=0
—r—y+1=0

ARAIE AT DAf#
Ty = 1 To = -1
11 =0 Yo =2
FUA, R AR RS
{(x,y)} = {(170)7 (_172)}

TERE: MR (4.35), (4.36) 4L fedl, WIARFFEEER, (HALZ T, A%
o,
Bl 4.29 fEJTREAL

{2x2+xy+:v—3y+3—0 (4.37)

3zy+1y>—22+6y—6=0 (4.38)

s X RRAMRE R IR BANRE R, (HIX A R
JERITRBOZ MBI, B, FATAT DA R AR e, T AR IR TS
F—Ae USRI, X — R A — o v AR Y. A
AT AR REEHAL R 5 () ZRBUK AR
fif: H (4.37) x 2+ (4.38), 15 42% + Sxy +y? = 0, HJi:

(dz+y)(z+y) =0 (4.39)
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R, RO RN (4.37), (4.39) Fralsiy mfidl, (8% (4.38),
(4.39) FRUURIY T RELL) THEBI 4.24 B4 BTRITT AL DA AN 7 R4 R A

202 + 2y +x—3y+3=0 202 + a2y +x—3y+3=0
dr+y=20 r+y=0
pawill) i
- 13—!—\/19 \/19
1=
{Z/B—l { Ys =3

FOA, R A
{<x,y>}:{<13+m—1a—m,( ~ V193 13+¢@>,

(=1,1), (=3 }

Zierll 4.26—4.29 TR ARG - 0 — S8 A —E A (AnH b — 50
IR — ] RN, 55— 05 TSI AR I — IR RS B 5
D7 REAR R AR R I AR OR L BI) A9 (D) 224 o0 Oy RRdl, FRATAT AR
Mo N BT AR AR AE T I5, PRARTTARRRIREL, Hefeonst (1) 26800574l
SRA.

%>

x? +2xy+y +2z+2y—3=0
—y*+r—y+1=0

(x—2y)*—1=0
Bx—2y+1)2z+y—3)=0

>+’ +3r+4y—9=0

{x by Tr 42y —11=0
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1, 2
2 — —a%— 2 =0

zy—3y+1=0
4_{
3 3

92?2 — 122y + 49> =9

5 {:ry+2my+y2:25

(=) WISt & —oC iR il
Bl 4.30 fiE R
{ZmQ—xy+y2—3y+2:O (4.40)
622 —3zy —y* —y+6=0 (4.41)
s X RRARE AU PRI ZS N RE A R 2, R E R
FECER IO % fgﬁﬁjl GAFE—NIT e By Eﬁ*ﬁfhﬁiﬁﬁﬁlmﬁiwmﬂﬁ Zl-‘
P a PG - 6= 3 - T, FATRT AR R A S R —

ﬂéAémﬁﬁ,Mﬁﬁﬁﬁ@WT%ﬁ*ﬁ% mﬁﬁ%ﬁﬁ@k%
fift: H (4.41) — (4.40) x 3, 5% —4y? + 8y = 0, HJi:

dy(ly—2) =0 (4.42)

KR, TR EE A (4.40), (4.42) AUEh (4.41), (4.42) AIT7
FREDRAR. FRRZB] 4.26 14001, R4

{zﬁ—my+ﬁ—3y+2—o {zﬁ—xy+f_3y+2_o
y=0 y—2=0
e EAWNGSIIp
Ty = 2y =1
{ Y =2 { Yo =2
T A7 R 2L A

{(x,y)} = {(072)7 (172)}
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%>

TR
. {—2xy—|—y2—|—a7+y—|—3—0

doy — 6y —22+y+4=0

) 202 +3xy +y* +3x+4y—1=0
22 4+ 6y + 2y +22+8y—3=0

(=) W oC Ik JiRdl
Bl 4.31 fETREAH
{x2—2xy+y2+3x+3y—2—0 (4.43)
2% — 20y +2y° —2x — 2y +15=0 (4.44)
ST XA R RS FEPIA R o, y FALE HR, R, X
FpO AR FATMER X R R, XA FR2H — ] s T Iy, & o4y = s,
z-y=t, FHBRHABA R KT s, ¢ WFEH, M st FaEmfgE o,y

itk %
{ = (4.45)
Ty =1
AR, 15
2 —4t+35—2=0 (4.46)
{252—6t—2f+1520 (4.47)

RO 4.30 —HE, 1E (4.46), (4.47) HIHE ¢, H (4.46) x 3 — (4.47) x 2 15
—5%+ 135 —36 =0, H:
(s—4)(s—9)=0
PRl A
2 —4t+35—2=0 $2—4t+35s—2=0
5s—4=0

fiRf
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e EIRPIEAE (4.45) H, 45
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13 53
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T 7 RE AR TC SR

JTRA, TR RR2H To S AR

ZEA AL RIRETIE , FRATFEARETT DAZS HaxX RS RELH AR 1Y) J LAl 2 S
T

55 (1) 2800 76 OTBAUIE, BRI BRI % K

PR IR i 2 A UAS, MATREAPIAS, B A REBCA A . R
Ho, 55 (D) KR e RO R AR, WRTRER Mg, T RERA

fift.
filE N BT REE
1.{\/54“/@:@ (a>0,b>0)
r-y==»b

5 rz+y=12
ve+2+Jy—1=5

5 >+ y?+2(x+y)=3(xy+1)
22 +y?) —azy=6(z +y) — 4

4.5

WY
[

L @A REA

zy+36 =0 r—y=
(a) (b)
r+y=>5 2 +y* =85
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2?2 —y? -3z +2y =10 r+1+/y—1=5
(c) (f) X
T

r+y="17 +y=13
4 25
(@ (z=2+(y+3)*=9 () 52+5y2:25
Yy
Yy 2z
2_ gy = 242 =3
@){“ W <m{w v
20 -3y =5 2x+3y=4
2=4
2. @Mnﬁﬁﬁﬁﬁ,ﬁﬁﬁ{y 2x WA S SRR 5k
y=2r+m
MR
—|— =
Gﬂﬁﬁz%ﬁT,%T%y%ﬁﬁﬁ{m a)“ SR WA
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SRR
3. R :
) 2’ +y’ =5 © =y + (@ -y -6=0
y? = 4a 2?42y +y* —25=0
(b) z? 4+ y* =101 @) P?ray+y =7
xy = —10 622 — bxy +y> =0

2% — bry + 612 =0
e
(z-4y-1)+(@@-3)y—-2)=0
; {2x2+27xy+6y2—6x—21y—14—0

222 — 9xy — 3y?> — 62 + 6y +4 =0

4. fRJsRe4l:

) (-2 +(y—1)°>=25 (b) (z+3)+y* =9
20x —2)2 =3(y—1)*=5 9(x —2)% + 4y? = 36
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© e +y* =8 0 (z+y+1)0°+(@@+y)?*=25
C
(x+1)2=(y—1)? 22 —y? =38
@ 22 —xy — 2y +y =0 ( 222 — dzy 4 3y = 36
z? —xy —2y* — 3z +6y =0 3x? — 4y + 2y? = 36
2y =r+y+20 4% + 9y% = 10
(e) rony (h) v
xy+10 =2(x + y) 2zy =1

5. R RAITIARAL:

(a) 202 —xy —y? + 3+ 2y =3
a
22 -32+2=0

22 — 152y — 3y> + 22+ 9y — 98 =0
Sry +y*—3y+21=0

zy+2x+2y—5=10

N |

v @>{¢j+vﬁ

yz =6 z+y=10

{x +y?+ 32y —4dr —4y+3=0

Tz =2
¢ 522 — 6zy + 5y? = 29
Tx? — 8xy + Ty* = 43
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— REEENERIHE L AN TR, & o W f(o) =0, I o 1
LT f(x) IR, LR f(x) MREE R f(z) = 0 HHH
=L ST f(z) SRR, WU f(z) = 0. MTFEE TR f(a): —
W TR IR, R ST RIRA T (WA ), T T A L —
TELTA AT RILAT CRAFLEREAR).
3\ﬁﬁ%ﬁ%ﬁﬁﬂm%ﬁﬁ@ﬁgwn@:1W%%ﬁp%%%ﬁ
BOT ao, q BRI ETURRL a,. 455, # f(z) AR o, W ofa.
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B, SRATEREETN f(o) ATARAT, BRI AR an 5 a0 9
B, BRSO an BOBIECA R, DA ao BOBIECH A A0 4 FRIVAT 3t O B
O FFRAT B R HO T 4 s B 55 ARV B b, Wik
AR, R, ARSI AR, TS a0 HPFAT IR
W, BT,

M. TR fla) = 0, gla) = 0 HYEL o) M F() 5 g() B4
i

BATR f(x) 5 ox) B AR IS LRI AR KL
SO, MR USRI A B RRE TR . T DR A
TRHR, TEEAMEAS STt E R, LR, SRR, SRR
A

oo W o W F() = (2 — a)" - q(x), B g() £ 0. B4, o B
F(o) #m A

o B fla) B TRERERIR o X f), f(z) B

¥ (F(@), f(2) B8 (@ — o)™t R, W o JE Fo) i) m TR, 1
(@) B m— 1

AL f(2), WREHER, W4, (F@),f(2) BEEERE
ﬁﬁ,ﬂﬁﬁ%%ﬁﬁ.ﬁﬁ.Uﬁﬁﬁww—wwﬂﬁ%*ﬁﬁﬁﬁﬁmzﬁ
X, T o(e) 5 f(z) HHFRIR

. SRBC TR, R A B (U . SRR U
B T R R, R — b L T
S

1. HhERA
20X f(z) = 2" a1zt + - 4 gz + ao WIFEIRTE [—M, M] 2+,
M =1+ |ap_1|+ -+ |a1| + |aol;

2. HERRAEL, HRIKENL

VIS IR BT A SRS W (= M), W (M), Hh 52 i S 5 - 1
AERPZIE f(2) £ [-M, M] B (W(=M) - W(M)) PR, If
AR SARBR EAE — N E Y X 8] A

3. IR — SR M

sHZIERE, FIDATHRIAE (a,b) HRYSERAVTEEAGI LRI OUE. 1E
HART SRR, R TR e, Ty fERIfEL T
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£ TR AR, BB (1) REUZEG, EReR L2
KA TCE; 5 (I1) AL, FATBONE T — L B BRI T FEAL Y A
%, M Egie:
L AT (T) ZEBORARTTARAL, HEFAL RO R A0 g THE
TRI, HEIETRI. EaE, BZREEIK
2. B U AR AR AL, HERAL BRI A R A SRR
AT SRRl H IC.
3. Al GRS Fe B FR T R4

ET BB R "o TR TR, WSRO HAT DA B A
HRREAE, BAVATINE. PUG W LASE T UL fg k.

52>
L SRS 23 A AR -
(a) o® — 2% — 8z + 12 (d) 2° + 423 + 822 + 32
(b) 2% —112% + 18z — 8 (e) z* —a*+2z -1
(c) z* — 723 — Tx? + 43z + 42 (f) 4zt — 92 + 62 — 1

2 WREHR [(x) = aa® +bo+ ¢ I o, Kl 65 = 2ac
3. HN N AR ER, A, KB HER.

(a) xt — 2422 + 64z — 48

(b) o — 5zt + T3 — 22% + 42 — 8

(c) o* +42% — 42 -3

2 n
4. EH: f(x):1+%+%+--~+%7§zﬁﬁ$ﬁ.

5. 3K f(x)=at+ 2% - 20 —4 5 g(z) = 2* — 23 + 22 — 4 HAK.
6. KREWX 2° + pr + ¢ HEMRAYFAT.

(a) # a HEHL, H |a| # 2, E: 2 f(2) = 2 +ax + 1 LAHAH
R.
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17.

18.
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(b) # a,b,c HRTEL, U] f(2) = az® + ba + ¢ PABHAR.

- a# 0, RKIEZWA f(2) = 2" — o PHER.

B f(x) = 22* — 823 + 1922 — 122 + 24 G M HE g(z) = 2* —

22° + 32% — 22 + 2 WPIAREY 2 £, SRIXIR.

RETAK p(r) = 2° + 220° — 5o — 7 WIERAEOME, HRZE/NT 1075
3K 98 11 5 O, fRZE/INT 1070 (Fui/pRH DUk Ak an T
HIECT).

REWK f(x) =2 +2? + 2 — 10" WIERAGEPUME, RN 1.

B 2° — 243 HIPA - 3 AT BT, $f 2° + 2 + 1 HRA 2+ 18
T Z i

I P IRMEE BE, 5 T 9145 2 R SEARTE P LE TR SRR S 1]
(a) 2t — 223 — 2% + 62 + 2

(b) 23+ a2 -2z +1

(c) ' — 8z + 142* + 42 — 6

FERER f(2) = 2° — 2% — 0+ 3 FEM 0, 6,7, WK TFHIHER
(-

(a) a® + 3%+~

(

() (@+1)(B+1)(y+1)
(d) @?(B+7) + B a+7) +7*(a+5)

W Z A — i A, i f(z) = 2® — 62% 4+ 50 4+ 7 BN g(y)
Ja, 9(y) oy MERECHE.

W Z2 WX —Fioc T, i f(2) = apa” +ap12" - tarz +
ao (a,# 0) 2R g(y) Ja, gly) H vy~ MRECNZE.

fR T REA

)

b) o’ 4 5%+~
)
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2 —zy+y? =48 2% —xy =12
(a) Y (@ ’
r—y—8=0 ry — 2y =1
1 1 1
) ) PR
(b) -+ 3zy+y =1 (e) 11T 1
3x2 + oy +3y2 =13 Yy oxy b2
(0 ot 4yt =97
224yt 44 —-2y+3=0 T+y=5

2 4 day P+ 10y ~9=0 (g) 2Aa—y)+oy = Say—(a—y) = T
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Bl 5.1 fEHAKEL, JEBE 3 BER, ¥ 3 Brok 1, ¥ 3 ok 2 RS, 20 dil
1/ NERHES S .

R W3 EIBAE: 3,3%2,3%3,3x4,...,3n,3(n+1),...
W3 B L8 3+1,3x2+1,3%x34+1,3x4+1,...,3n+1,3(n+1)+1
B3 BEA 2 %k 342,3%x242,3%x3+42,3x442,...,3n+2,3(n+1)+2,...

Bl 5.2 FEAFEL, —WRTELFEEG, SR DIAZ /DR T, Rk
T R IEFER - X T H AR —XH T, I B Fed
PN H UG SRR A AT e IR Ty, FE45 H 0y BUZS B S 10 $icn & e
TN

n|l 2 3 4 5 6 v & 9 10 11 12
u, |2 3 5 8 13 21 34 55 89 144 233 377

wen REAM, v, REZHNRTIE EH—-DHE, H—XRTET
—RIEA, I w =2, FEX WX, RS RREAE T A X
T A up = 3, PG H IR T EMEER 7 E— AR T BXES,
B T REREAE XA A AR IR AR S X, BV RT— AN T A ST SO
BEPASG 25 H B S 1 BT AR 245X

Uy = Up_1 + Up_o, (2<n<12)
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W58 W0 - MEWE] 1o, 1o o IR AT DU AR B B
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0.1, 0.14, 0.142, 0.1428, 0.14285, . ..
m;m@mﬁﬁ%mﬁ%ﬁMﬁﬁ&mﬁm%

0.2, 0.15, 0.143, 0.1429, 0.14286, ...

BIRA:
1
0.1 <014 < 0.142 < 0.1428 < 0.14285 < - <
< .. < 0.14286 < 0.1429 < 0.143 < 0.15 < 0.2
HH.
11 L1
Un =71 = 1007 T

BAEFA TR AZ RS R A7 U

—HRIRHSIEL a1, a2, .. ., an, ... IYHELS.

BN R, WEEEIEE, H e, TR, B-BRACETFE 0 EGZ
W iR, EEELE o WA A, BW Pk BSOS {an, n =
1,2,3,...} T, KEBEN {a.).

S, BOVRXT R B AR n $55E I a,, JFHZ, BOE AR
LAGDPEE
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i — AR n FRBONALE I a, 243K, XA MRS il
WAK. BIAFER] 5.1, BB E A0 52

ap=3n, b,=3n+1, ¢,=3n+2 (n=1,2,3,...)

- BN BT IR RERS FIAEE IR & DR ARk, XAFRIE,

GBI RE. BIanGl 5.2 B, RPIRIGRE uw =2, up = 3 Hl—
AT RES -

Uy = Up_1 + Up_2, (n=3,4,5,...,12)

- ABSERE SR TN a, B, FRAEBEERIE, ) 5.3 &
.
B e dee X

(—) AHBHIRICTS BB

ARG AT B, TEART R RS I T3 Bea. il 5.2 #9%L

YRATES, B 5.1, Bl 5.3 MEGIEILIT D).

(72) SiRBHIAE S 5]

B {an} T, WA

¢ npr 2 an, (n=1,2,3,4,.. 0, ), IRAKS A I

o W apir >an, (n=1,2,3,4,...,n,...), ILEHMHEERIT;
o MR anp=an, (n=1,2,3,4,...,n,...), IALIIHHE LS
o WK any <an, (n=1,2,3,4,...n,...), IRALIIIHAENG;
o WE api1 <an, (m=1,2,3,4,...,n,...), LK ERHK.

AL TR GERR o S 8.
B {an} HWHT, AR EA BT T RE I, SOEA BN A

TS, TR 2K AR B 4.

Bt AN RS e Bl )
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n e R

1
n

n+1’

o B {(=1)"n}: —1,2,-3.4,. ..

(22) BRI B
BRI A BRI IR, TeTFROVA—EH IR, Tes5 8

Aoy AT S AN TS

LA — IR EHEAR NT I — 108, B Ja,| < M, (M > 0) %Y
AT AT X A AE R B B S 8.

B, 51 (-1} A n 4 (~1)"n) ABRIEAH
w1 {0 (1 2) ) aon, oy

1
=14+-<2, (n=1,2,3,4,..)
n

lan| = ‘(—1)“1 (1 + %)

HROVE, HEH a, <M CER), WFRESIHT B M.

Hiie 1
AR R A

HEONER, I an > M GERL), WFRESIAE FI M.

EBIA T FRO A .

A 5B A FHU.
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L HARBCER A B/ N RO, HORE BRI ET 10 AL

2. 435 H

3. 15 RIS el A 5K

B2 3R d /N ECHE 3 R R A A ).

(a) 12, 22, 3%, 42, ... (f)1,1-2,1-2-3,1-2-3-4, ...
11 11 1
(b) 17 a9 o gy e
2’2 33 1 (@) -1, 1, -1, 1, —1,
@)§% 5 6
2'3° 475" my1, -+ L L1
(@) L3 35 507 79 Ty 3 T B
2.4 4.6’ 6-8 8-10°
() 1020 30 40 0 ! 11 1
e) —, —, —, —, .
379 27 81 Y12 734 5.6 7.8

4. MR FARESIRET A, HHERHE 10 T

a, =cosnm, (n=1,2,3,...)

(a)
(b) a, = 2H D"

=1,2,3,...
L (=123,
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R
© fm =3
L

5. R A B AGE —, FF BREI A R k.

6. FH i a2
5+3\/5<1+\/5>” 5— 3\f< f)"
2 b)

(n=1,2,3,...)

(a) K f(1), £(2);
(b) KIE f(n) = f(n—1) + f(n—2).

7. JWT RIS BEN SRR R BT 5 I

(a) a,=1-2n, (n=1,2,3,...,10);

(b) an:znn+1’ (n=1,2,3,...);
(¢) a, = (_1in2n, (n=1,2,...,5);
B (_1)n+1n B .
(d) a, = TR (n=1,2,3,...);
(e) V2 WyMERRE] 1, 0.1, 0.01, ... AL RME.
(f) an:#, (n=1,2,3,...);
1
® o= (27) =125
(h) an:2”2n_3, (n=1,2,3,...);
Q) an:_%;_?’, (n=1,2,3,...);
() an = tan% (n=1,2,3,...)

8. B EI A2
a, =2n>-3, (n=1,2,3,...)

SREBIRS 5 i, NI =M 84788, 32352 il 72197 Hr, WRAMEUREK
ST, ALY
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WER—AEEN, W IR, T2 B BB — T A 225055 T
[fl— AR, IR2X RSN TR, XA E RSS2 A%,
F5 d FoR. SFZERNE I A A2

ap, = a1 + (n—1)d, (n=1,2,3,...)

ERHT n TORMARZ

_ nlay +ay)
Sp = —
57
(n—1)

d

n
S, = nay + 5

FATEAES —Mram th_ERORANAAHE TSI AR, BSOS B A3
Tk, BT AKX TRMAX I G THANG: ai, d, 0, an F1S,. W0
ML T H A = AR, IR RPN GRS T e AR k.

Bl 5.4 FEHGEH AP S A4.5) F1 B(12.5), 2EHAH4E A P26 R] FE Y A, oK
XL AR AR

fik: A2 AFN B PR IRHE A DA SR B B UG, 3N U I A AR i 55 22
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a1 =45, ag=12.5, n==6
125 =45+ (6 —1)d, fi#15: d=1.6.
FEsR A B AR A3 Bl 6.1, 7.7, 9.3, 10.9.
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(3 ZE P I

{31
oa,b,c ZABUNEERD, WAEEH T
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2
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FE L, HEH

b—a=c—b
B, 15
2b=a+c
Hp
b:a—l—c
2

Bl 5.5 FEHIHA 48 MRAFT, MEHHL 1000 KOG —RAEFT, UG
BERE 15 KRR, BERG AR A G s =R, ik
WAL S5 BT/ EATIZ DR Y

firt: IREFISHAT 48 + 3 = 16 KA RESEINAT S5, FTPA, n=16. & a, N n
YAz AT R ] S AT T B R B A, R {an} RSFZEED, HA

al = 2060, d =90, n =16

PRI -
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2

=16 x 2060 +

d
16 x 15
X

S, = naj +

90

= 43760(K) = 43.76(A 1)

B REFATH 43.76 AL, A RESERAT S

WER—AEEN, W IR, A —IFONI R — 5 RS — A, IR
2, XK MMEFLRB. XA RO LS A b, @R R g %
e WEZ, FHBPIRIRERIAXR an = qa,,  (n=1,2,...) BEGI.

B, Mg >0 0, FHESRRIRR. g > 1, FHEGZEHE;
0<gq<l, FHEIZEBL; #7 q=1, FHEIEHFLI.

Mg <0 W, FHEZEEN
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n WAIAZ
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=

angq — a1

S, =
qg—1




0 ) KA 239

#Faq<l, FXMEH

ay — anq
1—q
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B, Fq=1,0 S, =na;.
¥ a, = a1 MAKALARXF, 155

a(q" —1)

S, =
q—1

TR, FEHARA N, BEAGER BB, i d A B 5 T
LIRS b .

fliig
i a, b c ZAFUREEHES], MAEHHIT b = £y/ac, (b = ac).

FL b, HOEH

PIt: b2 = ac, BiF b= +ac.
Bl 5.6 Fr 81 F1 1 Z[A], #HAZASLE, BN HAEULSE D).
fiit: 7E 81 AL ZMA), EA=DEUE, 1 wiCr S GRS 5 I, Hit
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1
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FBEEBRL, RAVIFE D a FaB) {a:} RS —LLI KA.
OH§ AT T IOTLRRINS S, 78 S AR L T R A B sk A I
G, FF S EAF sigma. 40

Zai:a1+02+"'+an
i=1

n
g a; = Q + Qg1+ -+ ap
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FAPRHF BRI 2T, B kAR 0,12,k — 1 AL S AR AR
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XH C RARERFHLIA T
FRN T C "I (5.5) #E

Sp(k+1)=Ck+Dk(k—1)---2-1=1

1
T (k+ 1)
abie (k+1)!=1-2-3---k(k+1).
1H:7
quz)— _—Zz—l) (i—k+1)
1
:mn(n—l)'--(n—k)

FeAr b2 T RE— R AR BOI T n SORIEG 25k, BV SR A00
SRS — AN B HIAR ISR 2
f(n) = F(n+1) = F(n), n=0,1,2,... i, TAH n WHOF

z_:f(z E_:F(H— (7)]

=0

= [F(1) = F(O)] + [F(2) = F(1)] + -+ [F(n) = F(n 1)
= F(n) - F(0)
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+
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Bl 5.10 3K So(n+1) =02+ 12+ 22+ +n? BHI.
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Bl 5.11 % ag,a1,a9,...,a, WEELI, K S, = ao + a1z + asz® + azz® +
e anz™ AL

fiR:
S, =ag+ a1z + asx? + azxd + -+ apz” (5.6)

T (5.6) PR RBURGEZEDI], CF 1o,2%, . 0" A LES, IS
ZERON AR =T 1 KA

Up —2ap 1+ @y o=0, n>2 (5.7)
HIGE (5.6) SRR =30 1 45 aor
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ik (5.6) WP HIFLA 1, 22, 22, SRIGHAIN, 1%
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LA
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LNUE
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=21 42" 424142
=2"-1)+2=2"+1

n—1 n—1
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=y 24>1
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ﬁ
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27. SRRBISHSN A
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Qp—1 + Qp—2

28. ¥ ag,ai1,...,an,... PH) ag,a1 HEF, H a, = 5 , n o=
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art+az+ -+ ay,.
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m < n, MTE-NHERN n (] n=123,...), FEARER=
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n+leA T, WisHRBmEAER, 52

A=N



250 $AF F P Fo B Ko

P, e p(n) 3T —4) HREUNGE.
2 — 28T BT VAR B
Bl 5.13 Kilk:

n(n+1)
2

s ONEERIA: 1 +2+3 4+ +n ] RASIFME

1+24+34-+n=

(5.9)

S(1)=1
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2
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L Bk p(n), 4 n BEE—ME n =1 1, p(1) 1R85 X—FK2HAH
NIRRT

2. RS n==Fk, (k>1) 1, @ p(k) B, IEAY n=k+1 B,
p(k+1) WIEH. X—4= Ui p(n) AAEEME, TpA—R—RHuf%
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i, XA p(k + 1) WIEH, 2 p(n) XFT n > ko HIEH.
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BB TR, AT, MOKREEL f(n) = (n® —5n+5)% 1)
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oI 1A 2 %0, SF ST D0 B AR%L n FRAGGE.
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S(n) =sina + sin(a + B) + sin(a +28) + - - - +sin(a + (n — 1))
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. 1 .
ﬁ$0<k<1,hﬁﬁﬁxz—x—i—k:OE’J:@a,bZIﬁj, Bla<h<b.
KIUE: a < xpqr < xp < b, IR lim 2.

n— o0
6. B 0<a <b W NHEIEL, &
1
as = v/ aiby, by = §(a1 +b1), (az < by)

1
as = CLQbQ, bg = 5(&2 + bQ), (a3 < b3)

Ap+1 = anbna bn+1 - %(an + bn)7 (an+1 < anrl)
SRAIE:
(a) {an} IBIAN {b,} I
(b) {an} M1 {bn} HIRLFRAI.
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T PR E 2R 1 e R R B R A SRR FEX - F kA B
BB UL I AE AT S R FA AR, NABZ AR R KRR
Al k. AR B AYG:, RBURE BANE R RIS, fEX— HLIRAT]
B EEz AR BR A A A 37 3% 52 pR KRR 25

£ BN

—. BRI

TEWFIE HARIEET, MBI 2 ARy, k), KB AR
WL, Brir. AR RS E KT, RRHGAZ N FAUE R B A
B EE R R, HRRA RN AR P EEH 2y, 2
S REFORER, NAECAI R, — N EEoE 1 “BEEUF 2R FIEL
B W5, ERrRERUN T A BB N A, BB QR o
A gy, FOTHHA NS « RO M. — MUk, ARmrEsR T A1k
ARSI, LB EIRITE B AR AEEL n, BN PRI TR AR IS
AT, RATLEFETRIEES AR, 8l s & 1) R ST R
[y PE, SR X MBI, $r XIS — Ry A8k, i
I XTEE A2 @ 5 b (a < b)——E Rt m— R SR BRIX ]
WAt A S AT AL ETEX BN, BRI AN SHEN. BEFRATTAT DAY X Ta] 43
R

o JFXIE (a,b) #2 {z]a <2 <b};

o PRI [a,b] B2 {zla < o < b}:

o EHIXIHE (a,b] i {x|la <z <b}; [a,b) i {zla <z < b}
1 PRSI, 20— a HXEKE.
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RN AR RNRIRE Y, A2 — M EAmE S {zlz =
a}.

Bl B2 BOR B I LR, DR TT IXTE] 4 e] 8.1 B 8.2

TR, a, b AR (5 Pl B9 55 2 7m ADX TR A5tk AN RT3 Bl 2 [ Y
MIEBZIRTE o, b Z AR —U)%L o EURPIIX T AnIE 8.3 KR XA ik
8.4, 8.5, M IEA LA & M BUA T #5580, PARAE a, b Z A — D)4

i~
X

a b a b
K 8.1 K 8.2
] o [ ] >
L ] \ ]
a b a b
s 8.3 K 8.4
\ L C \
[ J . \ ] .
a b a b
P 8.5 K 8.6

A RESRICITIXE, HAFS —oo, +oo MEN—lmsl i, EN1MiLs
LTS HERARZERL, BN (—oo, +oo) RAKEHES {2z € R}, X
(a, +00) TG {zlz > a}, K] (oo, b] FmEH {z|lz < b} ToFFRIATE
JUAR] bR F 794 i  FLAE S 14 P 2 i TG R AEE ) 8k R

PAGEATZER B — A BRS¢ R 8 ¢ B EMTITIX
] (a,b), M ¢ R OBIBIT R ¢ AL ¢ SAYLREL. EREKZaT 8.6.

¢ KR LBIKATE I (a,c) U (c,b). FATHL ¢ mipBIRE B HRHY T
X (e—re+r), IHEM >0, I HAREN ¢ RIRRPREBIL.

1

Bl 8.1 5 AT (1,5) i AGRPRRAN, <7r Ry 2) 24T (1,5)

B 7 SRRASR. B (r— 1,7 +1), <7r _ g,w + g) (m— 0.01, 7+ 0.01) %45
T (1,5) X FRARI.
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R
b
al
RS
b
by
B
;?42“:

. HBE X

FATE LTS =Mt ir 2 g, Bl uimE . =MEE, HTE
BOX MRS EEN:, I R IoTe H g, R mz— )
PREME X, FHEFBNMMBEZBHEZN— (BHFE—X—) WEXREHH LR
HsE XL

WAHEUE A, B, WA MW RRBGEN fA77E, MT A BAE—A4
B, AR B 1My B2, BATHIRG T — %
5 A BI%dE B IR f,

f:A—B

o, HEH y = f(z), (x € A), JINFK f(z) R f HE « BIREUE,
FERR A SRR f RSO 30N o Bl A R, BRBE f(2) &
PR R, FROMRRER f PR, ek

f(A) = {f(z)|lx € A}

BRI RIS AR f 0 A B IR, f(A) R—E%T B, 1
5 B H—1THTE, W f(A) CB.

Bl 8.2 i R ZEHE, B[R REH

f@) = e, @€ (~o0,+00)
KT
I S(0) = o ST
yr® =2z +y=0 (8.1)

MR R B EIE L, T4 y € f(R), Tk (8.1) A SEBf, mirfe (8.1) A
TR FEE SRR
A=1-y*>0

fR)={f(@)|-1<f(z) <1} CR
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TERR B E SCR S = EEE, R SO, 2508 — R 3 T ek e £ e
FERIBAE. NIRRT, AR E D eR BN, AR B SO, FESE
B IR, RS E S R S B T SORBE Y, B AR B T 20 R EC TR
JER F AR RIRAR R ¢, AR T T Z IR, R, X
W TR B o 2

9
F=p()= 5c—|— 32, ce(—273,+0)

PAG, M3ATAER e B, — Bt Te— > B AT 20 MUE 1Y s A &
I, URE S A BEE AR, A2 eR B E S e AT T B BUE R
WA @ BRUEALRN B A% SO, gLy EBGE R R A TR, P o
57 A A B st T DA 7 R RS0 (LR

Bl 8.3 KN HI R HE -

L. f(x)_\/? 2. g(z) =va* -1
fi :
1.
1—z>0
@i&fﬁ%’?)‘(@{ = 2<1, 2#0
x#0
PREN f Y SN (—o00,0) U (0, 1].
2.

B g ABEN &2 -12>0=> <1, Ha>1

PREL g WYE SN (—o0, 1] U [, +00).

= HISFR e

BRI R BORANSF I R s, A e o] A [ 5 200k
RESC, BN, A f R RYU{0} 2 f(2) = |o| HUER, MR g: R —
R U{0} 2 g(x) = Va? BUER, XEER f(x) 5 g(x) WRTEAR, H
TR EATRAHIR A SOF AR — o {8, S ARRBNRTE, B4
e AE ), B f(2) = g(x), BroAF=XA00 5okl RAEREL f(2), 9(x) I3
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BARE, ATV f(2) M g(z) FontiFE gL suoh, Ml rmmE, HE
SUSA R B B EOR A R R . B

Fulz) = é 2 € (—00,0) U (0, +00)
fo(z) = %, x € (0,4+00)
f3(x):%7 T € (0’1)

BRI RS, HRST o= =2, fi B fo, f3 BEEL WT 2 =2,
fo F fo FRATE SN f3 Foid X
g ASE (7)) B eR B 21

PITEE f: A= B, g: C— DS EHEMNE A=C, B=D,
HXM TN ae A (K C), A fla) =g(a).

BEHMRES ARG L B = D XA, fe N X Ml 7or

“H f(n) = g(n) = n HHEPTEL [N N, g: N Q ZHIFH K
B BAVIE B e B[R 37 ?ﬁ%ﬁﬁ@?ﬁ%ﬁ%tﬁ, g ATPARRDA 2,
BIUE, 35T g FATATLAMAIE %L, 59 N Q iXH

1 1
(39) =30
HEXTT f, ASREMUX Fpia .

P9, BRI LA R —idhSt . SRR
BAE, FAPRTHE B = A E 2R, Jeti e S, AR 2B

WERAERRAL f + A B 1 B Wb FER B f PR ARZ
A R R, AR XM THER b € B, A1
a € A, {lifF b= f(a), XHEATHUL £ 2h A 2] B [ik4t.

B, WER f: A B RS, B4 f(A)=B.
S RRRBCRI N AR B, UM, E SR
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WERXTTF A FRATATP SRR an Al az, BEFE B HAEBAAFE
PREME f(ar) F1 faz), BIMEA] a1,a0 € A, a1 # a2 = f(a1) # f(az), TR
2BATHRYL £ A— B @Gk (8—xf—).

R A “WIRAE B A f(ar) = fa2) BAE A T a1 = az, A
BREL f A B ICASE (B3 —). 7 ML SR, R R R
o —*—n).

AT — AL E LY RS OB

‘ BREL f 2 A B, WERGZHT SUZ 5T, sEnAs U ]

Bl 8.4 KL f: R [-1,1], XH f(r) = sinz,x € R ZHi, HEAZEY,
K -H%T sine = % e-1,1], BELF L 2= %+2k77 i 5€7r+2k:7r (keZ)
SERINES PN

Bl 8.5 AL f: N N, XH f(n) =2n 2 H4F, HAZHS.
il 8.6 i 2N fURMELE, W% f: N 2N, X B f(n) = 2n 2B

N RERieS S A RE
o BB IE S

B £(0). g() RFA o HREC, 605 LRI N Dy A1 Dy, el 7T D)

PT80S AR RS (f +9)(0), 208 (f — 9)(@),

H@ﬁ&ﬂ@@)ﬁﬁ&ﬁﬁ@%ﬂ@#O.EM%%XﬁﬁDﬂﬂh
(), g(o) HOPHSESE BTt R T ARG 2 ST

o (f+9)(@)=f(x)+g(x) (B (f+g) 7 z IR f, g BERH);
o (f=9)@)=f(x) —g(x) (B (f—g) 7E = "IN(ER f,9 BEHE);
o (f-9)(=@)=f(x)-g(z) (B (f-9)7E 2 WHUER f,9 MERIBL);

o (f/9)(@) = f(x)/g(x) (BN f/gAE z sI(ESE f,9 HIERITT, (HRATE
g9(z) # 0 WAF ).
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f+g, f—g M f-g W SO8GE f 2SO g 195E SO <. 1M f/g
FRE SRELIN I g B8 S S2 4R R 45 g () = 0 FI1HE.

1§|J 8.7 E%ﬂ f(x):ﬁag(x): Vl_xaj%f"i_gaf_gafgaga?

fig: AN g BYERESURE Dy = {z]z = 0}, Dy = {z|z <1}, Dy Al Dy K
M DN D, = [0,1].

AW (H0)@) = VE+VI—E
% (f-g)@) =VE-VI—E

« Bl (f-9)(@) = Va1l —x)

FAg fog fog MEURE (0,1, FNY 2 =18, glz) =0, ﬁwf;

(1958 2 [0, 1), FIREES % fry 5 S (0, 1).

#il 8.8 % f(x) =sinz, g(x) = cosxz, Dy = (—00,400), Dy = (—00,+0),
i

(f +9)(z) = sinz + cosz = V2 (%sinx—l— \}Qcosx)
=2 (Sinxcosg + coszsin %)
= V2sin (x—f— %)

(f —g)(z) =sinz — cosz = v/2sin (x— %)

1
(f-g)(z) =sinz -cosz = §sin2x

f sin
<g> () = e tan

XH f4g, f—g, [ g WEXHE (—o0, +00),

f
g
{x|m€R,x75g+lm, kEZ}
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AT A Wz SR 4L E R eR O — ST R B, (ER AR R e
BTk, A — A B IE S A 8 e K e Bl A 5 e

AV R BT, KT bR LS B, K
RAE t R 5 BT AT AR h(t), XA RBOE AN, FERAE 1 AR
TR TTAT — S O, FRATESKAE K7 S ULk B B d € 9IS Ta] ¢ 69
R (1 8.7).
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R
d
h
L 1 (@]
Kl 8.7

FATE LAE TR BB b2 ¢ BORREL h(t), SOKHFEULI ik 4 3
d SUZ KT b R ER
d=+vV1+h?

IAER Z] ¢, R 3] O (e e

d(t) = /1 + h2(¢)

HEREEL d(t) 2 h = h(t) Fl d = f(h) = V1+ R B4 EREH ALY
B —AeREL h(t) AT —DREL f(h) Rz B frizta, 521 sREL
d(t) = f(h(t)) MLt B EreR AL

UK, 2= fy), vy =g(z), B g(z) WEERET f(y) 128,
W2XET g(x) & IHN A o HZ IS PIRAZEL y, AR T2 5 E 1Y
—AMH 2, R 2 B PR y TSR o EREL, 0 2 = fg(x)), XA
PREFR AT R S R B I izdi i, By = g(o) BRI REA H e
B f(y) s S, X R AR 2.

Bl 8.9 ¥ z=I+y, EMEES D, =[-1,+00), Fi%k y = 2? — 5, ENE
S D, = (=00, +00), {HIH R =[5, +00).

fENE AR 2 = 1+ (2% = 5) = Va? — 4, Hg UL R (—o0, 2]
Al [2,400), XBf, y =22 —5 PEIEE -1, +00), BEEAMT D, = [-1, +00)
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HREH, XR U AREL 2 = f(g(2)) B U A RER y = g(o) B9E SO+
HRLERE g(2) JT 2 = f(y) HIESCHI = AL
1

Bl 8.10 A1 f(g) = FERE g=g(x)=2>

K f(g(2)) F1 g(f(2)).

fire s
ﬂmw)zx;;1
1 \? 1
ﬂﬂ@)_<x+l>__ﬂ+ﬂx+l
B, fl9(@) # g(f(x)), KFEHRENE Gz BRI L W)

x x
i 8.11 E,'%[If(sm2 =cosx + 1, j?f(0082>

We: STABHL S (sin D) = cosa+ 1= 2 2sin® 7 SHEHHL y = sin T A
fly) =2 —2y* HEAMIL. ﬂﬁ%y:am§ﬁAf(% Exd

f(cosg) :2—2(:082%:2—(1+cosx):1—cos:v

TERRBI ST, FATNE TR, . . BRI & Iz
B, MWESCRE, BATATAM Lo Atz e, oh 5 — 1) B A Y ol 2 1
ZRZ PRI REOR , B ERREL y = ¢ AEAFRAL y = @, A, 980, 3fe
IBRF AT MFH 2R R HRRATHEHEZ R0, HA R AR il
B MCE S TR R TR A T4 1) eR R AR IS BT R R R AL, FE AR
%ﬁ@ﬁ?%%%ﬁ%ﬁ“i%%

Bl 8.12 KfeR%L y = xsnl; G IS LR A B R B 2 (5 LB B v [ A2
WaFT).

sy =wsin TN f(z) = o 5 gx) =sin - 2B, X gle) =sin ]

DR g(h) = sinh FI h = h(z) = ~ BB EIREL, TR EkHY ST ML

T T ] LR A 2 B

8

F(z) = f(z) - g(h(z))
XH f(z) =z, g(h) =sinh, h = h(x) = 1
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<>
Jr
o

B

Bl 8.13 REE Vo — Vo + 1 — 2 [ s
#: W F() = Vo—Vo+tl-2=/(z+1)—Vo+1-3, Nl Fz) {IAE
Efy) =V —y—35y=g@)=Vae+ 1 HWEEELE, B F(x)=f(9(z))

B
£(y) 7 Xk Df:<_oo’1_2\/ﬁ | 1+2m7+00>

g(z) Wy X, D, = [—1,+00), ‘ERME R, = [0, +00)

r+1>0 rz-1 )
= 1+v13 = x+1><1+\/13> T+ V13

1>
r+12> 5

5+ +v13
2

= x>

v Va2 fE U 5+2m,+oo>-

WRERR F(zx) = Vo — Vo +1 -2 W e, I8a Hat:
r—22>0

T—Vr+1-2>0<=2-2>Ve+l<={ z+1>0
(x—2)2>(x+1)

T >2
—<{{z>-1 <:>x25+2\/ﬁ
5++V13

x>

- 2

) . 5+\/13

x—vVr+1—2 g 2 5 7+OO>'
2] 8.1

RAfE N 1—5 BaE—eRE f g EKRE U, K f+g, f—g,
f-g, f/g F g/f B9FHN A E S,
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10.

11.

AAE BT EHK
f@)y =2  g@)=va—1
1 1
=17 e =
@) =vE g@)= Vol
. f(z) =sinx, g(x) = cosz
. f(z) =tanz, g(x) =tanz
IR f(r) = T AEERE R R, X I,
S A T
(a) f(f(x)) (c) flcx)
. (d) SET WS ¢, B4k = REfE
(b) f(x> flez) = f(2)

- PIIRBRE R I AR y = f(o(2)), WERAEMEAIALG, TR S A1 e

B0y e SO ANE

(a) y=f(u)=2u+1,  u=¢p(x)=2a?

b) y=f(u)=vu, u=p)=1-2

L, 2 o AR

2, M4z NI

(d) y=f(u) =2, ELHN U1,  u=p(x), L8R X, [N Us.

(¢) y=f(u) =u+u, u_ﬂ@_{

B f(2) = a2’ +brt e, W f(z+3) = 3f(z+2)+3f(x+1) - f(z) = 0.

| @)&y=f@ﬁ=a+m+;wﬁf<i>

(b) B y=fx) = Vitata, K f(@?), f(~a2).
(@) = 2+ 1, 3k o(a2), (p(x))?, ¢(p(@)).

SRR R Bl Ik

() y=E+ VT
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12. a,b,c,d W28, A RefH R %L

ar +b

f@)=——

MNP « W f(f(2) =a?

N !

=1 HEE%

WP 228 (R A sk s 5 P70 T 4 5 T A
REELT—A) WOAB| H— AN A, Ritok, 8T — AWy = f(x), 2@
MR AR, ST AR R v B o ML

E AR D IR E S« BUR D IR, B
(2, f(2)) IOEEA TP NG, XA B EE y = f(x) [k
R, TOATRE y = f(x) BrAPIRMITRE

T B P42 LA 0T DA T R M BB — S IR, R TR (4
R RN PE TR 2 0 R 5 7§ LT P B 91 e 3

FRAT P JUfT P

1R o WM, BIRE T AERE) a €
D,be D, % a<bhf, 5 f(a) <
f(b)

2 f 2w B AL, BN THERER a €
D,be D, a<bif, [0H f(a) >
f(b)

3 f REEEk, BIXTERM 2 e D,
5H f(-z) = f(z)

[ ESEE « AR sl LTt

f B G 1) A A BT

BREL f RIS T y SRR

4 f R, BIXFTEER 2 € D,
HA f(-2) =—f(z)

5 f i, BXFTERER « €
R, 84 f(z+p) = f(z), XH p 2
— M IER AL

PREL f ARG KT IR

B F AERIN (0,p) 3 (<. 0 ) F
IPEGT N @ 2 ArIESEHERS

R

AT LA LA BB A



342

R
b
al
RS
b
helu
B
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(—) HmA%

WKL f(2) = c WER R 51T v I EZ, B2 = JIiEER |,
K 8.8.

() BB
PREL f(z) = [z] RFANEIT = BIHRREBEL, n<x<n+l, nel,
N f(z) = [z] = n. EREZME 8.9
Y
2+ —0
Y 1F —
f(z)=c
1 1 O 1 1 > :L'
-2 -1 0O 1 2 3
C
|
. -
0] . -,
P 8.8 P 8.9

(=) —keh%k

TATE LA =M ALE, —WKEREL f(2) = ko + b (k # 0) EIGREAT
1T o JhAl y B ELR. b AROVEERIRIR, b FONELR y B #FA—K
PREE R BRI R, AT E ST R =5

Y2 — W%
—(

r—
To — X1 ﬂ

Yy—4 =

AT AT H— UK R B 9 R 5K
T2 B BRSO TR SR A TR T R L

2
Fa () = o Tl e (Coo,1) U (1, +oo) HIEIGUR— A I

4 -1’
(115) sk, mrase (L13) b w5ty = 2o vy~ (U

i
8.10)
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(h4) B eh %

WA {z:}, i =0,1,...,n 2HX[HE [a,b] FHJEHE LSS, #1520 = q,
Tpn=bBla=xy<zi<T2< - <Tp1<Tp=0, HY 2, | <z < 3; I},
f@) =k i=1,2,....n. T o FE 5, o, 0 =0,1,...,n B{E f(z;) WTPDMER
U558, XFE—AE [0, 0] FAE XN, THEGAD XA (v1,2:), i =1,2,...,n
HR 2 R pR SO A A R R

BN, & XAE [0,6] ERYFTEREREL f:

f(0) = 2.5,
flz) =2, 0<zr<1,
f(z) =0, 1<z <2,
flx)=—-1, 2<z<4,
fl)=2, 4<z<6.
HEIZ K 4.11 Frok.
(H) Preks
FATEX g:
1(@'—1), ze1,2
23 1
—5@-2)+5(2-1), z € [2,3]
g(x) = 2 3 2 1
(x—3)—§(3—2)+§(2—1), z € [3,4]
—2(30—4)—1—(4—3)—5(3—2)4—%(2—1), v e 4,6

EMEEE &Ik ABCDE, Wk 4.12.
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Y
1 B
y AN . D .
O 1 2\3 5 6
2.5 -1
2 o—_ C
—92t
1
_3,
- - T
O 1 2 3 4 5 6 4
-1 E
K 8.11 K 8.12
(73) wEe%k

BT f(z) = 2™, Hd n L EREL, FRONIERSE AR kAL

AT TR SRR R B — T, RATER — R RN, 2t LA
IXFERRREL, A& 4.13.

BER, M hao, W f(-2) = (—2)" = —a" = — f(z), FreAs%ice
ZPREL T IERS R R, M o = 0 [, £(0) = 0. MURAEIREREL
MO GEI A, (T S = BRI FL T IR, A7 BB 6
R

Mo SHEB, BN f(—a) = (—2)" = 2™ = f(z), FTLARECRIEE S,
BAERGE TS, TS LR EXT v JRFR.

HTY 2 =18, f(1) = 1" = 1, B IEREREEOR R £ B SR i i
(1,1).

PAELLFEE n BRIGK, BREERZNA L, ME 8.14, 8.15 Wl DIVHREHE
WA E S B IR FIBEIE S, 2 PAR] 8.14 A1 8.15 WM RN
e RR A7

BREL f(x) =27 (2 # 0, n HERE) A TEISER R FEF 5
AN, sty =a"y=a y=2a"" y=a" WEZWE 816 Fix. 4
=0 B, XEREFITCE L, R ERLEM S, BR3P y HA

MIRECH AT, XSERBUE AR BRI S BN =
SRR, B o ARSI N M, HLETF SRR, BRI, BREEE (—o0,0) Bk (0, +00)

MFEBE TR, 332 R RSO 8 R AR, 1 pR B I S A S s AR T, 4
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Kl 8.13

NS, NCTH S T GIRA, FRRA y WALk, Ty BAAR. A
SURHEL, 4o <O0n, REEHR, 42> 00, RKEUSBEREL

AT I 28 R B P G e e 2 — LR R RO B R R e L
A AS AT 2.

AXTTALER © € D, B f M g W2 g(z) = flz— ), XH ¢ BHEL
W ¢>0(c<0), y=g(z) WERALAR y = f(z) WEZR, FAT = #iAHH
(BARS) |c| AELiAT 3.

RS A g WRFI g() = f(ka), Bk ZFA, Mg k>1(0 <
k<1),y=g(x) MERTAE vy = f(r) WERZTEE LA SRR
PREET y MBS (S ) LR LA i3 2.

ARRE A g WS, g(x) = kf (), KB kEEEL WFH E>1(0<
k<1),y=g(z) WERIAE vy = f(r) WERZTEE LA %L
PRafEE o B (BUES) b AE T IR AR A AL ) T LA AR A5 2.

AT BT R L AE e

Bl 8.14 {il y = f(z) =sina M y = g(x) = cosz MEIRH KA.

fif s X BR B E U (oo, +00), #RPE f(x) = sinz Fl g(z) = cosx
ST 2r BRE, IR PUEHE R E ST 2 WX SR8 X
A~ pR%L
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B f(x) = sina 158 LIS D, = [0, 27], AR g(2) = cosz TAF
YEIEBZ K%L sine 5 x’:m—kﬁ B A ERE, Bl g(z) = cosz = sin (f”*g)’
B DAL A B sin (o + 3 )ﬁﬁx WAHRA 0 < o+ 5 < 2m, HiIiH)

7r< <37r
ﬁﬁ%ﬁy:guﬁwwxm%Xﬁ%Df=}

T 3m
2’ 92
TR Dy R T T AR, #Hﬁ?l%—{7rw}¢Mt~A
x H5AIOME Dy = [0, 27] HHREIHINGY o + 3 @chx—ﬁn@+-)1ﬁu
y:mmftﬁU%:maﬂLm#&@%EV T NS E] y = cosa 1

e e 2 s e g T A

]-HﬁEED%%

27 2
P EHEAS v = cosz IR T, @K 8.17 fif7s.
Y
Yy =sinz
\W / _ A/ZK -

-5 = o 3z b E

Y = COST

B 8.17
sin(—x) = —sinz, .. y=sinz MEGETF S
cos(—x) =cosz, .. y=-cosz HEEET y WM.

Bl 8.15 PLHAEH y = f(z) = V1—2?%, Dy = [-1,1] fil y = g(z) = V1 — 4a?
GIEPAPSS
fit s FATC LI f 05 sl Dy = [—1,1] Hg(o) AR f(o') 5 o' = 22
5 AR, B
g9(x) = f(2z) = /1 - (22)?
SLETRREL f(20) AR LB H M -1 <20 <1, A:

1 1
<y
2~ 2
N 11 11
o M)%iXﬁ%D-—[QJ..ﬁﬁ?D-—[2?]¢%@~
A @, A8 Dy B AR 22 651 g(a) = f(22) BOL, BRI T
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f(z) WER B BRI B y RIS —2F 10 A AR A AL
3 g(z) = V1 —42? HIER, WA 4.18 K.

WY
—y=f@)=VI-a?
— y=gla) = VI 4
- T
—1 _1 0] 1 1
2 2

P 8.18

L R BSOS, ST TR B S

(a) y =a? (d) g(z) = ¥z
(b) y=2"" 1
(c) f(z) == (e) h(z) = =

2. fE AR B R -

(a) y =+ (¢) y= /v —[]
(b) y =z — [2] (d) y = [z] + vz — [z]
3. BRI E % ABCDE [T S AR bR 2

A <—1,—1;>, B(1,1), C(3,-1), D(6,2.5), F(7,2.5)
B XA R B X
4. FEF YIRS -
(a) f(2) = |2a] () y=l1-2?, —3<a<3

(b) f(:c)=m d) y = |22 — 22 — 3|

X
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5. BRI Pa, B) MI—7K 12 L B g(2) = v WEIR. IEHZE P 5
L BB R (z,y) S, ZHA f(2) = a2’ + bz +c B
I R B 1A 52

TERI ARG PO iR, ST R AREYIS s € V2 1 “fF
FEPE™: K2 1RIIETERBUR 1 FIrk; k2 2 KIIET R HBUE 4
POk, FrPA, B ARG W N, e AR 1 05 oK
g 4 FIK, REMZSAIRA—A 2 FIORRIETTE.

X B Hoe RIS YRR, R E SRR

y = flz) =2 BOEREWELE, FEe=110f, f(1)=1>=1; v =2
i, f(2)=2"=4; Y o i 1 F] 2 0, o AENVZH 1 “HEZh” AT 4, B
A & REZREM—ME 20 B f(20) = 2§ = 2.

W) ST XAARETE R A AR e, AT
THE CHEZEME” MITREIM AT, BN, I H., 48 I AN MR ARV R I
— IR 0 B P R P

— . SR B

MR EIRE , 2 S BT EE R —H TRK, —RIZO2 LN,
FEIX AR LR I T, e E— B8R R, R T R B G ) BT
B, B f AER v REES KT EALE o B— R/ 2B A RS
gD EWHE R, Wk

Lo f FEHE SOHA L 2o BISBEK (20 — 0,20 +0) WA TE s

2. 4z FRHGE wo B, RAUE f(x) B f(xo) MZALE/D, BVAZR = 1
TNV KRB | R eR BB Sl VAR, ANTTHRER 1 eRBELRBEIER , ek X
MERKE, AX— R zo BISRIL, KBRS h— AR M &AL, ik
B WO I3, ABARKRREL f FERL mo JEEE

CTEMHEILT M CAHZEAEE/N AT R A IR, AU E R
R VA AR R, BEFA T AN EGIRRAREAE “24 o SE I oo WY,
(@) 5 f(wo) HZALTE/N XA E B 4T
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AR B SR T o, F1 SR @ BAET— T @ € 1 (80 lim a; —
xo) PIEH) {x:} BT @ (0 = 1,2,...), IRAXF NI R AR -
f(xl)v f($2), SRR f(‘rl)v

SAAWPRE f(x0), B
zliglo f(zi) = f(x0)
T RENGE] N IRESER 4% E X

EXAEXTE] I E— Ao f FER a € 1 FROES:, 2k
fla) H—AHEE,

2 T T b — T o W40 (), RHBHIBECHE] {1 (0:)} B
DA fla) BRI, BIFTEARA: lim fles) = fa) = £ (lim @)

L.

XANE SRR T — ALK %L f, 105 lim [ DAAIHE S f HHk.
?iaﬂ]ZFJL/\WH‘UE%ﬁDﬁH%JX/I\EXEEEJ»IE?@I fAER a AbTESEE ] .

B 8.06 B f(o) = 2 L e o — 1R, T (1) IR

Bl 8.17 H f(x) = [ ] tel *&ﬁ n RIESE, Y @ = n, (n € Z) 1Y,
REL f(x) = [o] AHEME f(n) = [n] =n. BAL o FUHED {ﬂfz} e, M
r=nWEHET n B, H hm f(z;) = hm [3:1} =n= f(n), (H24 =z JU¥
¥ {z,} Mz =n Wz T no b, EI% o WA n—1 <2 <m,
i} = b, B

lim f(z}) = lim[z)]=n—1%# f(n) =

1—00 1— 00

RRVE f(2) = [2] MR GORAEREROR EA BRERE 5] W71 26
PUAEFRATIHR T 18 5 —Fh1a] I Ay i 2.

B 818 B () = |15 2 = 0 RIESE, BN F(0) RAHE, I ELER
B {a:} ST 0 I,
> 0, 0 W, B o ABRGET A, A lim — = foo;

i

W, <0,z OB, B 2 WEBIETRARE, 4 lim — = —oo}

1—00 g
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4 {o) RAER— T 0 BEGINE, W Jim
AT, $ { -} Bk
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TERE: 0] 8.16 AN 8.18 (1953 BEAG L a1 1 B TESE AL, {26 8.16 H

S f@) =2 T e =1, gt
3 22—-1 3
171 Aty
WO, PBLIERTEO o (£ 1) T 10, T o £ 1,
fi fn0) = i 5 = o )
3 3
:1(1+1)—§
BB, T ERECT | B0 (o), XRZIEREES) (7 () H0A
3
> Sl
WA X B F
3 22-1
Fa)-{3 o1 77
5, r=1

WA F(x) fEm o =1 AiEes T

U AEFICST o (9801 {1}, lim f(e) 122, I BACHCARS , {1
RET [(a), R [(0) WATEL, WK f 12 o AT

B 8.16 Hi) = 1§t f Hynl K (a] A

UK R f AR SO T g AR EESE, WU f 2 1 B EZE
B, BfRRRONELE R AL

L BB
HIFESLRRBOE SCALE , R f A o € T EY ALY 35 1T &)
{aid BT a i, B {f (@)} BT f(a).
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FM AT LA Fik 4
fmzi=a = lim f(z:)=f(e)
I

lim f(z) = f(a) = f (1im =)
P 8 R s B P T T s

W f F g 7E o AbiESE, B

lim f(z) = f(a),  lim g(z) = g(a)
|
L lim|[f(x) + g(x)] = fla) £ gla), () f+g 1 o ALFESE).

2. lim f(z)-g(z) = f(a)-g(a), (B} f-g7F a Abi%ESE).

3. 4 9(0) 0, lim = —s (W1 1/g 45 0 AIE40)

Bl 8.19 % f(z) = 2" (k B—MIEEHL, = € R) FIALELE, B lim 2* =
a®, (a € R).

UEW]: X b HEEAAIEAAIEN, B a 2 f 9% S0 R A TAT—
Xk =1H, B%, limz=a, (8T,
B k=i (i eN) B, &

lim z* = o’ (1 € N)

limz! = lima' -z = limz' - limz =a’ - a = a*™!

TR, MTIAIERA L, f(2) =« AR5 o 2L, BRl f(2) = o FIAEE
HER 1A f(z) = 2% (k € N), REHERE g(x) = c (c ZHE) WLk
PESEME, FATTAT RAUER T TH 04 i A
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WP HERS T I A
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i f g RMAZIE, g # 0, AR r = f/g, BRE g FER
ey, B A E ST 2 L.

H

4’@3
Fla) = /T FEIKI (0, +00) LiELE, HI

B

lim {/x = Yzg  (z €[0,+00))

Tr—x0

UEWY: W w0 Je—MELIERL, £ {2:} 2AE [0, +o00) WAEAM—DEE] 20 1Y
B, A lim 2, = xo. FATEAEW], 24 lim 2; = 2o I, lim (3/7; — /20) = 0.
TEAR B E A
(A-B) (A" '+ A" °B+---+ AB" ?*4+ B" ') = A" - B"

1 1
H, PLA=al, B=uaf LA, RIf5:

Ty, — Lo
T e — T ’ 3 — (8.2)

n n n Z n n
T, + x; cxy -+ x xg + x

T lim o, = o, HEREOIIE X, I e = o1, MAFEEIERH N, (i
i>N®B, A

2 > m— 0 = 2o
it g =g
M, % i> N, A X
) 1
(z)n = (%) " (8.3)
A, BARA )
. 1
(wo)n = <%) " (8.4)
i (8.2)—(8.4) ~r.Rp75
/5 — /7] <

T 1
n@
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n—1
i s o0 B, s — 20| 0, zj@n( 2) RN TR,
PA
/T — /T] = 0
0
lim /2 = {/xo

T—rTo

RXWHUEM T f(z) = Va LEXE] [0,00) EEIAEELE.
FAHEX EAZ T R BGELENER ™A% L, W28 S RE0s I H A
XM BRSO A T, PUSTESR 7SR o, BATIE BER e BT iF

Vred

5%,

= EBRBI T I E PR

P B H T AR TR — AR E A ERR R, g, AE
(z,y) MAR-Fii b, B y = c VRSN vy < c My > c EPE, N
ERRAIEGE B R A LR, M R y = c MR, R EE
P B E IR AL

(—) i e A

Wy = f(z) 2—NEMXME [a,b] FEELSRE, K ¢ 2— N T
fla) F1f(b) Z R, WAFTE—DNT a, b Z [ S5 zo, (15 f(20) = ¢
AU ARIERBL: v = f(z), a < o < b WELRE KL Pla, f(a) S
Q(, f(b)) mMIELMZ, M P,Q HETHZL vy = ¢ WM, Wik v =
f(@), a <z <bRBDFHEZK y=c D3R (2o, f(wo) =c¢), (K 8.19).
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TEZE XA E BIERZ w1, FAVETHE— B, ik f(2) = 2° + 2 -3,
a=1b=2 @T f(1)=-15 f(2) =775, EANFFUHLE 1, 2 ZH—
FAE f(2) =2 + o - 3 IR &, fif f(k) =0

My =2+ -3 MK (K 8.20) L&, XAadbe—H TR, I
FNTEHE B IA 5T RGE R e, REGESEN & —E R U E R A
FIHR I SRIA.

5 y=a3+x-3

Kl 8.20

HE, BB UL R AR +1 R £3, BILITRIR—E 2
NG AT [a, 0] = [1,2] RAHER P : f(a)- f(b) <0, B f(a) 5
f(0) 5. BIATIEE 0, BOLH - MNBIREXAER P, BIXHE,
AN SR VERT P B, AT AT A2 R A iﬁ% P Ry A A
JIEEIN T -

vo=122 2wy (3) 20w s wetama 3, e

2
r(5) mmmron, |1 3] 3o smteshsn Bt P
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RS
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Moo = L by = 5. BRI ] = (15| BRAHIR P, B A

BUE, BT f(e) AR, B f(‘“"“’ ) 0, BRI U

[amabm] Lm%ﬁ’@ﬁ P E/J—‘/\%EX [am+17 m+1} ZE7 DEJV/\?IH%T%,
I, XA E AR R IR

3

1+ 2
PUNRTES S SO DV ANE 9.
< T 2 2 47%:5:‘!]0 4 64>0 ESL[GLI?Q] ;4 )

1.2
. a2—2|-b2 _ 1 +2 ) = 1.125, &1 f(1.125) = —0.4512 < 0, Ht

[(13, bg] = [1125, 125] N

T

1.1 1.
_astbs 25; 25 11875, Bt £ (1.1875) = —0.1379 < 0,

/\

M 2

L [as, bs) = [1.1875,1.25];
S

. 1.2
= LIS 1 o188, Stk £ (1.2188) = 0.029 > 0, 1t [as, b =

[1.1875,1.2188];

1.1875 + 1.2188
z = + = 1.203, & £(1.203) = —0.0552 < 0, Ht

&

203+ 1.21
. M = 1.211, &M f(1.211) = —0.0132 < 0,

[ag, bg) = [1.211,1.2188];

T

1.211 + 1.2188

N =1.215, & f(1.215) = 0.008 > 0, H [a7,bs] =
[1.211,1.215];
1.211 4 1.21
fgo 2125 1.213, & H f (1.213) = —0.0025 < 0, L [as, bs] =
[1.213,1.215];

XFEAREE N 2, BN Tog5 A~ P X R 2 Tl 25 -

5
Clab = [1,2] D [ar, ba] = [1 ‘Z] > [a,bs] = [1,4} > [as, bs] = [1.1875,1.25]
[aa, ba] = [1.1875,1.2188] D [as, bs] = [1.203, 1.2188] D [ag, b] = [1.211,1.2188] D

[a7,br] = [1.211,1.215] D [as, bs] = [1.213,1.215] D -+ D [an, by] =2 - --

—_
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1 1 1
2. [anabn] = Q[anfly bnfl] = ?[an72abn72] == 7[(1,[)]

A, PRI o, ] 10K = 5 =0
3. flan) <0, f(bn) >0 fHML.
e, EE T EERAIGEE] {00}, (b}:

l.a=1<a1=1<a;=1<a3=1.1875 < ay = 1.1875 < as = 1.203 <
ag = 1211 <a; =1211<ag=1213< - <a, <--- <, <o <
bg = 1.215 < by = 1.215 < bg = 1.2188 < by = 1.2188 < by = 1.2188 <
b3 =125<by=125<b; =15<b=2

I H (bn—an):Qin—>O.

2. flan) <0, f(by) >0 fEHJH.
W1 IS sE A, S EIME— SR B B2

a, — k < b, B lim a, = lim b, =k

n—oo n—oo

TR f(z) = 2° + o — 3 BALIESM:, AIh
lim f(a,)=f(k)  lim f(bn) = f(K)

n—roo n—oo

o i fla,) <0 18H f(k) <0,
o th f(by) >0 350 f(k) > 0.

FROARA f(k) = 0 A BERIEHH 2 _EdR PiFh 4.

Py I8 BT AR, FRAE BN T RS R b A E B AR AR

N TRRTTE, FAIAYI f(a) < f(0). [ fla) > f(b) B, FATATLAXT
—f(z) Al —c RAEFFERTHE]. HE 8.19 FR, & MEAREA LA, H2FKA]
FTEER & B/ A, AR ik A Hoh— A3 S AR AR 2.

B ay = a, by = b, {EHIXH] [a,b] —554)
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i
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MBI [am, bn] FRMERHEBON [amns1,bna]. A flan) < c

am + b
f(bm)>C,B;2$0: 2

g (M) < MRS o ]

A+ by
2

-%f( )>cmmm¥&ﬁh%ﬂwmm;

e i f (am;'bm> — e Gt bm +b Wik 2Bk xo, 1M & BRAHIE.

ﬁ
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IR A e 1@fC%+
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RIS T RS A BRI LS [0, b T2 FAIL0

BRI HRIK 5%
= ¢, TREMMIE, 7—Fhm]
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1. B I ORISR {an), (b, ), 36

a1 <as < <a, < <b, <<y <y

I H. (b, —an,) — 0.
2. f(an) <c, f(bn) > c fHMAL.
AR 1 AR E £ A B ME— 354K o

hman—hmb =z B} a,—x<0b,

n—oo

R IR f(x) 5 20 HESEHEED
T fan) = fao),  lim f(b,) = [(xo)

H f(an) < e, FMERWIRME f(zo) < ¢, [AFEHL, i f(b) > ¢, FHRIEM
WBRAEL f (o) = c.
JbA, A f(zo) = ¢ ARERINHR & EARPIAS A, E BRI

Ya>0H0, f(z)=a"—a=0fFEME—IIETZEAR, W o 19 n K
BRI, HFS Ya For.
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UEW]: SElbArAErt. f(0) = —a <O, i
fl+a)=(1+a)"—a>0

FREA, mREEER f(z) = 2" —a fE 0 fll (1 +a) ZEEDH R 2,
& f(xo) = af —a =0 L.
FHUEME—E. AE = > 0 1), @ SUKIER n RO7TH 2™ Mgk, FriA f(z)
1E x> 0 B2 R E, YRR REA A RIS E f(z) = 0.
Fmy A I Cn ROTREEL y = ;@ > 07 fefit T BHEEA. Ty
T HE— AU R R E B B — i 2 TR AL, FRATTES T T i

MTFEABIZIX f(2) = aor™ + a1z + -+ an, (a9 #0), HA
PASRH — MBS P, (454 o > P i, f(z) BIES aox™ HIEA AR
£

HEWL: f(x) = a(ag + o(a)], H o) = T+ S 4 h (0 £ 0) R
TS MEFHETR. B,

g, el@) =0
ﬁ’@lﬁi%w{é XTEER e = |aol, FAAE—MNIESL P, (1524 « > P B, MM
0< - < B ., A

(@) < lao
FI o+ (@), (v > P) 5 ag W5, B f(2) 55 aga” 5.

Tﬁ%gﬂﬁiﬂﬂﬁ?tﬂ P H‘Jfﬁ,iﬁjﬁ%ﬂﬂ#%&lﬁﬁé\g = ma‘X(|a1|7 |a2|7 ey |an|)a

. 1 1
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)
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T
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feie
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o Yo FTHKRE, flz) 5 a [{%5;
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n WL W f(z) 5 a0 5

HY AT AR RS AT ThT Y e -

0 ARG WSEREORE 2" + ez a2+t ag =0 F—
AN

>)15i 8.2
L AR R 845 s AU B AL L2 R A
@ S =lel (©) h@) = ala| - 1
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(b) 9(z) = 15 d) p(z) =z

2 W [(2) = 57, W A(0) = —1, (1) = 2 FFEHIR, et
Fr) =046 0<a < 1 hREAR

3. RO RR A AE L SO TS -

x+2 -1
(a) f(x) = m (b) f(.%‘) = (x2 + 1)(2$ + 3)
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(©) ole) =/ 52 (© ol = T2

(@) hz) = — !

T a1

4. BUIEF 91 2 T 20 ME— A IR SR,

(a) 23 + 2% —1=0; (b) 3 — 322 +3z—4=0.

5. JIEMH 82 —4a? — 182 +9 = 0 BY—H7E O Ml 1 2 [6], —#RAE 1 A1 2 2 Ja],
—ARAE —2 F1 —1 ZJA].

6. MTRHIBZIBRE [, K—HEH n (51 n Ml n+ 1 ZAHHE— = 3
2 f(x) =0:

(a) f(z)=a® -z +3; (b) f(z) =242+ 1.

7. % f(x),g(z) RFAESEREE f(a) > g(a), f(b) < g(b), KUELE a,b
ZIAFFAE—AEY o, (1T f(20) = g(x0).
1 1 1

Fo b =2 A, HA
b z-—c¢

8 Bra<b<c IR — + ——
MRAE a,b ZI8], 73— HRAE b, ¢ Z[H].

9. M ArEIEEEsR o + 20 — 7 =0 WIEMR, #fHRZE/NT 0.01.

BT REBRArEER

TERFTE— DRI, AL RIEH AR Z R R R R RN y 2 o
MR gL, A ETEAE o Fooh y BB, BN, 7E A gzt iR
MEFIRIIFTE] ¢ RAERAE s, W s 32 ¢ HIREL

5= %th (8.5)
R PR, MMC IR s B T VR ¢, WBZAN (8.5) 3KF ¢ i -
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= = 8.6
t ; (8.6)
X, t 2 s HRREL. _
2s il

=3 ;
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Bl 8.20 ¥ xR, y e R4, HEL
fry=flz)=22+3, g: x=g(y) = >——
BN R

Bl 821 HarxeX={z0<x<1},yeY ={yl0<y <1}, Ifi 2,y ZIAH
KFEAR o +y° =1, WEHL

fry=fl@)=V1-a?
g: x=gly) = V1-y?

FONRCREL, PUOATE ERKR o +y* =1, o,y RXIFRE, BrOA f Al g 2
Al — XL FE— G T f A g AR R AL

WA, AR AN — DRy = f(2) BRREMRAS— IR EL « = g(y).
BN, WREANER o,y ZREHXRRZ y = o, B0 X = {z]z € R}, {H%
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AT B ASK o MPARR S, SXASeREL fRANT, tog e i e R RERS E A
B g Y = X J2, XA y(#0) €Y, ¥4 X PN EE 2 =y
Mo =—y fy XN, WREFR:
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N IFATRUE I EA BN B ECA A SRR

B y = f(2) BARZFERIMET: G 210 # 22 = f(z1) # f(22),
HUR VLN T E S X LAY 21, z2, EAVEEK Y = f(X) FRIXY
{H fz1), flz2) BAME. B2XT Y = f(X) WAy, @id R f,
APDATOG R — A AT —AS @, (A5 y RS @ SR, SR — A~ eSO
X BY = f(X) B——X R, s (G ELE) , fRRiE e oe of
Ry X AR f o @ f(2), FATATLASIH A 28405 AR S
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TRXMTY = f(X) W1y §A X AR o, X215
BT ARG

g: Y =fX)—»X, flifFy—z=y9)

it y = f(z).
ST R IR R R b 5 220 DA R B R 1A

ey ) (o)

AR ETRIEAT, BATTAS 2 SR ) — o SCAnE

BT REL y = f(2), HoEg U8 X, (IR Y = f(X), WERXT
YV = f(X) Wd—A y i, AR RX y = f(o) BFEME—— 2
{5, MRS —AE R Y = f(X) B HAE f(X) =Y BUFE X L
LAy O B ASRET R AL @ = g(y), XABRBFCAREL y = f(2) BIeR

AEREE f B2 g MSCRREL, FFHREy = f(z) SEMERE » = g(y)
AU AL R B e — MESE RS, AP

g(fx) ==, fl9y) =y
HHAS 7 Fon b B R,
fHf(@) ==, f( ') =y

BBy = () HOI%A 51 HITRRAC o = f(a) RV BRHLAFE, 3
RAEIL Y = [(X) W, AERS— M vo, 161 o BOPATIHE y = yo. T8
Ay = J(2), @ € X MIRGRAL y = yo RERET A, WAL RE
R BEGIR e, IV A2, T AR MR LB, e .22
i

T 1A .0 A S R[50 7 B R 4 A
= (o) 2 = o(y) B ERRRR AR, AL LR Al
WAy = 20 + 3 (EGAEMRER « = (s — 3) WERBTLF

(—‘;),0>, (0,3) WylAl—4HZ 22 —y+3 =0, LEMEE v = f(z) =22 +3
MRIREA, BN R, TR 2 = oy) = L(y — 3) MIESORA,
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2 Y
= f(z) AT

SN
/o N\

Ly y=flz) B

/ Y=1Yo

/0 h

P 8.22

O IR, EURERT— AR, — BT AT @ S
L, PR y FoR AR, AT SRR A R R « = o(y) 10 2.y
AR, EILERREE y = o(e). RAMBFK v = o(e) R v = F(2) 9

S, MR y = f(x) QR y = g(r) MR, GUEE y =20+ 3
Fly= (o~ 3) THREHL

ity = f(r) FERRRE Y = S~ () IS AT 27

P (0.0) TEMIE y = [(2) b, A (b.0) BAEIA y = () L.

LI, B (0,0) FEME y = F(@) L, BIVAb = f(a) A, Bt
AAGR @ = f71(b), XFRA (b,a) FEMZ y = f1 () b, THRAE (a,0)
R y = [(x) U, 4 (b,0) A y = [ (). BRI
RIDGE A (0.5) I (b.a) 3T55— SRS RO T4 v = = XI5
B, TSRy = () MR, Rl y = f(2) (RIS XT
H% y = o ARDRRATDL A1 8.23 BR.

R AR

Wy = f(x) XA [a,b] Fgess (i) HiEgk, X f(a) = o,
f(0) = B, WIHERXE] o, 8] LAFESR v = flo) MR = = [ (),
Noax=f"Yy) 7 o, 8] (K [B,a]) W™ kLR (SbE) HiEs:
.
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Kl 8.23

UEW]

L gk y = f(z) MESCRIXE (o) 5], By 52 [o, B] HHEE—, WER
y=a o B, IAMMN « = a 200, B fla) =a 5 f(b) =8, BFHZ,
a, B f(z) FEEM. AR o = fa) <yo < f(b) = B, HIESRL
FIREE R, 7E [a,b] ZIELAFFAE— L 2o TR f(20) = Yo, R [ov, B] T
— U HRIETAEIE f ([a, b)), AR yo ¢ [0, B], IR PR, &
ARTHERAT— Az € [a,0] MR, XL T f(2) BfEIERE (o, 6], BIE,
TESRIRREL [+ [0, 0] = [o, B] I

2. FAIE f 2B, RO AS I R A f WA
Ty <z = f(z1) < f(x2)
Bl 5 AR B 5 R BUE S — X, FrbA f 2 B

M B PTHIREL f @ nT iy, BIAEE— NS 1 o, 8] — [a,b], H
o= f1y).

3. UEHT f RIS

BBE y1,v2 22 (o, B] WAIEAEL, IFH g1 < yo, X 2 = [~ (y1), 22 =
I (o), AT XPEL 21 Al 20 RAZMATEE: 21 < 22, 21 = 22, 21 > To.

WER 21 > 2o, fT f ABIEIET, HLE

y1 = f(x1) > f(x2) = 2
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X5y <y WBREEFIE, B, 1 <o, B
n<y: = [lyp)=x1<z2=F"(1)
ERIE T« = ' (y) & [o, 8] _EREG sk
4. BJEIRIVUER © = f~'(y) #E [o, 8] FiESE, (HRFEmTHE, FATAER
5%, [Al2E HEHLESE AT AT .
— MR, — AN RET A A BERRRI LS, RS S R AL
fin, iy = f(x) = 2*, x € R #EX[A [0, +00) 5 (—o0,0] LiEsE
AAEEYE. o [0,0] € [0,400) Fil [—b,0] C (—00,0], X4 b 2fEEK
WESL, Bty = 2%, = € R IWHNE y = fi(z) = 22, = € [0,b] F
y = folx) = 2?, x € [—b,0) My REAFAEEIE, 2 HA R REL:
x:fl_l(y):\/ya y€[07b2]
r=f'y) ==y,  yel0,b?
H2Y b — +oo B}, b* — +oo, ITPA,
o EZAEM By = fi(z) = 2, z € [0,+00) WREHZ ¢ =
Ji'(y) = /Y, y € [0,+00), ‘B LRI Hs 251 1) ;
o HEZARI—B y = folx) = 2, z € (—o0,0] WREEZ v =
5 (y) = =/, y € [0, +00), BIRIESEIFIT K Y.
B L P o oy SRS, R AR MR ERE, (R
K 8.24).
y=fi'lx)=vz, yel0,+o)
y=rs'(2)=—vz, yel0,+00)
—fH, Ay = f(x) = 2", (n € N) FE2EFFIXTA] [0, +o00) S
M, KA f A RREL
r=f"1y) = C/@Zyi, y € [0, +o0)
TEZE I A AR 1B Y 1.
El@ 8.25 . FRATHE LA R AR B AT R R A B 4

2] 8.3
L. 5 R R R 1 27 A R 2
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- f (&) fx) =z +1]

2. RFRA A R I S EATT 8 EROR E SO E IS A e A T4 S ek B, I
TS BT RL @ RIS R %L

(a) y=+v2x +1 (d) y=+v1—2a?
(b) y=2x2 )
(c)y=2"-1 () fla)= =3, —l<a<l

(a)y:x% (z >0) (C)y:xf-l (xz #-1)
) y=22 @#0)
R ar +b d |
4. ERH, 24 HAYY ad — be # 0 i, f(m)zma <-’E75—c> e,

FEREMRREL AEH2KMT, f(2) BRREEET IR R AL

5. (a) K fl) = = _35 WS EREL [ ().

(b) EHIREL f(x) =
f(z) H@ﬁiﬁiﬁﬁ

(c) BLRRE g(z) =
fME.

()| f(x) <0, fz) >4}, 3K

o (z) = 3“”6, SKIHC a.b ¢

6. f(x) = { o=t . 2 SEEE R B R — AR S
2 T <

(a) B q(z) & [ 71 f WE AR, o WX TR o).
(b) # qx) MREEUE ¢ (z), ] @ R THRT ¢ ().
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B =SB R = T R
{3] 1875

BT RIEE PR

FoATHGE, IEZREL y = sing B— NS T 2r BIRSRE, BHE X
IS (—o0, +00), MR X E] [—1,1], EARYES QA 9.1.

Y
P TN TN y=c
A N, 7 AN .
s =~ o ™ 3
_ : 3
K 9.1

TR y=c -1<c< L fEHE&K y =, "MHIEZHZ y =sine T
TeFF LA R, XA AR R 2

x =g + 2k il x=(m—x9)+2kr (k€Z)

A TR @ BN IR sina = o, TIAMIA y = ¢ XHI. 7 AT 2541
o AT RESREAE, Tl VR REE B £ < R — [~1, 1), f(«) = sin FHHE
H BB B L7 SBR[, WA X ] | =7 + 2k, & + 2k
fby=mmm—iiﬂﬂme%EE{g+%m?+%ﬂi;yZMx
L RS -1, TR MR R S ECE A, X i X
LA

U IR RAE X |7, 7| e R IE s ek B LB, 3]
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UL E e SOESZ R FAE, B REGCTE © = arcsiny, {45
T = arcsiny = Yy =sinx

NN m™ T

ﬁ?ﬁ%yzﬁmn%iﬁ%%#Zﬁ,%mxe[;iq,ﬁﬂﬁ%ﬂ%
AR BT I R R A LR PR K, T
FTRERAE Ay — sin I E MR R TR, UERITIE

By = sina (EPRIKI] |~ 2. | 0 06 O O 5 PR R 5
BARBOTE B SHE @ = arcsiny () @ 2SI, SN IEZ(E
Hy), ERERIAIKE -1 <y <1, fERIKE -2 <o <

IR S, T 0 5y THITER y = arcsine, BE, Rf1H
SUESZRAH (EAH) B ST LA RAUA T

FEPICIR —1 < @ < 1 L, $o RIFS y = arcsing RAEAKE [, 7]
B AR, ERELEST o, 0 siny = 2.

F 5 R 0 72 ST — B2 S B T 0 ) — S P F

. 7T 0
e arcsin(siny) =y, ——<y< =
2 2

sin(arcsinx) = z, -1<z<1

o BREL f(x) = arcsing fEMIXTE] [-1,1] L, HHEL.

« y=aresing, —1 <o < 1WERY y=sine, —¢ <y < T HERHET
HZE y =z X (K 5.2).
FATC R ZRFOE AT R AL, BRI K TR SR, IAER AT EIE
f(z) = arcsinx ZZ7pR%L, H arcsin(—z) = —arcsin z.
WEWI: —g < arcsinz < g, i — arcsin . W% R HITE A —g ] g SR ]
W

T LT
5 S —arcsinz < o
Y, fi —arcsinz IEZ%T —2
sin(— arcsinz) = —sin(arcsinz) = —x

A : arcsin(—z) = — arcsinz.



Y y=uz
T y:arcsin/x“/
20
1k // —‘—"‘\\
\\y:sina:
- L L >
\\\ 71 O 1
\\--—:,”' 1—1
N _r
// 2
9.2
Bl 9.1 KTFHIEARME (NE):
1. <1 —_
arcsm2
1
2. <] -
arcmn( 2)
3. arcsin 1
figt :
T ™ 1 T T e
1. in-=—, FAAFsin-=— —— < =< =
arcsin 5 = <, .j{]smG 5 H. 5 <6<3
9 . 1 ™ B si ( 7T) 1 Il 7T<
carcsin | —= | = —— sin({——=) =—= —— < =
2 6’ 6 2’ 2
T T T T m
. inl=—, FAsin-=1, = [—*,*
3. arcsin 5 ZSkya] sin T A 5 N 5’3

Bl 9.2 SKHHIE:
arcsin (_\/§> , arcsin(—0.2672)

firt :
1. arcsin —5 = —arcsin — = —

2. arcsin(—0.2672) = —arcsin 0.2672 = —15°30" ~ —0.2705
Bl 9.3 K FHIEHE:

il
3

| wom
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1
1. sin | arcsin — 3. cos arcsin§
3 5
4. sin {2 arcsin (—3>}
5
2
2. tan (arcsin {) 5. arcsin (sin 77T>
6

firg -

1 s 1 1
. sin ( arcsin — | = =
3 3
2
2. tan (arcsin \2[> = tan% =1

Sagg,ﬁﬁé\sina:% HT —
sina >0, AJDAHIE, o 25—RRKA, FriA

.3 L (3 2y
COS | arcsin — = — — =
5 5 5

. . 3
4. ¥ arcsin <5> =a, Hifp —

3
3. ifvﬁarcsing =a, Hf —

IN
Q
IA

o
[N

sin o = sin

| —

. 3 3
arcsin [ —— || = —=
5 )

Ml sina < 0, ATDAHLE o @EEVURREIM, B

3\? 4

cosa=([l1—|—=| ==

) )
4 24
B : sin |2 arcsin —§ = sin 2a = 2sina-cosa = 2 —§ =) =—=
) 5 5 25

. . T . . ™
arcsin | sin F = arcsin [sm (71' + 6)}

. T
— arcsin { — sin 6

<a<

. . ™
= —arcsin {sin —< | = ——

6 6

%TF y = sinz, HEHLE T E7EH X —g <z< g R =
arcsiny, FATERERH y = sina 26 HT BIHIK ] FiY R E .
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=

&

1. y = sina ZEHX ] [—g + 2k, =+ 2kr| b, -1 EFHE L, B
VALY 1 I B 5

x = arcsiny + 2kw, ke€Z

S
sin x = sin(arcsiny + 2kw) = sin(arcsiny) =y

[[IREN

—g + 2km < arcsiny + 2kw < g—i—?k‘ﬂ', keZ

2wﬁﬂmxﬁwz@[;%%idEIT%Q—JME%ﬁﬁﬁ%
T =T — arcsiny

A

sinz = sin(m — arcsiny) = sin(arcsiny) =y

1y H.

T 7r< . < +7T 3T
— =T — — T — arcsin ™ —_ = —
2 9 = Y=TT575

FMTE AT DALE BRI _EAEIERUERT 2, nfal 9.3 .

3. y = sinx FEM]X[H] [g + 2k, 37% + 2k:7r] b, B 1 RREE -1, A
5 HBAIEAS & AEAH B X 8] _L i) 2 pR 802

x = (m —arcsiny) +2kmw, keZ

Bl 9.4 THEMREL y = arcsin(sinz) K.

fift: BT IESZRYRIANE, PREL arcsin(sinz), » € R DA 2 R, BIE, R
WHCEAER N 2r BIXRINREEIN. BT

siny = sin[arcsin(sin )] = sinx
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Y Y

T — arcsiny arcsin y / —arcsin y
Y
DA A
(1, \ ¥ 401,0)
T — arcsiny 4 arcsiny

Kl 9.3

-%xe{;ﬁﬂwymmiﬁmﬁﬁzﬂ
r=m—y = yYy=m—x€ (—g,g)
B2, LB A S y — 7 — o S, B, L A
9 1 A1 3 LR

1. J:‘gxe[—§+2k7r +2]€7T} B, W o =y+2kr, W y=a—2kn;

2. ”:ﬁxe[2+2k7r +2k7r} Bf, W) @ = m—y+2km, Wy = (7 —x) —2k.

BT IAR, 38R y = arcsin(sinz) EIGORITRIIZIR, WIE 5.4
.

il o
A 5 5 /
1 1 > x
/[27r 3r — o7 %\/W
2 2

2] 9.1
L R = BRI .
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(a) arcsin0.7 — arcsin 0.5

(b) arcsin <—§> — arcsin <_i>

(c) arcsin (\@ — 1) — arcsin (\/5 — 2)

-SRI

(a) arcsin >

(b) arcsin (— ?)

(c) arcsin0

R AS AfE:

(a) tan (arcsin ?)
(b) cos (arcsin g)

R ASAfE:

V2
(a) cot (2 arcsin 2)

1
(b) cos (2 arcsin 3)

. PHEMRE y = rarcsin(sinz) KRS,
. f(z) = sin(3arcsinz) BYEIS.

Tt V3

(c) sin = = <~

(d) sin(—2.314) = —0.04038

BF, SKeR%k y = zarcsina (Wi KA/ IMA.
CAKRAE, e N EZENAFS

(d) arcsin(—1)

(e) arcsin <—i>

(f) arcsin0.7841

(c) arcsin [Sin (—g)}

(d) arcsin <sin 5(?)

(e) arcsin(cos 1)

vfoe(9)

tan < arcsin — )

TR
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376 BT REARKESHE=ZASZENRE
N ARRE RS

HIARTXERE y = cosx KIS (18 9.5) Fili, B¥ y = cosz 1EM]X[H]
[2km, (2k + 1)m] b, 1 1 FREE| —1, MM X [(2k — 1), 2ka] &, i —1
TR G, T A EREXR], SR y = cosx Ealr R — AN S REL

B y = cosx FEMIIX[A] [0, 7] b F S eR AR A sz B R Av s, id
1k

I = arccosy

ERE 2 A [-1,1].

MU A RAUA A E L, 2 (B#FEE o,y MAE) © FEPIIXE
—1<z<1F, ¥ o WK y = arccosx 27EHIX[E] [0, 7] B— AR,
BHIRZEET o, B cosy = .

Bl 9.5 KTFIAAME (HF):

1. arccosl 3. arccos 1
1
2. arccos <_2> 4. arccos0
firé
1. arccos% g j\jcosf =, ﬁﬁﬁ0<g<7r.
2. arccos( ) .j\jcos——cos(w—g) %,ﬁ’ﬁE0<2§<w.

3. arccos1 =0, [Fk cosO=1TMH 0 AH [0, 7] FIFHFRE.
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4. arccos0 = —, ARl cosg =1, MA0< g <.
FH S A% 5% PR R SCFN SRR BN ) 2 BEAS- 2 S A s e o R
1. arccos(cosy) =y, 0 <y <, cos(arccosz) =z, -1 <z <1

2. BHK f(x) = arccosw ZEMIKI [=1,1) F, = FWeE| 0, Hikg:.
3. BAVHEEAMATIAE o Rl 7 — o WATRHIE, 1

o

cos(m — ) = —cos
Rz, AEXIE [—1, 1] WRH R Sear sz J oA, B

arccos(—zx) = m — arccos , x € [—1,1]

4. JRRTEREL y = arccosz FIRIZGANE 9.6 TR,

Y

Yy = arccosx s

{ arccos(—z)
s

WEW: A/ 0 < arccos(—z) <7, X 0 <7 — arccosz < x fij H.
cos(m — arccos x) = — cos(arccos ) = —x
HURTZBREUE [0, 7] R B, 1548

T — arccos & = arccos(—x)
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2

arccos —Q = 7T — arccos Q _ T _3m
2 | " 2 ) T T 4Ty

arccos(—0.9695) = 180° — arccos 0.9695

Bl 9.6 R FHKFHIE: arccos (—ﬂ) , arccos(—0.9695)

fi :

= 180° — 14°11" = 165°49’ ~ 165.82°
~ 0.92127 =~ 2.8945[ &

B 9.7 =K tan larccos (—2\3&>] HHE.

2v/2 2v/2
m=&mmwgza,ﬁ¢0<a<w,%z~ma=§(,m%

0<a<mHcosa<0. FPAHIE o @5 _FRWMA, PrPA

1 9 1 V2
6 :,Jggi::,Vi:;f T
ana cos? o 8 8 4

#l 9.8 HERH: #7 |x| <1, N arcsinax + arccosx = g

> . ™
WEWI: -+ sin (5 — arccos 1:) = cos(arccosz) = x

N sin(arcsinz) = x, H.

T
0 <arccosx <, —— < 57 arccosr <

o
A

arcsinz g — arccos x s& sinz FFHAE X [E] [—g, g} .
AR sinz FEX X [E] R EREM:, B arcsina = g — arccosx RJ:

. ™
arcsin x + arccosx = 5

R o4 12 . 16
B 9.9 ERH: arcsin = + arccos R 4+ arcsin i g
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arcsi 1 + arccos 12 T arcsi 16
ICSin — I — — — — arcsin —
5 13 2 65

= arccos —
65

&

4 4
a:arcsing, Iy Sina:3, 0<a

<
12 12
A B arceos T, | cos B 13 0<p

P

1
O<a+pB<m,.. a—l—,é’zarccos%, i

arcsi 4 + arccos 12 arccos 16 T arcsi
Ircsin — I — = ar — = — — arcsin —
5 13 65 2 65

arcsi —+ arccos 12 + arcsi 16 T
rcsin — I — Iresin — — —
5 13 65 2

FEAR LR B AR A Py, S RT3 R A5 ARk

1. FEMIX I (2K, (2K + )] b, y = cosw i 1 FIEE] —1, 1Eikst
P X ] 0 2 2

x = arccosy + 2k

FHL b, o€ 2k, (2k+ V)7, T HENARZET v.
2. FEWXE] [(2k — 1)m,2kn] |, y = cosz ) RE2

xr = —arccosy + 2kmw

UERHAR 5.

#il 9.10 FiEpR%L v = arccos(cos ) HEIA.



380 FAE REZAJKLSHEZASRGRE
fig: BN cosz W 2m, BREL arccos(cosx) i Rk EL, FANIZ 2m, H
cosy = cos|arccos(cos )]

Bil: cosy =cosz, IXH 0<y <7, xcRRIE ARG, HE:
1. Y x € [2km, (2k + V7] BF, = =y + 2km, Bl y = = — 2kn;
2. M 2 € [(2k — 1), 2km] B}, @ = —y+ 2km, Bl y = —2 + 2k,
PR%L y = arccos(cos ) WG R (K 5.7).

Y

—A4r fi"m —27 —l7r 0 7;' 2m S;r 4n 5;r 6r v
Kl 9.7
2] 9.2
L RAasaiEAFRR oA (2 € [0,7]).
(a) cosm =1 (d) cosﬁ:—ﬁ
b om 1 6 2
(b) cos 3779 (e) cosz = —0.8065
(c) cos(—3) = —0.9900 (f) cosz = —1
2. PE N HZERATS
(a) arccos0.7 — arccos 0.5 (c) arccos (sin 1—7;) —arccos (Sin 1)

13
(b) arccos (—i) — arccos (—i)

3. AMEVEE, BE TAIA AT
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(a) arcsin 0.85 — arcsin 0.8 arcsin(0.4) + ™
arccos 0.85 — arccos 0.8 (c) —g
7 — 2arcsin(0.9) arcsin(0.6) — 3

m — 2arccos(0.1)

4»@@~4%ﬁ%¢,W@ﬁyzmmwmﬁ@ﬁy:mmmgmgﬁqﬁ

@%@ﬁ@%ﬁ%%x%ﬁﬁw,@ﬁ%%mmwg—wmwxm%ﬁ
. F/Mi. SFE

5. T &XAME:

(a) sin (arccos ;) (h) sin [3 areees <_\§>1
(b) sin (afccosg) (i) sin lQ frecos (jﬂ)}

(c) tan alrccos3 ’
13

) 5
cos (arcsm 5T arccos 13)

) 3
) 8

(e) arccos(cos 2m) (0 sin |2 V5 V5
| sin arcsin —= — arccos

(d) arcsin(cos1)

(f) arccos <— cos 3767r> 3
1 1 1 V3
(g) sin (2 ATCCOS 2) (1) tan (arcsm 3 + arccos 2)

6. I L

<z <1, N: arcsinz = arccos m

<x <1, M: arccosz = arcsin /1 — 2

—1 <z <0, W: arcsinz = —arccos /1 — 22
#—1<x<0,0: arccosz = m — arcsin /1 — 22

¥ o DOF

7. R AR

s
a) arccosxr — g

b

arccos2x = 0.5

(a)

(b)

(c) arcsinz = arccosz, |z| < 1
)

(d) arcsinx 4 arcsin(1 — z) = arccos
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(e) arcsinx — arccos x = arcsin(3x — 2)

8. 4 _% <z <0, K f(z) =arccosz + z? f)H/MA.

=1 RV

HHIEDIRC y = tan (9FI% (7 9.8) WA, BAE tana ERAFFIX
i (=5 + 2k, 5+ 2k ) P11 =00 EFRE] +oo. FRLAFERE AR IFIX
HAEHR AN L

Y
| | A .
3 fm 1 m O 7 3
2 | 2 12 2

B 9.8

By = tane TEFFIKIE — 2 <o < o NI BB IE V)RR A
B, A

T = arctany

PR AT SR AT A IEYIROME, B DASCIEYIE S T IX[E] —oo <
Yy < +00

FE LA 4 1R AGA I TE VI St FETFIXI] (—o0, +00) 1, 4K y 9
RIEY) @ = arctany RAEFFKI —F < o < 5 A AMASIR, ©H9iEY)%
Fy, Bi: tanz =y.

1 52 SURI S B B 4 ) I TE M M e
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s 7T
1. arctan(tanx) = x, 5 <T<g
tan(arctany) = y, —00 < x < +00

2. y = arctanx, v € R 2N I HitESE
3. arctanx J2 A%, B
arctan(—x) = — arctan x
UE B 45 [ 21 2 52 L
4. JOFEYIRE vy = arctanz, —oo < x < +oo HIEIZANE 5.9 FiR.

Y
il
,,,,,,,,,,,,,,,,,, | & o ________
y = arctanx
- T
o
,,,,,,,,,,,,,,,,,, I SSROETEEEEEEEE PP
2
K 9.9
Bl 9.11 RTEHEXIE (RE):
1. arctan1l 3. arctan\/g
2. arctan(—1) 4. arctan(—v/3)
fire
T 0 T T .7
. =2, B Z = <l
1. arctan1 1 jgtan4 1, mHE 5 < 1 < 5

2. arctan(—1) = —%, KA tan (—%) =—1, MH —g < —% < g

™

3
4. arctan(—\/g) = —g, KA tan <_g> = _\/§7 i H. _g < —

3. arctan\/gzg, H4 tan — = /3, TH —g<%<g
7T<7T
3 2

il 9.12 >k cos [arctan (—i)]
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3 3
fif: X o = arctan <—4), Hrp —g<a<g, 2l tana:—z

T fg <a< g il tana < 0, ADASIE o SEEEPUS IR, BT

9 5
seca = \V1+tanla=1/1+-— = —

16 4
4

cosa = —
5

¢ 3 4
cos |arctan | —— | | = cosa = —
4 5

KTy = tanz FEHE RPN SR KL, A T 1 .

TEFF X [H] (—g + k, g + kﬂ') ,keZWy=tanz Hf —oco FT}%] +o0,
TR LX) F [k loe « = arctany + kmr.

HYLL, ve <—§+k7r, —|—k:7r) i FL
tanz = tan(arctany + km) = tan(arctany) =y
1 9.13 K arctan 2 + arctan 3 1.

T W T
= arctan 1 < arctan2 < 3 1 arctan 1 < arctan 3 < 3
< arctan2 + arctan3 < w. M H

fiR:

AR PR

tan(arctan 2) + tan(arctan 3)

t tan 2 tan 3) =
an(arctan 2 + arctan 3) 1 — tan(arctan 2) - tan(arctan 3)

o 2+3
S 1-2x3
H T arctan(—1) € ( ) T2
T 3
arctan 2 + arctan 3 = arctan(—1) + = = 1 +r= T

Bl 9.14 it y = arctan(tanx) FJES.
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it B arctan(tan ) B SUHMURIRE @ = T+ km, ko€ Z 9K R,
HRIHAIFIRE (=3 + b, 5+ b ) k€ Z FRAMI— 4. PmEe
y = arctan(tan z) [EIRTE © = g + km, k € Z iX S S AL RIWE. BT

tany = tan[arctan(tan )]

Bi: tany = tanz, X H —g<y<g,gg;&g+[m,
Bk, %z € (=2 +kn 2+ hr) I, @ =y b, QB y =2 — k. T

h_{m

3
e Mye (;r,2> B, y=2—m;
e« Mz <327r’5271'> B, y=x—2m;
3
° %.’L‘e < ;a;) ETJ‘, y=z+m;

BT VAT T -
%g+%—h<x<g+MWiy:x—mn?%%mmﬁ~¢ﬁﬂ{%}

WA T+ ke B, 2fE 2, — (5 + k) 004

lim y= lim (.Z’n—k‘ﬂ')zf-f—kﬂ'—k‘ﬂ'zﬁ
xn%(ngkTr)i mn%(g+k7r)7 2 2

ﬂ:f.g+m<x<g+(k+1>7ra¢, y=z— (k+Dr. TRY 2z §EA4
B (o} IR T + ke B, 20 @ - (5 4 hr) 04
T

im  y=  lm [, — (k+ D)7 =g+k7r—k7r—7r:—2
zn—>(§+k7r> mn—>(§+k7r>

M2, B arctan(tanx) FERBTA @ = £ + kr AbYZE . FARIETEE, HZit
AT 5 ARG T 3, REERAEE R AL, AT T B,
ERYE SN 9.10.
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Y

S S S S

9.10

B ORI

HIRVIREL y = cotz MG LA BB ER cot o FEREIFIXIE] (K, (K +
Dm), k€ Z W, W +oo ilE] —oo, FrAMERNMZXAEMIFIXIEIE, k%2
FFAEM).

PR y = cot x FEIFIXTE] (0, ) AR SpR A RA VIR B 4 Y], i
fE

r = arctany

BRE U8RI X —oo <y < +o0.

F LRI 24 31 R LA R AR VI s S - FEFFIXR] —o0 <y < 400 I, Ly
I RY] © = arccot y ZIFXIA 0 <z <7 WI—PNAEIR, ERRTIET v,
Bl cotx = y.

H1 B A YT S8 SOR SRR B0E BRAS 3 S AR DI PR B h -

1. arccot (cotz) =z, 0 < x <, cot(arccot y) =y, —00 < y < +00
2. AR IR RO HIESE

3. arccot (—x) = m — arccot x.

XA arccot @ Fll arccot (—x) #ET (0,7) NI, H.
O=m—nm<m—arccotx <0+nm=m
X cot(m — arccot ) = — cot(arccot ) = —x, FFPA

T — arccot & = arccot (—x)



arccot (—x) = 7 — arccot x

4. 4:Y] y = arccot x, —oo < x < +oo WIEZWME 9.11 k.

m

Y
™

T

2

9]

P 9.11

Bl 9.15 K TFFIKXIIE: (HE)

1. arccot 1 3. arccot V3
2. arccot (—1) 4. arccot (—/3)
fit +
1. arccotlzg, ESlys] cotgzl, WﬁHO<%<7T.
T 37
2. arccot (—1) =w —arccot 1 =7 — — = —
4 4
T . T T
3. arccot\/§:6, ESbys] cotgzx/g, MH 0< g™
)
4. arccot (—\/3) =1 —arccot V3 =1 — % = %

il 9.16 =K sin [arccot <—;>} AYfE

1 1
fif: 1% arccot (—3) —a, HP O0<a<n, A cota:—g.
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HFO0<a<m, cota <O, FII)j\%ﬂiﬁg<a<ﬂ

1 1 1
csca:m:\/qzq/goz\/;)
1 3

ST e V10
sin |arccot L si 3 3V10
in |ar —= =sine = —— = ——
3 \/10 10

Bl 9.17 SRiE: XFTATAMSEH « A

™
arctanx + arccot x* = —

fif: % arctanx = o, HH —g<a<z, N tan o = .
Xcot(z—a =tana =z, ﬁ0<g—a<7r, F)ﬂ)j\g—a:arccotx.
Ff o = arctanz LA LS, 153

5 — arctan x = arccot x

s
FTPA: arctanz + arccotx = =, xz €R

1 1
51 9.18 JIEAH arctan 3 + arccot (—5> =7 — arctan —

fiR: &% o =arctan3, ,HiE|30<Oé<E7 W tan o = 3.

1
N B = arccot (—5>, /E\EP%<B<7T, UK

1
cot = —

5 tan 3 = —5

1
tan [arctan?) + arccot <—5>} = tan(a + )

_ tana +tanf
~ 1—tana-tanp
3+ (=5) 1

1-3(-5) 8

3
ﬁﬁﬂg<a+5<§,

1 1 1
arctan 3 + arccot <5> = arctan (8) + m™ = m — arctan §
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L MR =R EeEon P e .

2. $5 A4 R R L
(Eske

(a) y = arcsinz + 2arctan x

(b) y = arccosx + arctan x

3. R A AE:
(a) cos[arctan(—v/3)];
(b) sin(arctan2);
(c) arctan(tan2)
(d) arctan(tan0.7m)

)

1
(e) tan <arctan i arccot 5)

4. K5 T 415 R IR
15
(a) arcsin T7 = BTccos 7

17

4 3
(b) arcsin E= arccot —

4
. 7 7
(c) arcsin <—25> = —arctan 21
9 .40
(d) arccos (—41) =7 —aresin o

(e) arctan > + arctan = =
e) arctan — arctan — = —
3 5 4

(d) tan <—?Zr> =1
(e) cot% —\3

() cot <_5I) -1
(g) cot (—1) = —0.6421

arcsinx
(c) y=
arccos T
t
(d) y= AT _ rarcsing
x

15 18

(g) tan {2 arctan <—;>]

1 3
(h) cos [2 arctan 7 T arccos 5]

(f) sin (arctan s _ arcsin 7)

389
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1
(g) 2arctan 3 + arctan i= arctan 3

(h) in + ! arccos ! arccos 5
resin — + = — = —
s T e 25 5

5. WA R fESER:
(a) HFO0<z<l1, P4

T
arcsinx = arccos V1 — z2 = arctan ﬁ = arccot
—x
(b) # 0 <z <1, HE4

— x2 x
arccos x = arcsin V1 — 22 = arctan ——— = arccot ———

x V1—22
(c) # >0, P4

T 1
arctan = arccot — = arcsin ————— = arccos ————
x V1422 V1+ a2
(d) # = >0, A4
t t i ! z
arccot T = arctan — = arcsin ————— = arccos ————
T V14 22 V14 22
T
e) # |x| <1, HR4 arcsinz = arctan ————
(e) # || g N
#H—-1<z<0, A4 arcsinz = —arccosv/1 — x2
V1— 22
#H—-1<x<0, H4 arcsine = arctan ——— — 7
T
(f) # —1 <z <0, A arccosx = 7 — arcsiny/1 — 22
V1— 22
#FH—-1<z<0, 4 arccosx = 7 + arctan ———
T
#r x| <1, AB4 arccosx = arctan

1— 22

o

(2)

1
x < 0, 84 arctanx = arccot — — 7
T

1
x < 0, A4 arccot x = 7w + arctan —
T

o

1
(h) # = >0, B arccos(2x? — 1) = arccos

2
(i) Hx>1, 2arctanav%—aurcsinﬁxx2 =

6. YERREL y = x — arctan(tan x) BYELA.
7. RN
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(a) arctanz = % (c) arctanx = —g
(d) arctanz? =3

3
(b) arctanz = g (e) arctan2x + arctan 3z = Zﬂ

(f) sin {2 arccos | cot(2arctan )] } =0
8. # arctanx + arctany + arctan z = m, JKUF: v+ vy + 2 = ayz.

9. KilE:

1—
arctan x + arctan 1

BN R MR

THIHHE sine = a, cosz = a, tanz = a, cotx = a T a HELHMIEEL,
T RRARHEL, RERP=AE. SEHPREAN R o [EEEEA TR
il AR Wﬂlﬁﬂ, W = 30% 2 = 150° 2 = 390°; x = 510° 4855, H=FAJr
2 sinx = 3 HIfE, B,

sin 30° = sin 150° = sin 390° = sin 510° = %
=T R R B — U, RIERT— Y NARE, CHM=AKHE o
FIX AR, WRAFLERTE, A2, A — =R A o5
ZAMR, E IR R A R
AT, FANTRME B FTR R B = TR, ARG BRI
i = A T AR VAR B IS Ay e (BT L) = A T R

— DR A DR i
() sinw = a Mg

g lal < 1A |al > 1 BITHIEREIE:

BAEE: 0<a<l1

AR R 2-O-y 1, DA O ABELOAE—RALE, 78 Oy H BRI AL
FREET o 19 Q A, IFid Q HEIPPATT O M B, ZHAE ST A fil B
T, W 9.12, By ok (1,0), LP,OA = arcsina fll ZP,OB = m — arcsina [/
EZEEZET a, FrLA arcsina fil m — arcsina 252 sine = a WWEHR, KTy
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T sine = a WM, W6 2kr P REM A P — N migs], Hd ke Z.
I, RO R E R

x1 = 2km + arcsina

Ty = 2km + 7 — arcsina = (2k + 1) — arcsina
BIER, ATE K
r = kr + (1) arcsin a, kel
HeM2yE, E=myfammd, ke’ IEAHEAR.

Ay ‘y

T — arcsina

B'/rm

B : -
Aarcsm a

K 9.12 K 9.13

B oMEE: -1<a<0
HFERER YRR, i 9.13 fim: ZPOA = arcsina fil ZP,OB =
7 —arcsina EHHE sine = a, —1 <a <0 PYFeE, B, 7R EEDE
x1 = 2kmw + arcsina
29 = 2km + 7 — arcsina = (2k 4+ 1)m — arcsina
AR, AIE
x = kr 4 (—1)Farcsina
BB a=1
JrR sine = 1 IOFEARR @ = 2. Bk, FOTRRGEAIRE
m:g+%m % o =90°+ k- 360°

BIFPESIE: o= -1
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sinz = —1

FER: @ = —3 (Fa=—90°),
@ﬁ:x:—g+%w(ﬁx:—wr+k3mw.
BHMEE: a=0

sinx =0

et © =0 fl 2o = 7.
W vy = 2km Fl 2o = 7+ 2k7 = (2k + 1)m, FIFH:

r=km

BRI ol > 1
HELFEIL T, sine = a BAHMH.

FrebRpgs T RN
a HEUE FHE sine = a [f#
—1<a<0,0<a<1|z=kr+(—1)*arcsina
T
a=-—1 T = —3 + 2km
a=0 r=km
™
a=1 T = 5 + 2km
ol =1 IR

Bl 9.19 fEHFE sinz = %

firé
& 1 BT
x=kr+(-1) arcsin 5 = km+ (—1) 6

iy
r =k-360°+ (—1)"-30°, (ke€Z)

Bl 9.20 )L sinz = _%

firg -

1
x = k7 + (—1)F arcsin (—2> = km + (—1)“1%
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ey
x=k-360° + (—1)F1.30°, (k€ Z)

1w&m.%ﬁ&ﬂm%—n—ﬁf
i
2w — 1=k + (—1)karcsin\g§
2x:k7r+(—1)k'g+1
x:k-g%—(—l)k-%%-%, (k € Z)
(Z2) cosz = a RYfR

HMHE: 0<a <14 Ox F FAEHBRIRET o 19 P &, Hid P
BAEFATT Oy M LA AR ST C F1 D 45, Po 2k (1,0) (& 9.14).
ZP,0C = arccosa fll ZPyOD = —arccosa MIRZEFT a, MUENTE T FENIR,
J5 5 FE A AR 2

x = 2km £ arccos a

FRIE: —1 <a <O /ERUIEDIE, ik 9.15 [FREn] #3505 R iy i
fif 2

x = 2km £ arccosa

2 Y 2 Y

rCCos a
C
iccos a
x

a

x
O 170(1,0) 0 0(1,0)
DY —arccosa D
/ ~ arccos a

Kl 9.14 Kl 9.15
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BEAMEE: a=1

cosz =1

JIRERFERE: « =0, TREREE: © = 2k,
FIUFIE: o= -1

cosx = —1

TR =7, FREWEM: o =71+ 2kt = 2k + )7,
BHAEE: a=0

cosx =0
IR o= S Mo =2 =2 -

JrRMER: @ = 5 + k.
BAEE: o >1
TEXFEL T, HHE cosz = a Tofif.

BAERG AT T A
a WEUE HHE cosz = a HIfR
—1<a<0,0<a<1| z=2km+arccosa
a=-1 x=(2k+ Dm
a=0 ng—l—kw
a=1 $:2k7r
al > 1 HRT AR
Bl 9.22 fEHFE 2cosz+1=0
ey 1 N
%=%mﬁcwx=—§,ﬁ%WT:
1
x = 2km £ arccos <—2>
1
=2kmw + <7r — arccos 2)
T
=2k + (W—g)
:2k77:|:2—77
3

™

B19.23 f5EE cos (T +75) =0
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fire:
Tk
zzg—%'f'k?ﬂ':%—f-kﬂ
:I::4<?1)g+k7r>:657r+4k77

(=) tanz = a WYIR

MK 9.16 i, £PyOA = arctana fl LPyOB = 7 + arctana & HFEH]
fift, FMEATWIEYIET a. 7 RERER S

r = km + arctana
Bl 9.24 R R tanz = —1
figg:

x = km + arctan(—1) = kr — arctan 1 = kr — %

(M4) cotx = a WfiE

mE 9.17 i, £PyOA = arccot a il LPyOB = 7 + arccot a & HFEH]
e, POAEMINRTIET o RS

x = km + arccot a, (kez)

B 9.25 fE 5L 9cot? 22 —25 =0
figg:
25
t? 20 = —
cot” 2x 5
cot2x = :I:g ~ +1.6667
i cot 2z = 1.6667, 5:

2z = 30°58' + k - 180°
x =15°29" + k- 90°
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Y NN Y
) | A%
7 + arctag a T+ arccg’a

a arccot a

rctana . o

0 Py(1,0) 0 Py(1,0)

B B
9.16 9.17

i cot2x = —1.6667, f5:
2z = (180° — 30°58') + k - 180°
20 = 149°2" + k - 180°
x=74°31" + k- 90°
JE 5 R I AR -

x=15°29"+k-90° F1 x=74°31"+k-90°

Lo RS A TR B T

AT, ARV =M BRI, XL, —BUe WA
A RSO 1 SR AR T AN AR RSO AR 1) — PR TR VA 2 A — > s LA e g 2
=M Re, WIMSKE AR e =morfenydfed, W Yk s fEn] BEmdr
TIREFRER AL T . QRIS A A, NI HFTEMPLEAR & Jede, WRLEAR
TSR, MR ATIRRME R, BOAITIRE, BiE e m R EDTRENR. T
[LapiBuRél R 9Ll

(—) &AW 6 £ = fh i B J 7
5 9.26 fEHFE 2cos’x+cosx—1=0

fitt: EITREBNE R T RINECH coso I "R ITRE, IR UOTREIML, AIiG

-1+v/1+8 —1+3
4 4

COSx =
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1 .
IS cosz = 3 B¢ cosz = —1.

1
3] cosT =, 5 xz?kw—i—g; i cosx = -1, 5 2= (2k+ 1)m.
R AR R AR 2

{x’x =2km £ g} U{z|lz =2k + )7}

il 9.27 fRHTE 2sin® x + 2sinz — V3sinz = V3

s R 1 —bmEsR R A, 5 2sin’ e + (2 — \/g) sinz —v3 =0 f#
KT sine KR, 15

243/ (2-v3) +8V3
- 4
243+ V4+4V3+3

B 4

sinx

L2430/ (2+VE)
- 4
=243+ (24 V3)

B 4

H A

sinz = > B sinzx = -1

5 x=k-180° + (—1)* - 60°.
H sine = -1 158: = —90° + k- 360°.
SRR AR 2

H sinx =

[ %

{z|z =k 180° + (—1)F - 60°} U {z|z = —90° + k - 360°}

XH ke Z.
Rk 2: H—YWER B LA 2sin? s + 2sine — v3sinz —v3=0
7 RE 7 b ] LA R IR 2K
2sinz(sinz + 1) — V3(sinz +1) =0
(sinz + 1) (QSinx - \/§) =0
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HAMAHXFRRETE, WEDEAHRETE, FRR 42 T
FE TR A NEOV A, WA RR R S AEAE#E R E. B
T A R ] 70 SR AR A R -

2sinz —vV3=0 8 sinz+1=0
3
S35 sinz = \2[ Ml sine = —1, 153

r=kr+(=1)". il LE:—g—f—Zl{Jﬂ'

ol 3

e =k (—1)- 5 RA sina+ 1, HHE(, FIFHE © = -3 + 2k
A 2sing — V3, SATHGE, BTRARON R e

{x’x =kr+ (-1)"- g}U {x’x = —g +2k7r}

BRI, TR, A=A, AT AR
RS = ARBEZ A R R, JERR AR A B2 = A R B 2 — 1
“HRBERR, R, AT TR — A T RESTIR S B 2 T AR Y )

il 9.28 fEHFE sin?z 4+ cosz+1=0

fg: - sin®xz=1-cos?zx, o BRIk
cos’x —cosx —2 =0
143
cosT = —
IS 2
cosr=2 B{ cosr=-1
cosxr =2>1, oo RETCRR.

cose=—-1, #: 2= 2k+ )m
BRI (ala = (2k + L), k € Z).

Bl 9.29 fEHFE cosz —sinxz =0

fi: AR cosz FR sinx B sinz FIR cosz, ABARATHAFRIMRATTHE,
N T HEGIX A, ATPAM cosx RERITREMIL, 155

1—tanz =0
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A E TR RN EAH cose = 0 [WfR, FrAFRATA MR FEM. S5 b, M
cosz =0, 8% z = g + km, fCA cosz —sinz T, FH

cos (g v lm) — sin (g + k7r> =0- (—1)ksing = (~1)F1 20

AN R R TTRE.
Wik, M cosz KERETFREIPIRL, 152AE TR F A 7 i

tanz =1

m%,x:kﬂ+g

%%Eﬁﬁ%%%ﬁ{ﬂmﬂm+%k62}
TERE: Y} cosz —sine = 0 B, WAJPAIE cosz $RIFES 24N, A cosz
N1 ISy A K0 D e

cosz(l —tanz) =0

A5 )

cost=0 B tanz=1
@%ﬁcmszW%:x:%+kwﬂ@ﬁﬁl—mmxﬁﬁi,ﬁﬁ%ﬁ
x = 5+ ke REOFRRIR, PO &, R T I A A

tanx = 1.
X1 9.29 33X A FE A fEEA AT AR, H BT T B — R 2 A B
el R T sina Al cosx WFFIREZMA e ZHW R, HONFRITRE,
B 9.29 By 7 e 7 O BB — M.

il 9.30 fEFFIRITFE 2sinz — Tsinzcosx + 6cos?z =0
fid: M cos®x BRIFE RN WG, 15
2tan’z — Ttanx +6 = 0

HIE tane =2 8 tanz=1.5
H tanx = 2 15
x~k-180° 4+ 63°26

A tanz = 1.5 &
x~k-180° + 56°19
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JFOrRER RS2 -
{z|z =k -180° +63°26'} U {x|z = k- 180° + 56°19'}
B X
{alr = b + aretan2} | {le = kn + arctan |

VIR FEI TR 2sin” o + 5sin 2 cos  + cos® x = 4 WH] PAUFAF R TR, A
HIE RS R,

2sin® z + 5sinx cos x + cos® ¥ — 4(cos* z + sin® z) = 0

2sin?z — 5sinzcosz + 3cos>z =0

Bl 9.31 fif L 8sin? g 4 3sinz—4=0
filg: SR RE R AR IE NSF IR AL

8sin2g+68ingcosg —4(5111254-0082 g) =0

{75 2sin? g —I—jsin;cosg — QCOS2§ =0.
W1 DA cos? 3 5

2tan2§+3tang—2:0

T . T 1
B DA tan§—f2 ay tani—i.

4

551 tan% = -2 15:

g = —arctan2 + km
r = —2arctan2 + 2km

4H .
¥ -

N | =

x
t J—
H an g =

< N
— = arctan —
2 g TN

1
r = 2arctan 3 + 2km
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ﬁwﬁﬁ&m@m@ﬁaﬁgzom%,%u,ﬁﬁ%mgim,m%ﬂﬁﬁ
TR

{x}x = —2arctan2 + 2k7r} U {x{x = 2arctan% + 2k7r}

() — %, 55— nT UL iR DR SR BRI J5 7
Bl 9.32 fifE 5 FE 1 — cosz = tanx — sinz
fi: JERERAEE A 1 — cosz = tana(1 — cos x)

WRTTRERIPIAERA 1 — cosz, HR4, JRTREHF A Z45 1 — cosz = 0 (1)
R A TAEEFXR, A 1 - cosa /i1, RN :

(1 —cosz)(1—tanz)=0

Fi
l—cosz=0 B 1—tanz=0

tH cosz =188 2 = 2kn, i tanz =1 53] z = % + k.
T HFE cose = 1 PARIEFE 1 — tans HHEE, M HFE tane =1 11
Rt R 1 — cosa FHAEE, AR TR R 2

{x’x = 2k7r} U {x}a: = % + kﬂ'}

1 9.33 fEHFE tanx 4+ tan2x — tan3x = 0

fig: FEOFAERI S A tan 3z(1 — tanz - tan 2x) — tan 3z = 0
fEfdifs: tana - tan2z - tan3z = 0, HILEE:

tanz =0 8{ tan2x =0 B tan3z=0

k k
i tanz =0 15 x = km; Elﬂtan?a::()ﬁax:g; Ehtan3:c:0ﬁ%'cx:§

LR AR AE B b, A5 AT RE I AR 250, ANE] 9.18 B,

tanx:OE’\Jﬁﬁm:kﬂ':?)k-gE{x|tan3m:O}:{x|x:k‘-g}
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tanxz =0 tan2x =0 tan3xz =0

A
A 4
A 4

-
O Q
\

y

L, b b
x=km fo xig
P 9.18

¥ tan2z =0 H‘Jﬁﬁx:k‘g o, Mk =2n+ 18, fff tanz EAMEE,
W Y k= 2n H,

a::mr:?m-ge{ﬂx:k-g}:{x|tan3x:O}

B, PEROTEROIERE {ale = k-3, keZ]

Bl 9.34 fEFE sinz + tanx = secx — cosx

fift: Wil R DA cosz, 183 sinzcosx +sinx = 1 — cos? x #T, FEEUAF

=N
Jm

sinz(cosx + 1 —sinz) =0
L5
sing =0 B cosz+1—sinz=0
H sinz =0, 18 v = k.

i sinz —cosz =1, ZEH sinz —sin(90° —x) =1, H:

2 cos45°sin (x - %) =1

H sin(x—g) —\éi
A5 :

l
r=—+2kr B z=Q2k+1)r



404 BAE RZA BN R = AR Rk

XA, FATHEMTTRERSE] 3 4

x=km (9.1)
T = g + 2k (9.2)
r=2k+ 17w (9.3)

WA {z|lzr =2k + 1)r} C{zlr =kr}, L z= g + 2k ffi cosz =0, HFILXF

F oo XL, R tan o % sec ToE L, AR « = gmm
R, AL, FRAROFRIRER {ole = kr, k € Z}.

Bl 9.35 fE5FE sin Tx = sin bz
fig: MRk 1 FBWL, 15 sin7x —sinbx =0, FIHMZEMF ARG
2cosbxrsinx =0

1L AT

cosb6r =0 8 sinz=0

H cos6zx =0, 15:

6x:g+k7r
™ ™

tH sinz =0, 8: z = k.
FrsR T FE RS 2
{x|m:f—2+k‘%}u{x|x:lm}
ik 20 R MBS RAA
Tr=5x+2knr B T7x=m—>5x+2kn

B 7z = 5z + 2km 18 2z = 2kn, W z = k7.
M 7r=m—5x+2kn 15 122 = 7w + 2km, FIH: x:%—i—kz-%
HEREE 2

T
{Jv‘x:kw}u{x‘x:EJrk-

<]
—

FAMAFEN 55— PR A5



FAY REEM=ATAR 405
(=) asinz 4 bcosz = ¢ RN FE

BRI SIARBA o, WERERPRRDA Va? + 0%, 133

a b c
sinz + cosT =
Va2 + b2 VaZ + b2 Va2 + b2
a b

4 cosp =

W’ Singp = \/ma EE/'\J_\:': (a7b) %EE@%BE%&% 2 7\%
SILSIRS, T tan = © Ktk o M1, FRETET S

Cc

N

sinx cos ¢ + cosTsinp =

C

Ve

B sin(z + ¢) =
it

x + ¢ = 2km + arcsin

C
ViR
9

C

ViR

x4+ ¢ = 2km + m — arcsin

H1 32

r = 2km + arcsin

C
Vet 7
i

C

Vi *

¢ <1, H
vare b M

x = (2k + 1)m — arcsin

2

<1

BHE: TR R ELFEA 2R P A o S

HIASE] o +b° > ¢

)

#l 9.36 fiRHFE —v/3sinz 4+ cosz =1

filt: EOTREBIARRLA /(—V/3)2 + 1 =2, 135
V3

1
—TSinx—l— §COS$ = 3

A cosp = —

| S

1 e
<0, singp= 3 >0, W e 2528 A,

arccos v3 arccos m_om
= B — =TT — —_— =1 — = —
v 2 2 6 6
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T2, EITREH

. o Y
smxcosf +cosxsm€ ==

A : sin<x+5ér> :%.

o7 T . 5% T
$+€:2k”2+8 19 $+€=2k7r+(7r—g)
I aCz2liz7r—?7T ]z =2km.
O R A 2

{x}x = 2km — 2%} U {a:|:r = 2k77}

¥l 9.37 fEHFE 2sine — 3cosz = V13
i JrREPIAGLA /22 + (—3)2 = VI3, 155

isinaz—l—(_?))(J‘osac—l
V13 V13
2 -3
Aocosp=——=>0, sinpg=-— <0 N o 25N 1, HH tanp =
L osp = = Y= 75 @ EFIULIR Hi tang

—%z—L&%%ﬁﬁwzaMmm45Mv%WBZ?%Eﬁ%ﬂ%&
sin z cos(—56°18") + cos zsin(—56°18") = 1
B sin(x — 56°18') =1, Hk:
z — 56°18' = k - 360° + 90°
x=k-360° + 146°18’
JE R RSESE {x]|z = k- 360° + 146°18'}.

SR R tan D & sine Al cosz AR (TTREAR),

2‘68,[1E 1—tan2£

sinx:72$, cos,:g:ig3
2 2

1+ tan 5 1+ tan 3

B, —v3sinx +cosz =1, A[EA
—\/§-2tan§ 1—tan2§

T T —
1+ tan%? = 1+ tan? =
+an2 —|—an2
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daaEe

Jim

2tan2g+2\/§tan§ =0
2tang (tang—i—\/g) =0

tangzﬂ 19 tanf—i—\/g:()

Hﬂtangzoﬁﬁg—kﬂ o oz =2kT
5] tang = V3B =kr+ arctan(—\/g)
27
— 9% 2(——)_21: _T
T ™+ 3 ™ 3

N T REAS 5 18 tan = RRFE SR © = (2k + 1), FTRAH 7 g2 30k

AL ZR.
JET e A2

{ole = 2bn — 2x} U {ale = 24m)
FHBLEI (1 9.36 55 HRAIF.

BERh5 ey sing il cosg B IRFIRFTFRE, Bl —v3sinz+cosz = 1,
CIES)5

_ L oosE 2l 2% x 2 T
2\[51n2c052+cos 5 sin 2 cos? 2+bll’l 5
118k
—2\[sm§cos§—251 32: 0
—2sing(\/§cosg+sing =0
Ehsingzo, %?U;:lm, o ox=2km
H \/gCOSE‘FSIH LA cos E
2 2 2
\/§+tan§:0
tan% _\/§
T T
ek — =
2 "3
2
:1::2/’€7r—?7r
T R AR 2

{x|x = 2k7r} U {x{z = 2km — gﬂ'}
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FHARE5 S 51 9.36 55— FhEEAE.

BT A IR

L f(2) 1 [a,b] EENLELSE HATTARAT—A = € (a,b), f(z) # 0,
W f(z) 7€ (a,b) ELAFAIREAF

UEW]: JHSGIEE, Bk f(2) 7 (a,b) WIEA MRS, RIFFAE 21 Al 2o 3
R a<z <xzp<b B f(z1)f(22) <0, TRAREES KEPEMEERE, W77
FE—ANT 20 Al zo ZIEHER ¢, fifG f(c) = 0. XANCRIAME: XL
—Az € (a,b), flx) #0FJE, WL, f(z)7E (a,b) WHRFFHIFARZ.

FAT2E BUBERA AR Y 5K A~ PR A 2 X

il 9.38 AR sinx > a

fig: A0, {bh sinx —a >0
¥ f(x) =sina —a, f(z) 2FEWET 2r WEEL BHTREREST A

71'371'

H%%EH[ }W%ﬂ) s

T 3w

L%HM<L*H@T[2

fif 2

]WMiﬁ wm—aT[ }wm

r1 = arcsina fll z9 =7 — arcsina

ErZahimfe Oz B, sl 9.19 Bl 9.19 Fifh:
M arcsina < & < 7w — arcsina B, f(x) =sinz —a >0 {7 ;
J:‘]—g<x<arcsmaj7r—arcs1na<:c< i, f(z) =sinz—a <0

W, I%iﬁM<IM%é,mw>aE[7T%]W%%ﬁﬂ%ﬁ

arcsina < r < m — arcsina

HT f(z) =sinz —a 2% T 2r K%L, KL sine > o B—YI#H
JEAAE:

2km + arcsina < x < (2k + 1)m — arcsina, k€Z



T — arcsina y arcsin a
a/'\
Y x

K 9.19
2. %5 a > 1, MXFFAHT 2 € R, H f(z) = sinz —a < 0, H, AR
sinz > a A

3. # a < =1, WXHFAEM = € R, H f(z) = sinz —a > 0, Hilt, A%
sinz > a HIRGERIHEE R.

B2z
1. %Y Ja| < 1K, FrsRAEFMRERS

{z|2km + arcsina < x < (2k + 1)7 — arcsina}

2. Y a>1H, IrRASEWRERSE 0
3. Y a< -1/, FrRAEXIMEERTHE R.
B 9.39 EAZER cosz < a

fig: BT, 1A cosz —a <0
¥ f(x) =cosz —a, f(z) ZEMET 2r %L, BITRERKEST A
SR X E] [—m, 7] WY f () BFF5

1. % la| <1, f(z) = cosz — a {£ [—m, 7] NHIfEZ

x, = arccosa Al Ty = —arccosa

R 2 mAE AR B, i 9.20 HLIE 9.20 BHFEH:
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2 Y

arccos aq
a

— arccos a \

Kl 9.20

M arccosa < x < 7 B —7 < x < —arccosa i, f(x) =cosz—a <0
WAL, T HAER S, XA f(z) = cosx — a WY JEIARE 27, FTPRA,
cosz < a W—YIfE, WL

2km + arccosa < x < (2k+ 1)m (9.6)
1
(2k — 1)m < x < 2km — arccosa (9.7)
X(9.7) R PAG I
(2k + )7 < z < (2k + 2)m — arccos a (9.8)
¥ (9.6), (9.8) &N
2km + arccosa < x < (2k 4 2)m — arccos a (9.9)

i, 75 |a| <1 8396, cosx < a W—YIfEHE (9.9).

2. % a > 1, WX TAEAT 2 € R,  f(x) = cosx —a < 0 o7, H, R~
K cosz < a WIARLEZLELE R

3.4 a < =1, MXTAEAM z € R, F f(x) = cosz —a >0 Hr, BHik, K
R cosz < a WHE.

B2,
L Y Ja| <10, FERAEXMRER

{z|2km 4 arccosa < x < (2k + 2)7m — arccosa}
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2. Y a> 10, FreRASERWREZSSHEE R.
3. Y a< -1, FRAEXNMEERSSE 0.

B 9.40 fRARZTL 2005222 < 1

s BT, AL cosdr < 0. i f(x) = cosdr, BRIVIHT 2 = 1
H

s s, T3

f@) = cosda 12 |0, 5] WIS T, T

3
E?j‘g,ﬂ;‘|0§$<%ﬁﬂ“,f(x):cos4x>0;”:ﬁ%<m<§lﬁ,

f(z) = cosdx < 0; ”:‘IZ%T<IE§%HHL, f(z) = cosdx > 0.

cosdr <045 [0, 7] MEGHAHIRIRRAIE: & <o <

8
2 () B 2.
cosdx <0 Eﬁ#@]ﬁﬁfﬁ“ﬂ <At

Tin-Z< <3—7r+z (n€Z)

2cos? 2z < 1 RS Z

cos2x +cosx — 1

Bl 9.41 fiEAEK >2, (0<z<2m)

Cos 2x
fR: I, HBF cos2x = 2cos’x — 1 fLATE

cosx(1 — 2cosx)

>0
2cos?x — 1

R E A R AR cos2z # 0 (B 2cos?x — 1 #0), WIIELA (2cos” —1)2,
153 A

cosx(l —2cosz)(2cos’z — 1) >0

1 1
COST + —= | cosx | cosSx — = COSx —
(s g (o)

R A %ﬁﬂ)%?SWﬁ¢mﬂmfin,

V2
I

Hl

l\D
N——

1
-7 <cosz <0 (9.10)
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£l
1 1
- <cost < —= (9.11)

2 ¥
B, f(z) =cosz(l—2cosz)(2cos?x — 1) < 0.
MY cosx FEXIE] [0, 7] P2y, FEXIE] [r,27] P2y, BrbA
AEEX (9.10), 15 (B 9.21):

E<m<3—ﬁ 5—7r< <31

2 4 1 -7
AR (9.11), 15 (& 9.22):

Tea<l oy T

4 3’ 3 577y

P, JEASEAEXE] 0 < 2 < 2 IR

{eff <= < FUfelg <o < THULlT <o < FHU LT <2< )

o
| §
8
w3
=]

37 Er

2 3

921 Bl 9.22

2 9.4
L. R RA e
1
(a) sinz = \gg (c) sin (az + %) =3
(d) sinz =0

(b) sinz =1 (e) cosz =0
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(f) cos(x—f—%):% %) cot%—lz()

™ V3
(g) cos |z 4+ — ) =——— T
O
(i) tan (x—i—%) =-1 (1) cotz =0

2. fERHIR IR (IR =MREAT S 3R & T FER ) -

(a) sin2z = 0.7 (e) sin (a + g) =0.1
(b) COS% = % (f) cos <2x . 1%) ~0.85
(c) tan3z :13 (g) tan (g + %) — é
(d) COt% 1 (h) cot(2rx — 1) =2

3. AR TR

(a) 2sinx+1+1:O (c) 2sin®z —3sinz4+1=0
(b) 4sin*4x —3 =0 (d) tan? 3z = 2tan 3z
(e cotz(g—%)+3cot<gf%)f4zo

)

(f) 4cos’z +sinz =1
(g) tanxz +5cotz =6
(h) 2cot 3z +tan3z +3 =0

4. a,b,c WA ALK, R asin®z + beos® z = ¢ AR
5. fift Ny R

a) sinz(l+42cosz) =0

b) sin2xcos3x =0

(a)
(b)
() co <2x + §) sin (3x . g) —0
(d) cos5z(1 + cos 2z) = 0

)

)

(e) cotz —cosz =1—sinx

(f) 14 sinxzcos3x +sinz + cos3z =0
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cos T
=2—tanx

()

& 1+sinz
(h) sin3z - cotx =0

6. i oI TTRE:

a) sin3z = cos3x

(
(b

sin? 3z = 3 cos? 3z

S E REAIKSHEZAFZRYMRE

(¢) 5eosz + 2sinx = 5 cos x cos 2z + 2 sin x cos 2x

(e) sin?z + 5sinzcosz +4cos’z =0

(f) 3sin*z — 7sinzcosz + 6cos’x = 1

sinz + 2cosx

(g sinx — 2cosx

2sin?x — 4cos?

(h)

)
)
)
(d) sinztanx 4 cosz - cot x = sinx + cos x
)
)
)

sin® z + 3sinx cos z + 6 cos? x

a?sin 2% + b cos 22

7. a,b W2, TR

=1 Hf%

8. A& TR

b2sin’z + acosz

(a) sin3x cosx = cos 3z sinz

(b) cos 7z cos 3z = cos 4x

(c) sin <g - a:> cos 2z + sin(2z — 7) sinz = 0

3
Q) si
(d) sin 5

(e) tanz - tan (3:6 — Z) =1

f) si = -
(f) sinzcosx 1

(g) sin(34° 4 z) sin(56° — x)

4

(h) cos*z —sin*z =1

-z T
5 Cos (f — 39(:) = cos(3x — ) cos

3T+ x

V2

1
(i) cos? (z + 30°) — sin? (x 4 30°) = 3

() sin (2 + 75 ) sin <25” _x> _ \f
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2z
(k) sm( 7):2cosx e
6 () cosx —sinw
(1) 1 —tan®z = 2tanx tan 2z (q) sindxr = 2cos’z — 1
(m) 2cos2z = Tsinx (r) sinxcoszcos2z = 3
(n) sin2z + v/2sinz =0 (s) cotx —tanx = tan2x
x T
_ t) 2 —sin = = 2cos =
(0) 2sin®x 4 sin? 2z = 2 (t) sin 5 cos g

9. AR TR

(a) sin2z = sin 3z
(b) cos (2z + 15°) = cos (4o — 15°)
(c) tan (g + 300) = tan (2z + 60°)

(d) cos3x = sin <a: - %),

(e) tan (g - :v) = cot (% + 3:13)
(f) sin2z = — Sil’lg
(g) tan 3z + cot g =0

3 1
(h) sin3z + \Qf sin 2z = 5 c08 2x
(i) cosz —sinz =1
1
(j) cos(2x +15°) + cos (22 — 15°) = 3

(k) sinx 4 cosx = Q\fsmxcosx

(m) 2cos (x4 20°) cosz = cos 40°

(n) sin (236 + 118) cos (23@ — g) = 7%

)
)
)
)
(1) sin3z cosx = sin 7z cos 5z
)
)
(0) sin (z + 15°) sin (z — 30°) = sin (50° + z) cos (85° — z)

10. AR TR

(a) cosTx + cosx = cosdx (d) 1—cos2z =4sinz
(b) tanz + tan 2z = sin 3z cos (e) sin2z + 2sinz = sin g

(c) cos8z + cosbx = /3cosx (f) sinx 4 sin2x 4+ sin3x =0
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(g) cosx + cos2x —cos3x =1 (i) 1+ cos2z +sinz = 2cos2g

(h) tanx + tan 2z = tan 3z

11 RIS IR
(a) sin® (z + 10°) — sin®x = %sin 20°

(b) sin®z + sin® 22 + sin® 3z = g
(c) cos?x + cos? 2z + cos? 3x = 1
(d) sin?2x + sin® 4z = 5
(e) V3cosx +sinz = /3
(f) 4sinz 4+ 3cosx = 2

g) sindx +2cos2x =1
h

(i) (4sinz —5cosz)? —13(4dsinz — Hcosz) +42 =0

(8)
(h) 5cos(2x + 18°) — 12sin (2 + 18°) = 13

12. AR

1+tanx

— =1 in 2
(a) T tengz + sin 2z
(b) BT 9 cota

1+ cosx

(c) sin2z = cos2z —sin®x + 1

(d) (cosbz + cosTz)? = (sin bz + sin 7z)?

13. #XT o WHFE sine + V3cosz + a = 0 FEXENAMRE M o, 8. iR
KEE o WBUETEREIF tan(a + 3) WI{E.

14. R Ro TR

1 T

sinzsiny = —= TH+y=-—

(a) 4v2 (b) 4
tanx-tanyzg tanz +tany =1

) sin(2r +sin®y) =0
c
r —3sin’y = —2

15, fFAIG AR S
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AT ZAREXME i

(a) sin(27cosz) > 0
(b

lgsinz < 0

)
)

(c) cos?z + 7sin®z < 8sinx cos

(d) 2cos? (x + 30°) — 3sin (60° —z) +1 >0
)

(e sinx + \/gcosx > 1
16. KR A48 R 2 Xk
(a) y = % (¢) y = vomz

2x

(b)y:arcsin1+x2 (d) y = VIcoor =3




Bt AREBRBC SRR

BN AR
RSB, CLEBIRECRAG E SO A IE R B 5] <51

B, CIE. R0, ARSI AR, FATIRZGEST 1R T U PR A 4]
ok

TRBAEABER Q N, BATA N IHHEBOR Y E

a"=a-a-a---a, (neN)
A
n At a
a’ =1, (a #0)
1
L 0
a am’ (CL# )
an = Yam = (Ya)", (a >0, m,n € N)
m 1
a n =, (a>0)
an

R b 5, FATHESE = Bk T IR a A b B4 BRAS BRI IR 1
JaX =gy eC RNIE

ac-a? = a*tP, ()P = a*?, (a-b)* =a”-b"
BEH o, feQ.
XEE—R, BB a” (a > 0) MTALEABE « #WAZELT. HANEE W

PRSRER L, XA BRBCRAT ET AT UR) =BT, R TR 2 B X R R
R E R

418
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=3
A

FET

419

L #Fa>1, BHEH x>0 8, W a®>1, 5B« <0 &, N
a® < 1.

2. ZM0<a<l, HBHEHE z>00, W a®* <1, ¥H5HEE v <0,
nm a* > 1.

UEW]:

1. #FHa>1,

(a)]‘&x:@>0, (m,nEN),)rllJaz:a%: Jam, HAHK a > 1, BF
RS ) , X
R s e) , RP

Dh > (REBRHC f(x) = o £ [0, +oc

Vam > 1 (FEEL f(z) = an 1E [0,+00

a® > 1.

(b) x<0,z=—x1, (1 >0), MO<a®=a" =

a® >1).

2. H#0<a<l,

1
Ak = —
(a) K a -

(b) K z<0,z=—x1, (11 >0) ] a* =a " =

1

,a1>1,)r!IJ“:‘1:1:>O,a$:<

— =

1 xT
ai

a®1

1

=—<1(

ay

>1, (-

a®t

<1, (-

aji > 1).

a”™ <1).

PERT 1 L R 3 o > 1, AHEHEEREL y = o WER B/
SAEA BRI DIk TR ID 93 24 0 <a < L W, y = a® MRS ERYR
TEATRUR R I8 T A IV 93853 (181 6.1).
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L #a>1 2 <z, W a™ <a™, BREKRT 1 WA EFEEREL

a® IR

2. H0<a<l,zy <mo, W a® >a*, BREUNT 1 WIESUR AT
FRBREL o 2T

WEW: 2 a>1F 2 < 20, EA

a®?
a®? — %' = g — 1) = g* (aIZ*Il _ 1)
a®t

HH xo—21>0,a>1, FrPA a®7 2 > 1, ¥ a® > 0. JHI, a®2% >0,
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5
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10.2 PR, HERAIAGEH —FESAW AL e m bk, FoRE « Bt
BT, o BATEN, WINFEA IR B R b, g, T4
R R A B R B SRR PR AR BT 4, 38 24 45 TP AR ACR A T S AR ek
Boe R _EARALEEE.



LA R AR
(a) 253/2 . 84/3

(b) (0.09)%/2 + 64%/3 4 0.125%/3 —

(c) 6415 - (32)04 = <295>—3/2

@ Gé) o (52 0.2 (i) 3>2
-0
() (vV2)'* + <11 + \5/5> o

5-0.8
(&) [(i)

1 »
. [4 (0.027%/% + 15 x 0.0016%/* + 1)]

16-3/2

—-0.5

_ 7.5(\/41)2 — (72)74 | 81025

(1) 6 |:\/§ (\/§+2\/§+ 312/2>:| % (31/2+21/2)—2 % (3714_271)
G) #Ha=2+V3)™, b=0C-V3) LiHE @+1) " +Ob+1)!

2 AT R



2 BHE ARSI O

(a) b'/2p'/3 (d) b=2/3p3/5;
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BIGUER: (ab)? = a® - b2, HiHE a > 1, b > 1 iIHIE.
a>1,b>1
ab>1, T4

a’rh = (ab)rn < (ab)ﬁ < (ab)S“ — a*" b
(ab)®™ — (ab)™ — 0
HIt, (ab)® =lima™b™ = lima™ -limb™ = af - b°

il 10.1 1. 10V2.10V3 = 10V2+V3

) 2 1 V2 2 )
2. [(\“‘/i)\/g] —03X2V2xT5 _ 9% — /g
V2
v\ 2
3, (5—@7@@22) _512ps = @ ;/5

=N JiRBREL
SEE EATHE AR, SR AT B SR« EA E S IR B R R
FiRRY,  XHf(z)=a® (a>0, Ha#1)
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(logy = + log, y)

N

10. SRUESF LB 25 I A B4 A7 22001

11 AR HHS, BERA Y 2, TECH 10, WERATHA 2 SRR EA
I 25, SRiX 25 LA B Al

12. %)
1¢ 100, 1g (100sin %) Ig <100$in2 %) e (1oosin”*1 %)

2 DI R ERCR? TR RORE (X HH 1g2 = 0.3010).
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ST AT AR BT RE f(2) = g(z) K.

-t F—x | T 1
Bl 10.3 R AL 57 - 50° = T000(105 1) 3
1061—3
fit: SRR (571 50)7 = — o, B
107 = 10%7°

HTES a=10>0 H #1, 53]

6
=50—-6 = ax=-
x x x 5

s {°].



FAF ARG HTE ”
Bl 10.4 fif 7R 173" +o—2 — 1
1730 a2 _ 170

TR RR B BBR N, 55

322+ —-2=0
Hilt
2 1
xri1 = — To = —
1 37 2

s R {12 ).

L AEHTBI of ) = b9) iR R

K (a>0,0>0,a#1,b7#1), —HPHRIBHE T AR,
#il 10.5 f#EHHE 17° = 300
fif: POLECH XA, f9)

xlg17 =1g 300
_1g300 _ 24771
T lg17 T 1.2304

~ 2.0132

5 10.6 fEHFE 52 — T2 —35-52*4+35-7"=0

firts T REARART R 72(35 — 1) = 5%2(35 — 1)
PIIBR DA 34, 155 520 =7°
LI oA

2¢xlgd =xlg7
x(2lgh —1g7) =0

2lgh —1g7=1g25 —1g7 # 0, Sz =0
Wi, RS {0}



440 F+F R BHE AR
ST o IS T, @), (Lt O
w107 it (V2—V3) + (V2 VB) =4
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=
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2. PSSR0

(a) 372 437~ =28 (f) 3242 4 9*+1 —810=0
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(a) lgaz >3 (f) lgz > 21gx

(b) lg(—z) >3 (2) log1(3z —5) <3
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() lgz < 2lgx () 1g(3 —2) — 1 >1g(2 — )
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1
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